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PRAEFATIO.

Prueter codices solitos PBF Vb, quos ipse contull,
nisi quod cod. Bodl. B ab initioc usque ad finem
definitionum alt. p. 136, 19 beneuolenter conferendum
suscepit G. A. Stewart, u. d. Oxoniensis, in hoc
libro X uti mihi licuit pahmgsest o cod. Musei Britannici |
Add. 17 17211 11 (L), de quo, cfr. uol. IV p. YVI; continet

X prop. 15 p- 44, 12 perpsjose ad finem prop.

X prop. 16 p. 46, 2 (uéye)Bog — p. 46, 8 G
p. 46, 17 (pe)rgel ad finem prop.

X, 16 lemma p, 46, 28 -pov flleimov ad finem.

X prop. 31 p. 92, 19 (ué)oee ad finem prop.

X prop. 32 totam.

X prop. 32 lemma ab initio ad p. 96, 20 Gle.

X prop. 80 p. 240, 9 dvverdr ad finem prop.

X prop. 81 ab initio ad p. 244, 10 Omd,

X prop. 112 p. 358, 19 B4 ad finem prop.

X prop. 113 ab initio ad p. 362, 19 obrwe.

In appendicem hie, ut semper, ea sola recepi, quae
in uno saltem meorum codicum in textu legebantur;
quare in mea editione quaedam eorum, quae Augustus
in app. V habet, frustra guaeras; sunt enim scholia
marginalia, quae in uol. V suo ordine edentur. Pro-
legomena critica quominus uel huic uel quarto volumind
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praemitterem, sicuti constitueram, prohibuit ratio scho-
liorum, quae quinto uolumine comprehendentur. nam’
cum inde non pauca subsidia ad codices aestimandos
peti posse uiderem, statui iis demum editis ad pro-
legomena illa adcedere.

Serib, Hauniae mense Nouembri MDCCCLXXXY.
I. L. Heiberg.
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o, Zdppevon peyédn Adyerar v v avtd pévoe
petgovueve, aovupEree Of, av undly wddyeren
xowwov pérgov yevisdei
. B. Ebdetar dvvape: 6vppetool slow, oray vé an’
adrdy veTgdyove TH avrd ywoelp peroiitar, AOUR-
pergor 04, Orav volg an adrdy Tevpapwvoig undiv
fvddynrar yoplov xowdy pérgoy ysvicda.

y. Tovtov Umoxsipévorv delxvurar, 0w tff mgove-

10 deloy evPely Tmdgyovary evdsior mwArdel dmetgor oVvu-
pergol vs xal acuppsteor ol pv wixer povov, af Ot
xel Svvdust., xadelodo ovv 3 plv mootedeica evdeiv
6777, xal af tavry evuusrgor elte prxe xal Svvdus
elte Svvdper wévov fnral, af 0% vavvy dovppsroor

16 &ioyor xnisloBmcay.

¥. Kel ©6 piv amd vijs mooredeiong evdslug vevod-
yovoy ¢nrov, xal ve rovrp ovuperge ¢nTd, T O
Tovrp dodpustga Gloya xalsloBo, xal al dvvdpsvar

Ad deff. cfr. Hero deff. 128—129, Anonymus Hultschii p. 256,
Martianne Capella VI, 7i8.

Ednleldov ovocgrioy v PV, Edwleldov ororyelor tig Fénvog
éxdooswg © F, Evxileldov grouyelov ¢ tiic Séwvog #xdddews b.
1, Ggou] om. PFV, 8po: o6 ¢ b, Ggo6 ro¥ T B. numeros om.
codd. 6. Ante ovpperpos ras. 1 litt P. 8. dvdégsTen b,
9. mooovedeioy b et e corr. F.  10. Post eéfslx add, Theon:
Tovréany dg 1'13 Péeer Ta pirga T4 s myyvaioy xel 0 wo-
hawTiviny sal 76 dextvliniov 7 ©é nodiaiov laufdvezar (BF Vh).



Liber X,

Definitiones.

1. Magnitudines commensurabiles uocantur, quas
eadem mensura metiri licet, incommensurabiles autem,
quarum communis mensura inueniri nequit.

2. Rectre potentia commengurabiles sunt, ubi qua-
drata earum eadem mensura metiri licet, incommensura-
biles autem, ubi nullum spatium communis quadra-
tornm earum mensura inueniri potest.

3. His suppositis demonstratur, rectas numero in-
finitas esse datae rectae commensurabiles et incommen-
surabiles partim longitudine tantum, partim potentia
quoque, iam data recta rationalis uocetur, et quae ei
commensurabiles sunt sine longitudine potentiaque
sine potentia tantum, rationales, quae avtem ei in-
commensurabiles sunt, irrationales uocentur.

4. Et quadratum datae rectae rationale uocetur,
et quae ei commensurabilia sunt, rationalia, quae autem
ei incommensurabilia sunt, irrationalia, et rectae, quae

xlfqﬂu] om. F. ovgpergol v xod] sapra ser. m, ree. P. 11
povor, «f 8] om. Theon (BFVbh). = 12. Post duwduse add.
Theon: «f 8% qupn povoy (BF VDY), npoorefeion b et e
corr, F, 14, wppswoc b, corr. m. rec,; deinde add. Theon
#ove TO auwmpmpov (owv- om. b), toveéeny (nal del. F) prnes
sl Svvapee (BFVD); idem P mg m. 1 pro scholio.  16.
xgootaBeiong b et e corr. F. 17. 611:03] om. F, 18. Ante
&loye add. xete o svvepgoregoy F; idem P mg m. 1 pro
scholio. xodelo@oony Theon (BFVb).
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adre &Aoyoi, & udv tevgdyave sy, avral el whsvgal,
&l 0% frepd Tive e08Vpgapun, af (6o alvois Terodynva
dvaypapoveaL.

L3

o

dvo peyedav avicoy fuxapfvov, éxv ano
ot weifovog apuipe®f petfor 1 vé fuiov xal
toil xatalsimoudvor pslfov 4 16 Huiev, zel
TovTo d&l ylyvqres, AswpPioeral vi péysfog,
0 fotar Fladdov oD éxxsipdvov éAdadovog pe-
yédovs.

"Eeve 0o peyédn &viee v AB, T, v peifov vo A B
Aéya, 8ti, dav dmd ToU A B dpuigedi] peifov 7 vo fjuov
xal voU xeraismopdvov pelfov % ©O Tpiov, xal TovTo
ael plyvnras, Asipdjostal v udysdog, 0 Eorwr EAegeov
rov I' ueyédous.

To I' pop mollamiasiafopsvor Eovar mork tov AB
psitor. memollamudodado, xel forw vo AE vot piv I
woAAewhiaiov, voi 0% A B uelfov, xal dinerjedw to 4 E
elg ta ©p I' low v& 4Z, ZH, HE, »ol agngijode dxd
udv ot AB psttov 4 ©d fjuev 10 BO, amd 0% vod 460
petfov 1 vo Huwiov 76 OK, xal rovro d&l pyvécdwm,
Ewg dv of év 1 AB Swmpéacy loomindely pévovia
tals &y 1 AE Suupéoeoiy.

"Eeoroeey ovv of AK, KO, OB dwupéocg igomiy-
sy ovews taig AZ, ZH, HE" xoi nel pelfov o v
AE ot AB, xul dorjeyra axd pty rov JE Eadbov
voi ypicswng 10 EH, axd 8k tov A B psifov 1 ¥d fuiov

1. &loyu V, corr. m. 2. Deinde add. xelslcfweey Theon

(BFVh). 2. loa . b. funspévar] ante dvicoy add. B
mg. m. 1, 8. &el} alel F, del &v V9  ylvmron V (7 e corr),

“{rxfirafz b. Anpdreeron Vh, 9. Z¢mv Theon (BF VD).



ELEMENTORUM LIBER X, b

quadratae iis aequales sunt, irrationales uocentur, in
quadratis ipsa latera, in ceteris figuris rectilineis eae,
ex quibus quadrate illis aequalia construi possunt.

I.

Propositis duabus magnitudinibus inaequalibus si
a maiore plus quam dimidium subtrahitur et a re-
liqua plus quam dimidium, et hoc semper fit, magni-
tudo relinquetur, quae minor erit proposita magni-
tudine minore.

Sint duse ‘magnitudines inaequales 4B, I', quarum
maior sit 4B. dico, si ab 4B plus quam dimidium
subtrahatur et ab reliqua plus quam dimidium, et hoc
semper fiat, magnitudinem relictum iri, quae minor
sit magnitudine I

Nam I' multiplicata aliqnando magnitndine 4B
maior erit [cfr. V def. 4]. multiplicetur et 4 E magni.
tudinis I" multiplex sit, eadem autem > AB, et 4E
in partes magnitudini I" aequales 4Z, ZH, HE diui-

X 0 r datur, et ab 4B plus quam
4— B 1 dimidium subtrahatur B®, ab

Z H A0 autem plus quam dimi-

a : ' 1 dium @K, et hoc semper fiat,
donec in 4B totidem divisiones ﬁant, quot in AE.

Batrov F.  tod]om.V?  dynsspévovb. dldsrovogF. 12,
o7 8w b. 18, nod — Fuiov] om. P weed] (prius) sel dwo V. 14,
alef F.  yiyvezar V ylvqrar b, inpjoctae V.  douw V,

flatvov P, 16, yuq] dpa F. AR peyéidovs Theon (BFVD).

19. &) m. rec. B m::o] om, V. 21. ywécho P. 28,
teedg] COIT. X Tt I, rec. b, 24. otv] om. b. dergiaig Py
sed corr. 25, HZ F. {ouy F. 26. ro¥] {alt.) post ina.
m. 1 F. 27. nyt’aeog b, 7ploovg V. 6] corr. ex rob F

% 16 fpeov] gov fuloews F, tod fplecog BV,
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o BO, dowoy dpa 10 HA Aowmov toU @A ueildv
foviv., xal émwel pelfov dove vo HA vov O4, xal
apronros vob ptv HA fuiov vd HZ, 1ot 0t @A peifov
% ©0 fusev 16 @K, Aowmdy fpa 10 dZ Aowwot tot AK
petbor domw. loov 6% ©60 AZ v I' xel vo I' dga
rov AK psifov édorw. Flacoov dgo 10 AK tov I

Karadeimevor &pu amd tot AB peyédove vé AK
péyeBog EAacdov ov Tov dnaudvov ddegovog usyédovg
zov I Omep #0a delber. — Opolog 0% derydijoera,
udv fuloy 7 1¢ dpaigovusvea,

p.

‘Eav dvo pueyedov [daxsipdvorv] dvicoy dvd-
vpatgovpbrvov ael tob éAdesovog dxd Tob pel-
fovog T xavedeimopsvor pydémore xarapsrod
70 @Pd favrod, a6Vuuiron Edrar e peyidy.

Advo yep ueysddy Svrov dvicov tdv 4B, I'd wal
ghdeoovos vov A B avdvpaigovpévov del tov éidacovog
amd rov pelfovos ©d megrAmumiuevov umdémors xava-
peTpeito ©o xpd fevrot- Adym, Ovi dovpusren fovi o
AB, TA pzyéd.

El yeg dovi odpustoa, pergros v evee uéyedog.
perosito, & dvvaroy, xal fota o E' xal 10 piv 4B
10 Z A norepsrgoty Aamére Eevrot Eaddov vé I'Z,

2, foriv] comp. Fb, #ove BV. dom] om. V., 4.9 zo
ﬂpsw} o Npdozog BV D, o fplocag F. 7. xovedélecnvon Bd.
8. fynsipsvor b, iddrsovog F. 10, fplovn P, qpleze V.
Seq. demonsir. alters, u. app. 12. éxxsspévor] mg. m.
1P dv®vpargopivov V, corr. m. 2. 13, elel F. £hciz-
zovog F. 15, tt] to F, corr. m. 8.  18. xal dvrog Theon (BF VD),
17. Zldzrovoe F. avBvgaigopsvov V, corr. m. 2.  afed F.
19, fouy P, 21. fori] supra ser. -0 V. w] om.F. 28



ELEMENTORUM LIBER X. T

diuisiones igitur 4K, K@, ®B numero aequales sint
diuisionibus 4Z, ZH, HE. et quoniam A4E> 4B, et
a AE minus quam dimidium subtractum est EH, ab
AB antem plus quam dimidium B®, erit HA > @ 4,
et quoniam H.A > &4, et ab HA dimidium subtrac-
tum est HZ, a ®.4 autem plus quam dimidium @K,
erit AZ > AK. verum AZ == I quare etiam I" > 4K,
ergo AK < TI.

Ergo ex magnitudine 4B relinquitur magritudo
AK minor proposita magnitudine minore I} guod
erat demonstrandum, .

Similiter autem demonstrabitur, etiam si, quae
subtrahuntur, dimidia sunt,

1L

8i ex duabus magnitudinibus inaequalibus mingre
semper nicissim a maiore subtracta reliquum nunquam
praecedentem magnitudinem metitur, magnitudines in-
commengurabiles erunt,

Datis enim duwabus magnitudinibug insequalibus
AB, I'4 minor sit 4B, et minore semper uicissim a
maiore subtracta reli-

E H
bt Adp—-——i—— B quum ne unguam prae-
z cedentem magnitudi-
r I } 14

nem metiatur., dico,
magnitudines 4 B, I'd incommensurabiles esse.

Nam si commensurabiles sunt, magnitudo aliqua
eas metietur. metiatur, si fieri potest, et sit E. et 4B
magnitudinem Z .4 metiens se ipsa minorem relinquat

Z 4] mut. in I'd m. 2 B, m. rec. b; JZ e corr. PV. Hlaa-
sove P, sed o« del.
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z6 0t I'Z 76 BH xarousrgovv Aemérm éavrod Elacdov
6 AH, xal voito asl pwiodm, fwg o Asipdf T ué-
yefog, 0 fotwy EAaesov tob E. yepovérw, xol Atlslpde
70 AH Elasooy tot E. émel odv 7o E ©d AB petoei,
alie 10 AB 1o AZ pstost, xel vd E dga vo Z 4 pe-
Torjost. pevpel OF xal Siov 10 I'd: xal Aowmdy dou
vo I'Z pevprjoer. ddda vo6 I'Z 6 BH pevoet xal 1o E
doo to BH pevoel. pergsl 0% nal Slov 10 AB- xal
Aowmdv goa vo AH pevgnesr, o petfov o Fagdor
Smsp éorly advvarov. ovx doa ve AB, I'd pcyidy
pereriose o péyedog dovuusroe dpa éovl va AB, I'd
pepsdy,

"Eov gpa dvo peyedav dvismv, xel 14 kg

Y.

dbo uryeBav evppiromv doddviov o ué-
yi670v avTdv xotvdy pérgov svgeiv.

"Eota ta dodévre dvo ueyédn ovpperputa AB, I'd,
@y ékacoov o AB* 3t 09 viv AB, I'd ©d pépiorov
xotvdy uérgov evgslv.

To AB pap uéyedog 7wor pevgel vdo I'd 7 ofh. &l
pdv odv pstest, perosl 0t xal fevrd, 1o AB dge 1oy

1. BH] in ras. P, mut. in B4 B m. 2, in 4B m, rec.; H
ecorr V. 9 yiyvéaBo F. Anedi BVh. 8. st P. flaz-
oy ¥, tlligpfo V. 4, zej(pr)zes F. 6. Z4P. Z4
mut. in 4Z V, 4Z BFb. 8. BH] HB P.  perpei] (prius}
gsupra m. 2 F.  10. doréy] om. V. ~ 11. Post = ras, 1 litt. V,

eziy P. 13, peyeddv éxxeqpévor F.  wol ta £57g] Smep

A
E8ee deikar V (post §tng add. @@ b); Exxmpiverv dvisay gvd-
vpaigovpivoy del Tod éldodoveg dmo Tod pelfoves Té worals-
wopevoy pndfnors xatupueTel] To mMed Savtov, dovppston Eorou
ve peyédn m. 2 V, del. drviowr lin. 13, 17, fozwaasy F. avp-
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I'Z, 'Z autem BH metiens se ipsa minorem relin-
quat 4 H, et hoe semper fiat, donec relinquatur magni-

tado minor magnitudine E, fiat et relinquatur 4 H < E. y

iam quoniam E magniﬁdinem AB metitur ot 4B
magnitudinem A4Z, etiam E magnitudirem Z o metitur.
uerum etiam totam I'4 metitur. itaque etiam reli-
quam magnitndinem I'Z metietur. sed I'Z magni-
tudinem BH metitur. quare etiam E magnitudinem
BH metitur. uerum etiam totam 4B metitor. quare
etiam reliqguam A4 H metietur, maior minorem; guod
fieri non potest. itagque magnitudines 4B, I'4 nuila
magnitudo metietur. ergo magnitudines 4B, I'4 in-
commensurabiles erunt [def. 1].

Ergo &i ex duabus ‘magnitudinibus inaequalibus,
et quae sequuntur. '

IIT.

Datis duabus magnitudinibus commensurabilibus
maximam eArum MEeNsuUram communem inuenire.

Sint duae magnitudines datae commensurabiles 4 B,
I'4, quarum minor sit 4B. oportet igitur magnita-
dinom 4B, I'4 maximam mensuram communem in-
uenire. ‘

Nam magnitudo 48 magnitudinem I'4 aut metitur
aut non metitur, iam si metitur, et se ipsam quoque

petoe peyifn V. 18, flervov F.  20. péysfog] om, Theon

(BFVb),  fjtoe] m. vree. P.  21. Post od» add. =6 4B 76

I'a V. pergei] (prius) supra m. 1 B.  adzd B, corr. m. 2.
v AB, I'd) om. V.

]

Saz

Keodt
Z.4
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AB, T4 xowov pérgov foriv: =l pavegdy, Gti xol
péyiororv. ueilov yap ot AB ueyéBovs o 4B oD
UETQNOEL.

My pevgsite 05 10 AB 6 I'd. xal avBvpaigov-
uévov del roi éhdecovog dmd Tov welfovog, TO meQr-
lamdpevor pstorost mott Td mpd favrov Bk O py
slvor aovppstoe 1@ AB, I'd" xal 70 piv AB w0 Ed
xevousTovy Asiméte ifavvob Flaesov 1o EIN, 7o 0
EI' ©0 ZB xoavepstpotv Aanéro favvot EAadeov To
AZ, t6 0% AZ ©0 T'E pergetio.

‘Enel oty 10 AZ vd I'E pergst, adde 16 TE 7o
ZB uergst, xal 10 AZ Goo 16 ZB pergice. uergel
02 xol fovro® xal Jdov doa To AB pergros o AZ.
gide 0 AB t0 AE pevpsit xal vo AZ dge 1o EJ
pergnas. petgel 6% xal vo T'E' xel SAov dga vo I'd
pergel” 10 AZ apu tiv AB, T4 nowdv udrgov éariv.
Adyw 87, ot xal pdpierov. &f pag pif, Eeror Te ué-
yedog ustfov vob AZ, ¢ pergijoer t& AB, I'd. iotw
to H. énel ovw v H 26 AB pevoet, ¢ila 7o 4B
t0 Ed pevpst, xal ©6 H doa to EA ustgnoee. petgel
0t xal SAov té I'd" xal Aowmdv doa 10 I'E uergrios:
to H. dide ©0 T'E vo ZB pevgel” xel to H dgo
10 ZB usronos.. pergel 0t xal Glov 70 AB, xal
dowmov 10 AZ pevprioe, to wsifor vo Eageov' Sxep

1. gﬂfvg comp. ¥, 2ot/ Bb, ozl tav AB, T'a V. xol]
(alt.) péroor faxl V. ¢ xal] om. 'BEVD. av&vgomeuysvov v,
sed corr, m. 2; uv-ﬂ'vcpmpuywov F. b dal] doadel Vb, &ou F
om. B (dox del m. 2). 8 1t EI' — 9. flacoor] m. 2 B. 10
8t AZ) AZ 04 P. 18, prrovioss — 14, 4Bl mg. m. 1 P. 14,
Post 4Z ras. 1 lith. V. 16. pstpu] peronoec F. Deinde add
Theon: 6 AZ &oa 1a AB, I'd peroei (BFVh); 1dem m. rec. P.

dge] om. o. dort BV comp. Fh. 18. rd) 6 B, corr.
m, 2. Post I'd add, pstqstw »al V, sed punctis del.  20.
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|— At | 3 1B

I'—— ! 1.4

metitur, 4B magnitudinum 4B, I'4 communis est
mensura. et adparet, eandem maximam esse; nam mag-
nitudo magnitudine 4B maior 4B non metietur.
itague ne metiatur 4B magnitudinem I'A. et mi-
nore semper uicissim a maiore subtracta religuum
aliquando magnitudiner praecedentem metietur, quia
AB, I'4 incommensurabiles non sant [cfr. prop. II].
et 4B magnitudinem E. metiens se ipsa minorem
relinquat EI, EI autem ZB metiens se ipsa minorem
relinguat 4Z, et 4Z magnitudinem I'E metiatur. iam
quoniam 4 Z magnitudinem I'E metitur, I'E autem Z B,
etiam 4Z magnitudinem ZB metietur. uerum etiam
se ipsam metitur, quare etiam totam 4B metietur 4Z,
sed 4B magnitudinem AE metitur. itaque etiam +4Z
magnitudinem E4 metietur. uerum etiam I'E metitur.
quare efiam totam I'4 metitur, itague 4Z magnitu-
dinom 4B, I'4 communis est mensura. iam dico,
eandem maximam esse. nam si minus, magnitudo erit
maior magnitudine 4Z, quae 4B, I'4 metiatur, sit
H. iam quoniam H magnitudinem 4B metitur, et 4B
magnitudinem EA4 metitur, etiam H magnitudinem
E 4 metietur. nuerum etiam totam I'A metitur, quare
etiam reliquam I'E metitur I, sed I'E magnitudinem
ZB metitur. itaque etiam H magnitudinem ZB metitur.
uerum efiam totam 4B metitur et reliquam 4Z me-

E 4] (privs) 4E P, - 21, xef] (alt) om. V, 23. 70] (alt.)
oy P. 21, loimdr &pa F,
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dotiv dévvatov. ovx &pu peifov ve pépedog rov 4Z
tic AB, I'd pevgijoer: 10 AZ #ga wav AB, I'd o6
uépioTor xowwov pérpov dotiv.

Avo fgo peyediy svppdrpwy Soddviev tdy 4B,
T4 1o péyiorov xowdy pérgov nbgnrer Omeg &8s
deiker.

Dégiope.

Bx 07 tovrov gavepdv, du, fav pfysdog dvo ue-
yédy petoefl, xel toO pépiorov adrédv xowdv udrgov
HETQYTEL.

&,

Toiwv peyeddv dvppéroov Jodévrar o
péyietor adrdy xotwdy wirgov svgsiv.

"Eetw to Sodévra toln peyédn odppergn o A, B, I™
det 0n tav A4, B, I’ ©0 pépyiorov xowwov pergov svpsiv.

Ellrjpfe pap dvo teov 4, B vo péperov xowow
pérgov, xal Eorwm 10 A 10 0y A o I firow uergel 4
o) [uetpet]. pergslvm mpdrsgov. émel olwv O A 1o
I" perpet, usrosi 0% xal v A, B, 0 A épa v 4, B, I
pergsit to0 A dpa tév A, B, I xowdv pérgov foviv.
xal govegov, Ot xel uépiovov' ueifov yag rov A
usyéfovg ta A, B ot werpsl.

‘1. forfy] om. F. peifor] supra ser. m. 1P, w peifos F,
led corr, 2. ,usys% HETENOEL Theon (BEVD). 6] (alt)
m 2F 8 dox b, comp. 5, pérpo P, sed corr,

#Spnrae P. Deinde add. 7o 4Z V, sed punctis notat. 6.
Juﬁou] TOLHC L B et b (mg. yo. deifon), Osi deifeu F (mg. m. 2:
{1 nozr,om) P"WJ -#t in ras. P, 16. Ante de: ras. 1

1s. d‘vu] om 17. 3] m. rec. P.  18. usrgsi
om. P 19, pevoss & — 20. pergsi] mg. m. 1 P. 20, A &oa
8¢ 4 P. rwiw] -v postea add. ¥. ~ Zer/ BV, comp. Fb. 21,
uef] (alt) om, BVb. 22, uéysBos Fb. Post B mas, 1 Litt. V.

Post pezeei add. & yop (?vvm:ov pstqefrm w4, B, T pezfov
205  (ueyéBovg add. V) 7o E- xal fnel za 4, B T pEToei,



ELEMENTORUM LIBER X. 13

tietur, maior minorem; guod fieri non potest. itaque
magnitudo maior magnitudine 4Z magnitudines 4B,
4 non metietur. ergo 4Z magnitudinum A B, I'd
maxima mensura communis est.

Ergo datis duabus magnitudinibug commensurabi-
libus 4B, I'4 maxima mensura communis inuenta
est; quod erat demonstrandum,

Corollarinum.
Hine manifestum est, si magnitudo duas magnitu-
dines metiatur, eandem maximam earum mensuram
communem metiri.

Iv.

Datis tribus magnitudinibus commensurabilibus ma-
Yimam earull Mensuram communem inuenire,

Sint datae tres magnitudines commensurabiles 4,
B, I'. oportet igitur magnitudinum 4, B, I' maximam
IMEeNnsuram communem inuenire.

Sumatur enim duarum magnitudinumn 4, B maxima
mensura communis [prop. III] et sit 4 4 igitor
A . magnitudinem I" aut metitur aut non
metitur, prins metiatur. iam quo-
r } niam 4 magnitudinem I' metitur,

4 g z ¢ etiam 4, B metitur, 4 magnitu-

— — — dines 4, B, I'metitur. A igitur magni-
tudinum A, B, I’ communis est mensura. et adparet,
eandem maximam esse; nam magnitudo maior magni-
tudine A non metitur 4, B.

Bi—

xal ta A, B pevorjosr nol 16 vov 4, B péyiorov mowwdr (wowdy
peyigzov V) péreov to A4 pererigse (uergiiost 10 4 V) 10 peitor
0 flavror (Flagsor V). omep dvomoy famuy (addvaror V) Vet
mg. m. 2 B,
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My psvpsito On w0 4 o I léyw medtov, Ot
ovpustgd fovi va I, 4. émel yag evuustga ot To
A, B, I, uetonees ti avre péyedog, 0 Oniadn xel té
A, B perpiios dore xal 10 1oy A, B péyiorov xowdy
uérgov vod A peverjos.. wstost 0% xal vo I dors T
slonuévov uéyeog ustoios va I, 4° evpperpa doa
dori va Iy 4. sigpde odv avrdy ©0 pépieroy xowdv
uéroov, xol éotw 6 E. émel odw 0 E 10 A perpel,
glde 10 A v A, B pergst, xel v0 E dpa ta A, B pe-
1g1j0e.  pergel OF xal vo I. 76 E #ga v A4, B, I’
petoel” 10 E Gpa vov A, B, I' xowov dore pérpov. idyam
01}, 0Tt el péporov. & pag duverow, fotm v tob E
psibov peyePog vo Z, xal pstgsire te A, B, I xal
énel v0 Z va A4, B, I' pevpei, »el ve 4, B apa perprose
ael ©0 Ty A, B péyiotov xowdy udreov pergrost. o
0t tav A4, B pépotov xowwov uévgov dovl 1o 4 10 Z
#oo T0 A usvosl. pezoel 8 xel w0 I 16 Z dpe
ve I, 4 pergel xal vo vy I, 4 Zoa péyiorov xowdy
pérgov perpioe vo Z, fore 8t ©o E' vo Z dpa 1o E
pergrigss, t6 psifov o flacdov: Omsg Zotlv advvarow.
ot Gpo uetléy v vot E peyédovg [udyedog] ta 4, B, I
perpel* 1o E don tév A, B, I 1o uéyptorov xowov uérgov
dotly, dav uy pevey vo A o I, dav 0% peved], adro To 4.

1. 3rempdrov F. 2. fom] (alt) dorw P. 4. peveel V. B
petgrost o A F.  Post dore mas. 2 litt. V, 6. peroel V.
7. éotf] sloty P.  odv] om. BFVb, 2] m. rec. P. 8.
xef] om.F. forw 0 E] mg.m. 2F. 9, peveei — 4, B] om. F.
perpnost | pevgel V. 10. &0 E — 11. perveei] om. Theon
{(BF VD). 11. pézgov ol V. édomw P. 14. peresi] supra
scr. F.  &pa) om. BFVb. 16, B] Bdga BFb. 16, péyiarov]
m. rec P. 17. perger] (prius) corr. ex uergroer m, rec. P.
18. ref] 76 b, 19. 70 2. #0zc 8% 0 E] mg. m. 2 F; w0 Z-
10 8 16w I, 4 péyioroy nowvdy uérgoy dorlto E V. 20, pergel V.,
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iam ne metiatur 4 magnitudinem I, prius dico,
I, 4 commensurabiles esse. nam quoniam A, B, I
commensurabiles sunt, magnitudo aliqua eas metietur,
quae nimirum etiam 4, B metietur. quare etiam maxi-
mam earum mensuram communem . metietur [prop.
IIT coroll]. werum etiam I' metitur. gquare magnitudo
illa I, 4 metietur. itaque I, #/ commensurabiles sunt.
sumatur igitur maxima earum mensura communis
[prop. III] et sit E. iam quoniam E magnitudinem
metitur, et 4 magnitudines 4, B metitur, etiam E
magnitudines 4, B metietur. uerum etiam I' metitur.
E igitur 4,B,'metitur. E igitur magnitudinum 4, 8,I"
communis est mensura. iam dico, eandem maximam
esse. nam si fieri potest, magnitudo magnitudine E
maior sit Z et metiatur 4, B,I'. et quoniam Z magni-
tudines 4, B, I' metitur, etiam 4, B metietur et maxi-
mam earzm mensuram communem [prop. III coroll].
maxima autem magnitudinum 4, B mensura communis
est 4. Z igitur 4 metitur. uverum etiam I' metitur.
Z igitur I, 4 metitur. quare etiam maximam earum
mensuram communem metietur [id.]. ea autem est E,
Z igitur E metietur, maior minorem; quod fieri non
potest. itaque magnitudo magnitudine E maior 4, B, I"
non metitur. E igitur magnitudinum 4, B, I" maxima
est mensura communis, #i 4 magnitudivem I’ non me-
titur, sin metitur, ipsa 4.

I, 0 1, , ,

21. za 4, B, I" pevoei péyebog F.  péyebog] m. rec, P.  rc)

r¢ B, sed corr. ) I'y 4 (eras) peyédn V. 22 t6] (alt.)
m 2F, 23 liv] & P,
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Towdy dpu peysdodv cvuufromy dodévrov td pé-
pLOTOV R0WWOY wérpov nooyres [Omsg &0z Oetfe].

IIdgiouc.

"Ex 8% tovmov guvepdy, Ovi, ddv uéyedos tole pe-
pEédn ueref, xal vo ufpiorov edrdv xowdv uftgov

UETQNGEL,

Opolwmg 8% xel éml mlsidvav ro uépiotov xowidw
uérgov Anpdjdetar, xol T0 mépiope npoywEriOEL. OmEp
£z detbo.

’

g.
Ta covpucrpe psyidn mpds &Alqnia Adyov
Eyee, Ov agiBuds medg doLfudy,
"Egvo evppetoe usyédn vo 4, B idyw, Gt vo A
wpog ©0 B Aoyov fye, Ov agiuds meds doiBudv.
‘Enel yap avppergd éote o A, B, ustefos v avta
wéyeBog. peroefro, xul forw to I xel deduig 1o I
T0 A psvpst, Todavre povddes Eormoay dv TG A, doduig
0% ©0 I' 70 B pevoet, rocatrar povades farmoay év 1@ E.
‘Emel ovv vd I' 16 A pevest xave tag v v A
povadeg, perosi 0 xol 9y uovag vov A wevd vég v
attd povddag, lodxig Fou § povig Tov A pergel agud-
pov xel o I' uéysdog 10 A* forv oo ag vo I' meog
1o A, otrwg 1 moves mwpds Tov A° Gvdmaiy koe, g
10 A mpog v0 I, otmwg 6 4 mpog tiy povdde. mdlw
imel o I' 706 B perpel xora tag év té E povdadeag,

2. stgyrer P. modjoes B et F (supra sor. deifer). 4.
peyédm F. b, wéreov) supra ser. F. 7. 84 BVb, 8. lewp-
foevor B, Omee #05¢ deifou] om. Theon (BFVDH). 1.
foriv P. B peyidn F. 20. t6v] o Bb, 21. pergrose b,

geeBpér] om. V. 22, uef] xara F. 28, zov] w6 B.  26.
i E] corr. ex avrd m. rec. b
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Ergo datis tribus magnitudinibus commensurabili-
bus maxima mensura communis inuenta est.

Corollarium.

Hmc manifestum est, si magmtudo tres magnitu-
dines metitur, eandem maximam earum mensuram
communem metiri.

Jam similiter etiam in pluribus maxima mensura
communis sumetur, et corollarium quoque progredie-
tur, — quod erat demonstrandum.

V.

Magnitudines commensurabiles inter se rationem
habent, quam numerus ad numerum.

Sint magnitudines commensurabiles 4, B. dico, 4
ad B rationem habere, quam habeat numerus ad nu-
merum.

Nam quoniam .4, B commensurabiles sunt, magni-
tudo aliqua eas metietur. metiatur et sit I. et quoties
I" magnitudinem 4 metitur, totidem unitates sint in

4, quoties autem I' magnitudinem B metitur, totidem
unitates sint in E.

iam quoniam I' magnitudinem A secundum unitates
numeri 4 metitur, sed etiam unitas numerum A se-

4 B p cundum unitates eius metitur,

= = unitas numerum A ot I'magni-
tudinem 4 aequaliter metitur.
itaque I': A = 1:4 [V

def. 20]. e contrario igitur [V, 7 coroll.] 4:'—=4:1.
rursus quoniam I’ magnitudinem B secunduwm uni-

f———1 A
—— E

V. Alexander Aphrod. in Anal. pr. fol. 87.
Euclides, edd. Heiberg ot Menge. TIIL. %
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ELEMENTORUM LIBER X. 19

tates numeri E metitur, sed etiam unitas numerum E
secundum unitates eius metibtur, unitas numerum E
ot I magnitudinem B aequaliter metitur. itaque [VII
def. 201 I':B=1:E. demonstrauimus autem, esse
etiam A : Ms== 4:1. itaque ex aequo [V,22] 4: B— 4:E.

Ergo magnitudines commensurabiles 4, B inter se
rationem habent, quam numerns 4 ad numerum E;
quod erat demonstrandum.

VL .

8i duae magnitudines inter se rationem habent,
quam numerus ad numerum, commensurabiles sunt.

Duae enim magnitudines 4, B inter se rationem
habeant, quam numerus 4 ad numerum E. dico, 4, B
magnitadines commensurabiles esse.

4 B r - nam quof sunt in 4
bmimbet— =l—i—) 1= | unitates, in totidem par-
— Z tes aequales dividatur 4,
—E e et uni earum aequalis
sit I quot sutem sunt in E unitates, ex totidem
magnitudinibus magnitudini I"aequalibus componatur Z,

quoniam igitur, quot sunt in 4 unitates, totidem
etiam in 4 magnitudines sunt magnitudini I" aequales,
quae pars est unitas numeri 4, eadem pars est efiam
I’ magnitudinis 4, itaque I': 4 = 1: 4 [VII def, 20].
uerum unitas numerum 4 metitur. quare etiam I'

=edg didnie za 4, B V. 18. rov%: (zov) F, 70 o. 21.
rocabrar V, o eras. 22 &im] dowy oo V L eras.  23.
4 apbuod F. 6] (alt) & P, in ras V. 1:011] e corr. V.
25. J deubpdy F.  Tost povds ras. 4 lith. V. 26. xal éwel
xef V. 10] 6 P. 27. worduoy] om. P, corr. ex doduds F.

GL'*
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iy povade., midww &mel, ooa elolv dv t E povddeg,
rooubre &ai xel fv v Z lox v I, forw &oa og
10 I" mpdg 6 Z, ofrwg # povag mpog tov E [deedpdv].
eiyPn 6k xal ag v0 A meog vo Iy olrmg 6 4 mpdg
oy povada: 8¢ leov dpa doriv wg v6 A meds 16 Z,
ottmg 0 4 mpdg wov E. dAl og 6 4 mpog vov E,
obrawg dovl ©0 A medg vd B xal mg dea 10 A meodg
70 B, ottwg xal mpog 0 Z. v0 A dpa mPOg ExdTEQOV
tov B, Z tov alrov Ega Adpov' loov dpu doti 10 B
tp Z. pevpst O vo I' o Z° peroel doe xal vo B,
dAde .yt xat vd A vo I' oo ta A, B pergsl. ovp-
uergov &pe dovi vo A v B
‘Eav ége 8vo uepidn mpog sAinde, xal va &Eig.

Hépiope,

‘Ex 0% tovTov pavegov, oti, v @6 dvo diduol,
ag of 4, E, xal evdela, og 0 A, dbvardy dons moifjoo
og 6 A4 apduds xpdg tov E cedudv, olreg iy
etdelay mpog evdelav. fov 8 xal vov 4, Z péoy
avddoyov Anpdf, wg f B, fovar dg 7 A mgog v Z,
oﬁrmg 0 amo ‘E"Ij'-g A mpog to amd rﬁg B, rovréoriv
g n ::gmm :n:pog Y tph’nv, ovtmg 0 G7d vijg nqmmg
0§ TO 8w Tijg Gem'e’gag o oy,ouw xaol opolfwg dve-
yongouevov, AL ag § A medg iy Z, otrtwmg fovly
0 4 apidpog medg Tov E agududv piyovev doa el
wg 6 A doidpds mpds tov E dpidudy, ovrtwg vo dmd

1. sloiv] elol %l V. 2. zocedron P, et FV, ged corr.
goy P 7 peyidy F. fowe V, sed corr., 3. :xgb& oy
om. P. 4. zd] (alt.) zov b.  6.16] 0 B, d] tév Bb. 6. dil'
xal V. 0] postea ins. m. 1 F. ~ 7, £rn om. V. 8 xel
6 A F. 0, lowvyor P, sed corr. 11. uje] pergei P. =6 I
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maguitudinem 4 metitur. et quoniam est I''d=1: 4,
e contrario [V, 7 coroll] erit £4: "= 4:1. rursus
quoniam, quot sunt in E unitates, totidem etiam in Z -
magnitudines magnitndini I" aequales sunt, erit I': Z
=1: E[VII def. 20]. demonstrauimus autem, esse etiam
A:I'= A4:1, itaque ex aequo [V, 22] est 4: Z=4: E.
unerum A : E=4:B. quare etiam 4:B=A4:Z, Aigi-
tur ad utrumque B, Z eandem rationem habet. ergo
B=2Z[V,9). I autem Z metitur; quare etiam B me-
titur. uerum etiam 4 metitur. I' igitur 4, B metitur,
itaque 4 et B commensurabiles sunt.-

Ergo si duse magnitudines inter se, et quae se-
quuntur.

Corollarium.

Hine iam manifestum est, si duo numeri sint 4, E
et recta 4, fleri posse, ut faciamus, ut A: E, ita rec-
tam ad aliam rectam. sin rectarum A, Z media pro-
portionalis sumitur B, erit 4:Z = 4*: B* h. e, ut
prima ad tertiam, ita figura in prima descripta ad
figuram in secunda similem et similiter descriptam
[VI, 20 corcll. 2, cfr. V def. 9]. sed £:Z = A E.

wxal vo 'V, 12. docty P.  B)] ecorr. V. 13, ol tok
£§n? Adyow Eyze, 0w upz-ﬂ'y.oc mpds uet&pw, ﬂif';psrpa foto T
peyédn: Gnee Eder Geifon V. 16. 5] m. 2 sddsion F.

n 4] e corr, V. 17. 6] vy V, supra ser. m. 2 F, 4}
om. BFb ntguﬂ'pov FV. E] om. Bg‘b dg tov A agriuoy
ngog oy E a(n&pow m, 2 B. iy om. ¥, 4 P; del. m.
rec. B. 18, w-ﬂsmvg-w eras. V, sufeine P w&smv] tnv
ev&sww V et m, rec 19, Z] B B sed corr. 21. wg
Og s72¢? V. mpory] supra add. @ F, & PBVb. relvny] &

7 Pb et corr, ex y B m. 2 ({ m. rec.); supra add. 7 F. zqmmg]
& P, 24. douitudy] corr. ex dpPuds yéyovey Gpa] supra
ger. m, ree. F
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vijg A s0Belug weog 70 amd vig B ebdelug' Omep Edar
OslEoe.
g.

Te covppcrga peyédy medg &iinia Adyov
oUx Eyet, Ov dgiPuds mpdg dprPpudw.

"Eorw dovpustpo psyédn v A, B* Adyw, (ti 1o A
modg 70 B Adyov ovx £xsi, Ov deududs meos doidudy.

E! yog Eys 1o A mpog vo B Adyov, bv deiBtpog
meds apdudy, ebuuetpov fovar 70 A vg B. ovx Eore
0¢" ovx dpu té A mpdg w6 B Adyov Fysr, Ov aptduds
7gog dgiduoy.

T dpn acvpucrpe pepédy xpds dlinde Adyov olx
Eyse, 2ol Ta b

r

7.

Eav 8vo ueyédn modg #AAnia Adpov uy éxy,
0v dgiBuds moos doiPudy, dodupsrea fovar
T peyédn.

dvo yog ueyédn te A, B mpog &dinie Adyov py
{rérw, Ov dpibudg mpds deidudy: Afyw, STi devpperod
fort va A4, B peyédn.

E! yoeg fovouw evuperpe, 10 A mpdg o B Adyov
EEer, Ov doidude mpog deududv. odx Exs 04 devu-
peron dpo fotl va A, B usyddw.

By &pa 8Yo ueyéby medg dlinle, uol ve EEdjg.

1. A ed@elag] in ras, m. 1 b, Gmeg £0me Seifon) om.
Theon (BFVb). Seq, demonstr. alt.; u. app. 6. Post a@rdpudy
ras. 3 litt. V. 7. td] ins. m. 1 F 9. Ante Fozon rad. 1
litt. F.  #smv BF. 10. ye. T A upct npoc 0 B loyov otin Fyse
m% m. 1b 12. wp srp b. loyov odn Eyee mpdg alﬂ.nlu

b, 18, xal v £§qubom F (m mg. quaedam erasa), ov

agtﬂ'pog 7Qig api.&p.ov B 20. doruy P, fovar V. 21 yap
ovppetgow éote T A v B Theon (BF Vb, ‘99, #ra0b. Gwmeg V.
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itaque inuenimus A : E= 4*: B®. — quod erat demon-
strandum.
VIL

Magnitudines incommensurabiles intew se rationem
non habent, quam numerus ad numerum.

Sint magnitudines incommensurabiles 4, B. dico,
A ad B rationem non habere, quam habeat numerus
ad numerum.
4 Nam si 4 ad B rationem habet, quam

numerns ad numerum, £ et B commensurabiles

+——i  erunt [prop. VI}. verum non sunt. itaque o4
ad B rationem non habet, quam numerus ad numerum.

Ergo magnitudines incommensurabiles inter se ra-
tionem non habent, et quae sequuntur.

VIIL

8i duae magnitudines inter se rationem non habent,
quam numerus ad numerum, magnitudines incommen-
surabiles erunt.

4 Duae enim magnitudines A, B inter se
' rationem ne habeant, quam numerus ad nu-
merum, dieo, magnitudines 4, B incommen-
surabiles esse.

Nam si commensurabiles sunt, 4 ad B rationem ha-
bet, quam numerus ad numerum [prop. V]. uerum non
habet. itaque magnitudines 4, B incommensurabiles sunt.

Ergo si duae magnitudines inter se, et quae se-
quuntur.

f——
B

doidpdy] corr. ex aefuds m. 1 P. 28, deriy P. 24,
Zdy — peyéfn] om, F. meog &lanla] bis b. net vét £Evg]
Aoyoy pv fyy, 0v dodpog mpds derfpoy dodupsren forer V.
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To ano vhv unxee 6vugéroay s0dsidy Té-
vpdyove mpds &#AAnde Adyov Fy&r, Ov tevpd-
ywvog agifucs meog Titgaymvor agidudy’ xal
¢ Terpiymve Ta mwedg &AAnde Adyov yovra,
Sv rsTpdpovog ceiBuds medg tETQdywyvoy doi-
Budy, xal rag wievoag s wixer ovpuérgovs.
te 0k damod Tav punxer advuuirear sURsLOV Te-
rgdyova mwpog &AAnda Aoyov ovx Eyer, Oovmsg
Tetpdy@vog a@iducg weog TErQdymvoY dQLipdy”
el T terpdymve Ta weog dAAnde Adyov uw
iyovra, Ov retpdymvog apLdpds mpdg TeTpd-
yovor ¢gibudv, ovd} tag wlevoag EEse urxe
svpupirpove.

"Edtwmoay yog al A, B unxst ovppsrgor Adywm, Ote
v0 émd Tijg A revedywvov meog TO dmé tijg B vevgd-
povoy Adyov Bysi, Ov vstpdymvog duituds medg TE-
TQiyOVOY GQUitpdv.

Ensl yap eVppusrpis éotw 4 A v B pinse, A
#oa mpdg Ty B Adpov &y, Ov deuPudg mpog deLdudy.
érom, ov & T xedg vov 4. Zmel odv dotwv dg ) A
mgog tyv B, oftwg 6 I' meds tov 4, dlid vot pdv
17 A4 meodg v B Adyov dimdaciov deorly 6 Tob dmd
tiig A Tergaydivov medg vO amd 17 B tevpdymvoy
v pep Opoie opigera év Simdudlove idyw fotl vdv
buoddyov misvedv: wov 0t vod I’ [deuduoi] mpog
zov A [agdudv] Adpov dimdeciov fotiv 6 Tod amd Toi
I' zevpaywvov mpos wov dmd vob A tevgdywvov' dvo
yéo tergeyovov aoidudy els uéoos dvdloydv doriy

5. medg #Alnix] supra ser. F. Eyp V, corr, m, 1. 4,
Gdudg] supra ser, m. 2 B, B, rerpdywve td] supra ser. m.

L
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IX.

Quadrata reectarum longitudine commensurabilium
inter se rationem habent, quam numerns quadratus
ad pumerum quadratum; et quadrata, quae inter se
rationem habent, gnam numerus quadratus ad nume-
rum quadratum, etiam latera longitudine commensura-
bilia habebunt. guadrata autem rectarum longitudine
incommensurabilium inter se rationem non habent,
quam numerus quadratus ad numerum guadratum; et
quadrata, quae inter se rationem non habent, quam
numerus quadratus ad numerum quadratum, ne latera
quidem longitudine commensurabilia habebunt.

Nam 4, B longitudine commensurabiles sint. dico,
A*: B rationem habere, quam habeat numerus qua-
dratus ad numerum quadratum.

4 B Quoniam emim 4 et B longi-
! — I tudine commensurabiles sunt, 4: B
| r | rationem habet, quam numerans

—_ ad numerum [prop. V]. sit 4: B

4 =I":4. iam quoniam A4:38
=TI:d, et 4": B* duplex est quam ratio 4:B (nam
figurae similes inter se duplicatam rationem habent

2 B. 8 ovppérgwy b (corr. m. rec.), p; ol seq. ras. F. 9.
v BFbD, 10. c¢giBudv] om. V. 11, uy Fxovve Adyor V.

12, dwmeg V. 15, yap] om. V. 16. z¢] {priue) supra ser.
m. 1 P.  zerpdyovoy] (alt) m, 2 comp. F. "17. Svxep V. 21,
6v] odv 6v Bh, odv corr, in ov¥ v FV. 22 I" doefrudg BV
et e corr, F. 4 dpufpoy BF VDb, 23, zijg] @ corr. V, &

mladiov ¥, corr. m. 2. 24, z0¢] corr. ex zév V.  26. o¥
(alt.) om. P, supra scr. F.  dpedpoi] om. P. 27, dqudpds
om. P. o o] 76 F. 28. Post I" del. mpés zéw o P.

tetpeyaivoy] tetooymy seq. ras, 1 litk, F.  zdv] v¢ B. 29
pésoy B, corr. m, 2,
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aoududg, xal 6 tergaywvog meog TOV TeTpdywvOY [dgi-
Suov] dswhaolove Adpov Eye, fimse 7 mhsvea mdg
iy mAsvpay: fory dpo xel dg TO amd vig A teTgd-
yavev mpdg TO amd vig B rergdymvov, olrwg O dmo
tov I verpapmvos [dgduds] medg Tov dmo tov o
[GotPuod] terodymvov [agiBudv].

‘Aike 8y Forw og 10 dmod tiig A Tevpaywvoy medg
to amd Tijg B, otwewg 0 émd vov I' serpdymvos mpods
Tov &md tot 4 [tevpdyavov]” Aépwm, Ot adupsteds
doriv v A i} B pixs.

‘Enel ydp fotiv og v0 amd tiig A tevpdyovor xpds
z0 ane thg B [vevedyovov), ovrwmg 6 dmd vod I' ve-
Teeywvog mEog TOV &md Tol A [zergdymvov], did 6
#tv 100 awo tig A Terpapadvov medg vo amd i B
[zerodyovov] Adyos Oimdaclwv fovl voT rijc A meds
my B Adyov, 6 0% oD dwd vov I [2giduol] teTge-
yovov [dpiBuob] mpog Tov amo vov A [apBuoid] ve-
rpdymvor [doidpor] idpog dimdnciov dorl vob tov I
[BouPuod] mpog wov 4 [deduov] Adyov, forww Zpn
xel g 4 A mpdg iy B, ofrwg & I' [detdpds] meds
tov A [doduov]. 7 A épa mgds tiv B Adyov &y,
ov agiBucg 6 I’ mpog deidudy Tov 4° ovupsrgog fpu
dovly 5 A vii B wiuse. '

‘dlda 81 dodupstpog Eovwm 7§ A vff B wixer Aye,
Ore ©0 dmd iz 4 wevpdyavov meodg T amd rhg B [ve-
teaymvov] Adpov ovx Eye, Ov Terpaymvog dguduis
wPOE TETaymYOY agdudv.

Ei yap &e 16 amd thig A vevgdpavov mpds To
ano zijg B [revgdymvov] Adyov, ov rergdymvog doid-

1. dfudy] om. BFVL. 5. I'} in ras. F, I' dptduod
FVb.  dobpos] om. P. 6. do:Buod] om. P, doeduds]
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quam latera correspondentia [ VI, 20 coroll.]), et I'* : 47
duplex est quam ratio I": # (nam inter duos numeros
quadratos unus medius est numerns, et numerus gua-
dratus ad numerum quadratum duplicatam rationem
habet quam latus ad latus [VIIL, 11]), erit 4*: B?==I: %,

Jam uero sit 4%:B*=17; .4 dico, 4 et B longi-
tudine commensurabiles esse.

nam quoniam est 4%: B = I"": 4% et 4%: B? duplex
est quam ratio 4: B, I'*: 4* autem duplex quam I A,
erit 4: B=1TI": 4. itaque 4 ad B rationem habet, quam
numerus I ad numerum 4. ergo 4 -et B longitudine
commensgurabiles sunt [prop. VI].

Jam uero 4 et B longitudine incommensurabiles
sint. dico, 4%: B® rationem non habere, quam habeat
numerus quadratus ad numerum quadratum.

8i enim 4°:B® rationem habet, quam numerus
guadratns ad numerum quadratum, 4 et B commen-

om. P. 8 B zergayovov BVDb et e corr. F.  zo4] corr. ex
Tis V. 9. TETQUymYvoY] om. P. 11. 4] in ras. b, 12, 7e-
Teayavor] om, P. 13, Tov] 16 b zsrea-ymvow'] om. P. 14,
toi] m. 2F. 6] rov B, TOV, rov F. 15, zstga-ymrov] om. P.

16. ag;&,uov] om. tereayoros BV, 11 gotdpot| om. P,
coduss BV, ugt&pov] om, P, zezgaydves P. 18, apt.&-
pov] om. P doriv P -mug om. V. 19, apu‘}p.ov] om, P.

aox«&pov] om. P, 20. doibtuds] om. P. 21, doifpév] om. P.

22. wév 4] m. 2 B. 25. 4] corr. ex B m. 1 V., TETQH-
ywvor] (alt.) om, P. 29, rerpaywver] om. P.
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pds medg Tergdywvov deidudv, evuustos fovar v A
tif B. ovx fori 8¢ ovx Gpu t0 dmd Tig A Terpdyavov
meog o amd tijg B [zerpdywvov] Adyov Eys, Ov retpd-
yavog deduog meds tergaywvoy dpiltudy.

HdAw 07 76 dxd i A Tergdyovor medg 10 dmod
g B [terpdymvov] Adyov un éyérem, Ov tevgdymvog
doududs meog reTgdyavov apiducdy Adym, Ot aedp-
uerpog dovv v A i B pops.

Ei pip fove ovppevpos 1 A tfj B, Ee ©o dnd rijs
A ngdg td dmd vijg B Adpow, Ov tergdpmvog doupog
ngog TeTedywvov aeidudv. ovx st 0 odx dpe
ovuucrpds éovww 7 A vff B uixer.

Te dpe dnd tov pixee ovpuirgov, xel va EEdg.

égiopn.

Kal gavegov éx vov dedeyyuéveov forai, ore af
pifxer obppergor miviwg el dvvaper, af 8¢ Svvdue
00 mivrmg xal pixs [siwse ve dm ToY wixsi Gvp-
uéTgov edabdy TeTgdyove Adyov Eysi, Ov revpdpavog
agLdudg meds rerpaywvor apidudy, ta 82 idyov Eyovre,
Ov deifuds medg deidudv, evpgpered foniv. Bove of
pixse Gvppergor sUPelar ob povov [slal] prixer evyu-
perpot, adie xel Svvaue.

ey émel, d6o verpdymva mpdg dAinia Adyov Eys,
0y TeTpdymvog douitpds meog TeTpdymYOY doitdudy, tijxet
siydn ovpperge xol dvvaps Gvre GVuustox TH T
tsrpdyave Adyov Egewv, ‘Ov apdpds meds apidudw,
doa doa Terpdywve Adyov ovx Eyel, Ov TerQdpwYog
doiduds meds TeTpdyOvov dgiduov, diic dmAdg, Ov

2. Post B add. pojmes m. 2 V. 3. rergayowvoy] om P, B.
87] om. b, 8¢ BFV. 6. revpuywwor] om. P. ~ 8. dorv] o
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surabiles erunt. at non sunt. ergo 4*:B* rationem
non habet, quam numerus quadratus ad numerum
quadratum.

iam rursus 4°: B! rationem ne habeat, quam nu-
merus quadratus ad numerum quadratum. dico, 4 et
B longitudine incommensurabiles esse.

nam si 4 et B commensurabiles sunt, 4%:B*® ra-
tionem habebit, quam numerus quadratus ad numerum
quadratum. at non habet. ergo 4 et B longitudine
commensurabiles non sunt.

Ergo quadrata rectarum longitndine commensura-
bilium, et quae sequuntur.

Corollarium,

Ex iis, quae demonstrauimus, manifestum est, rectas
longitudire commensurabiles semper etiam potentia

corr. F. 8. sl] in ras. P. fozen P. 10. 4 :etpa?mra-v
BFb. B tergaymvoy BFb. 12, Post B add. dedppezgog Fou
dotly % 4 tj B FVb B m. 2. 13, Pout Gv[métgmv add.
wﬁ'umv tszgu oy npog alﬁ.qglm loyoev é'zu, av TeTedymvog agcﬂ-
;«og npde -:ngui:‘mvov douibpdy V. FPost if7g add. Theon: omeg
dee dsifor (BFVD). 15, éx] form éx BFV.  forau] om. b,

17. tm] in ras. F, ovppszgm. ot V. siweg] corr. ex fmep
m 2V, Tet] corr ex toig m. 1 F. 21 ost prxee add.
asf m. 2B #of] om. P,  28. oo] oy P, corr. mg. m. 1,

fsrgu?'mwa ldytw Exat n:goc ullnlo: F. 26. tet@aymvog dord-
pog nqog zs‘:@wymov ecqa.ﬂ'p.ow EFVb. Post apvﬂ'p.ov add.
ofow o 2 xal & E o yag E ngoc 0¥ A loyov ovx £ye1, O¥ rstgu-
ywyog upu&,uo; -::pog utgrx'ywvw uqn&pov wp.p.swoa é’s el 6%‘ &9-
deior, ¥ mrsyeaqmo’uv uu'upy.uqot slowy za pag TeTgiyava
aloyu EZW‘ mm:e auv al lwque: otupeTgoL mrwmg el ﬁwo:p.u
of 3% dvvdper 09 mx'vzmg uui pnnu b. 28. X’ BFV. dnldg)
om. Fb, m. 2 B. Bv] o Eregdg Tig BF VD,
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agubucs mpds deidudv, ovpperpa piv forar avta e

rerpiyave dvvduer, otudre Ok xol pijxs’ Gove ve plv

prjxer ovpusTee mivrog xel OSvvdpst, té 0% Suvdps

o0 maviog xal wixe, & wy xel Adyov Eyoisv, Ov TE-
5 Tedymvog agduos medg TETdyveY dgidudv,

Aéyw O1f, o1 [xal] af pijxse dodppsrgor oV xevrog
nel Svvdpe, émsdinse al dvvaps edupergor dvavrar
Aopov w3y Eysv, Ov TeTgdymvos a@uBuds meog Tergd-
yovov doubucv, xel ik volro dvvdps ovoms evp-

10 pergor wixsi sloly ¢ovppergos. @oTs ovy af TP urxse
aovupETQor mivtog xal Svvdue, dile Svvavrar pixe
oldar aovppsrgor duvdus slvar xal dovupsrgor xel
SuppsTeor.

af 0t dvvepel devuperoor AdvTwg xol wikel GEUK-

15 pezgor” &l pap [elor] pijxer ovgpergor, Eoovrar xal
dvvduse ovpuergol. vmoxsivtar 0 xel d@vuustgoL
fmep &rvomov. «f dea dSvvdus dovupergor mdvrag
xeed pojust].

Afpue.

20 AéBeinvas &v tols apidunrinols, ove of Sporor dmi-

nedor auituol mwoog addjlovg Adyov égoverv, Ov Te-
rodywvog aeiduds meog TETgdywvov doiudy, el Sri,
dev Ovo apiipol meog dddflovg Adpov Eywmowv, ov

Terpdywvog aprdpty xpds Terpapovoy deLdudy, Opotol

glaw émimedor. xal djhov éx vovrwy, Ot of uy Gpoow
émimsdor couBuol, vovréorww of py avaloyov Eyovreg
vig mAsvods, mpdg aAdfjlovs Adpov odx Epovew, ov

TeTgdymvog ageduog meog TsTgeyavoy agduov. & yag

Egovowy, Spotor mimsdor Edovrar Smeg ovy vmixsiTac.

[
=1}

1. doidpor wwva V. gév] om. V. Zorou] elow BE,
fouy comp. b; dem V, corr. in péy m. 2. adreé] om. V;
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commensurabiles esse, rectas autem potentia commen-
gurabiles non semper etiam longitudine.?)

Lemma,

In arithmeticis demonstratum est, similes numeros
planos eam inter se rationem habere, quam habeat
numerus quadratus ad numerum quadratum [VIII, 26],
et si duo numeri inter se rationem habeant, quam
habeat numerus quadratus ad numerum quadratum,
similes numeros planos eos esse.®) unde adparet, nu-
meros planos non similes (h. e. qui latera proportio-
nalia non habent [efr. VII def. 22]) inter se rationem
non habere, quam habeat numerus guadratus ad nume-
rum quadratum. nam si habebunt, similes erunt plani;
quod contra shypothesim est. ergo numeri plani non

1) Quae sequitur p. 28, 17 — 30, 6 demonstratio ecorollsrii
ot superflna est et a sermone Euclidis abhorret. praeterea of-
fendit, quod plos demonstratur (1éym % lin. 6), quam propo-
sitnm erat.

2) Hoc nusquem demonstratur; sed est VIII, 26 conuersa,
qoa etiam in IX, 10 p. 358, 19 utitur.

supra w ras. est. 2. Ante Svm,ue; a.dd TovréoTiv ol avﬂum,
gy Ay arsypaqmauw BFVDb., 2] of BFVL. 3. c'vy.,u.stgm
BFVb 1] of BFVbD, 4, Supra fyoiey m. 2: Ta rsrgu-
yove V, 6. xa/] om, P. 7. Post dvveps: add. dodp-
petgor V. dmeidimeg) dmesdi ydo P.  10. t¢) om. FV. 11,
dila wel V. 12. evgpergot xol dodupergor P 14. pnnu]
-n- ¢ corr. P. 1B, sfe] om. P, sloev B, comp. b.  18. vmd-
aerzar b, Post naf del. Svweps F, 19. Afigpe] om. P 20,
dj &v F. O] supra ser. m. 1 b 21. 1dyov meds addrdovs
fyovoiy B, Iyovar P, corr. m, rec.  23. ddo] supra ser. m,
1 F. 26, Supra ffcivrsd‘m ser. of dordpof m. 1 b,  py] supra
gor. m, 1 V. 29, dmbuswwrar P
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of dpa py Ouowor émimedor meog dAdrjAovs Adyor ovx
Eovow, Ov terpdymvoeg agiiiuog medg TETEUYVOV
agidpdy.

’

[0

Ty meorvefelon svdsle mpodsvgeiv dvo &v-
Bslug aovpuirgovg, THY uiv unxEL povov, TRV
0t xoel Jvvduee.

"Eotw 7 mpotsdeion s0Psic n A Ol Oy T A4
mgoosugely Svo ebdelng acvupdrpovg, THY wiv pijxs
povoy, tiv ok xal Odvvaus.

‘ExxeloBwoay yap dvo dgudpol of B, I' mpog di-
Andovg Adyov uy Eovreg, Ov TeTQiywvog deidudg TEos
TETQAy@YOY agududv, vovréore uy Ouowor émimedos, xal
peyovérm ag 6 B medg vov I, obrwg 7§ dmd i A
TsTpdyovov weog 10 and vig J vevodyavor: dudPousy
po’ ovpustoy Goe TO amd i A vH and tig 4.
xcl émel 6 B mpdg tov I' Adyov ovx &ys, Ov verpd-
yovos apiBuog mog tevedyovov cedudy, ovd dee
0 dmd iy A medg vd dmd vijg A Adpov &y, Ov te-
Tedymvos Geiduds mede TeTpdyavoy dgidudy’ devu-
pstgog doa dativ §) A i 4 wixe. eliipdo tiv
A, 4 péey dvaloyov 4 E° ¥Forww dpo ag 7 A mpdg
iy 4, oUrmg to dmo 1Hg A revedywmvov mpdg TO dwd
tiig E.  qodpustgog 0F doviv N A ) 4 unrer dctu-
pergov &oo fovl xel vO 4w tiis A vsrgdyevov TH

1. &pa prf] in ras. m. 1 P.  o¢x] ins. m, 1 V. 3. Seq.
demonstr. alt., v. app. 6. svpufzgovg B, corr, m. 2. 7. xuaf]
ing. poetea F. 8, J&i] &- in ras, V. 10, zﬁv}‘zﬁc P, corr,
m. rec.; tf V, sed corr. 18, rovréouy P. ost énlmedos
add. [ F, cui signo in mg. nihil resp.; in b seq. of yag Suocos
Enimedor meos diiflovs 1dyor Fyouvery, By Tergaymwos apuituds
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similes inter se rationem non habent, quam numerus
quadratus ad numerum quadratum.

X

Data recta duas alias inuenire ei incommensura-
biles, alteram longitudine tantum, alteram etiam po-
tentia.

Data recta sit 4. oportet igitur duas alias rectas
inuenire rectae .4 incommensurabiles, alteram longi-
tudine fantnm, alleram etiam potentia.

Swmantur enim duo numeri B, I, qui inter se ratio-
nem non habeant, quam numerus quadratus ad nume-
rum quadratum, h. e. plani non similes [u. lemmal],
et fiat B:I'= 4": 4% (hoc enim didicimus [prop. VI
coroll]). itaque A* et 4° commen-
surabilia sunt [prop. VI]. et quo-
niam B:I rationem non habet, quam
numerus quadratus ad numerum qua-
dratom, ne 4*: 4 quidem rationem
habet, quam numerns quadratus ad
numerum quadratom. itaque 4 et A4 longitudine in-
commensurabiles sunt [prop. IX]. sumatur reetarum
A, 4 media proportionalis' E. itaque 4:4 — 4*: E*
[V def. 9]. sed A et A longitudine incommensurabiles

f—————14
i —————
El—
|— B
j————— I

moog teroa-ymvo-v deufuoy; in V seq, di¢ zodiro, punctis del.
m. 2. 18. ﬂjs ot P. zijg] coo P. 4] corr. ex B m.
1V,Bb. A%corr ex 4 m 1F. wodg supra m. 1V,

&] corr. ex tco 4] Bb. 21 locly] postea ins. F. 24,
E vsrodyasor V. 25, foviv P

Eunclides, edd. Heiberg ot Menge, ITL 3
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and rijg E rerpayove’ aovppctpos Goe forly 1 A tff
E dvvdper.

Ty tow moorsPeloy svdela 1] A mpodevonvier dvo
svfeton aovppstpor af A, E, pixee udv uovov 5 4,
dvvduer 0t xal pixee dnladn n E [Omep &de Seiben).

'

‘Bav rvégoupe peyédn dvdioyov g, o d%
nedrov e Osvrépm e ppsrgov f, xal 10 TE(-
TOV TR TETd@To 6UppeTgor E6TaL &V TOHEBTOY
r dsvrdpm dovppsteor 7, xal Td Toitov T
TETdQTE aevppergoy Edras.

"Eorwoay téodagn peyédy dvdloyov ta 4, B, I, 4,
mg 10 4 mog ©o B, ofrwg To I' mpodg 10 4, o A4 0k
= B etpuszoov form Aéyw, St xel 10 I' v¢ 4 ovp-
psrgov Eovoi. '

‘Exel pap ovppetpoy dot 16 4 vg B, 10 A dpu
xpdg 10 B Adyov &ei, Ov dguiudg meds agibudyv. xal
foniy @g 10 A mpog vo B, ofrwg o6 I' meds zo6 4-
xed ©o I dpe mpdg vd 4 Adyov Eysi, v apibpds wpdg
apududy: ovppergor doa dorl vd I' v 4.

‘Aida 09 ©0 4 ¢ B dodppetgov forw' Aéye, v
xal 10 I' ©6 A acvpperpov forar. dmel pap eovp-
pereoy dove vo 4 1o B, 1o A dow mpdg 10 B Adyov
otx &qe, Ov deufuds meds deududv. xel deniv o3

3. mpooredeloy Ph. meoonvprvrar BF b, 4. 7] corr,
ex v B.  Post 4 add. zaf B ot F, sed del.  §. omeg £5ee
deifou] om. PBF b, Seq. scholium in PBFb, u.app. 6. ']
corr. ex ' m. rec. P, ex oy’ V.  B. mpatov] & P, et sic sae-
pine.  zd] ine. postea F.  zplzor] 7 P et b (et sic saepius).

16 {omv BVD. 18 domy P. 16 4] (alt.) postea ins. F. 17,

Blcorr. ex Am, 1 F. 18 10 A] corr. ex 6 4 V. 20 T}
in ras. V. 21, 67 dodpperedy dovi wel vo It 4 V, 22
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sunt. itaque etiam 4* et E® incommensurabilia sunt.?)
quare 4 et E potentia incommensurabiles sunt.?)
Ergo data recta 4 duae aliae inuentae sunt A, E
ei incommensurabiles, 4 longitudine tantum, E autem
potentia et longitudine; quod erat demonstrandum,

XI.

Si quattuor magnitudines proportionales sunt, et
prims secundaque commensurabiles sunt, etiam tertia
quartaque commensurabiles erunt. et si prima secunda-
que incommensurabiles sunt, etiam tertia quartaque

incommensurabiles sunt. )
Quattuor magnitudi-

nes proportionales sint
T L4 ' 4, B, T, 4, ita ut sit
A:B=1TI:4, et 4, B commensurabiles sint, dico,
etiam I, 4/ commensurabiles esse.

Nam quoniam 4, B commensurabiles sunt, 4 : B
rationem habet, quam numerus ad numerum {prop. V).
et 4:B=1T":4, quare etiam I': 4 rationem habet,
quam numerus ad numerum, ergo I, 4 commensura-
biles sunt [prop. VI].

Jam uvero 4 et B incommensurabiles sint. dico,
etiam I', 4 incommensurabiles fore. nam quoniam 4, B
incommensurabiles sunt, 4 : B rationem non habet,

At 1 Bt

1) Hoc ex prop. XI concludendum erat {quare Gregorius
propp. X et XI permutanit). omnine tota prop. X cum lem-
mate multis de causis suspecta est, et uix crediderim, eam a
manu Euclidis profectam esse.

2) Quare etinm longitudine {prop. IX coroll).

forai] fery BFb. 23, 4] (alt) supra ser. m. 1 V. doa]
supra ger. m. 1 F. 24 ovx] m. rec. b,
?"%
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70 A mpog to B, obrwg 76 I' wpdg ©o A4 o0dt v I
dga mpdg 10 A Adyov Eyst, Ov dpududs xpds deBucy’
aevuuerpov dow dorl 1o I' vé A.

‘Eav dpa téedape pepédy, xel va s

.

Ta 56 avtd peyédes abpperoe xal dlijlog
dotl evppeTon.

‘Bndrepov yap téy 4, B 16 I' Zoto ovpusrpov.
Aéyw, Ot %l 6 4 @ B éori avpusroor.

Exsl yog ovpustpor dove vo 4 vé I, 10 A dpu
20 0 I' A6yov Eyee, Ov GpiBpds mpog apidudy.
Gfrw, Ov 6 4 mpog Tov E. milv, émel ovupetooy
dove o I' v B, ©0 I' &pex mpdg td B Adyov Exee, Ov
dotdudy mpds dodudy. ‘éyérw, Ov & Z mpdg vdv H.
#el Adpov dodévrov omodmvotv Tov v, Ov Egm 6 4
npdg wov E, xal 6 Z medg tov H :inpdwoay doiduol
éEfig év roip dodeles Adyoig of @, K, A" ders sivar
og ply ©ov 4 meds vov E, otreg tov @ meig tov K,
og 8% vov Z mpog tov H, otrwg rov K medg tov A.

"Enxel ovw oty dg 16 A mpdg 70 Iy oftws 6 4 meog
wov E, adl og 6 4 mpog rov E, ointwg 6 @ mpdg
zov K, forwv fpa xal og 6 A mpdg vo Iy otvms 6 @
medg vov K. malww, dnsl doviv ag o I’ mpog 7o B,
ottwg 6 Z mpég wév H, aAl ag 6 Z mpog vév H,
[otrwg] & K ®godg vov A, xel og dpe ©0 I' mpdg 16 B,
ottwg &6 K mpdg tov 4. fore O} xal o v A mpos

1. ¢¢dé] om. V. 2. dou] om. V.  idyor] dem J.oyov

etx V. 4. téo’untpa;l w & F. Ante xol a.dd dvdloyoy
BFb; dardloyor %, 0 & modrov rd Sevrien adppergov § Vv

Post &biic 8dd. Omee #8e: dsifor V. B, of] corr. ex s’ m.
rec. P, B. peysfp b, 15, dmdowv? V (comp.).  17. fFis)
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quem numerus ad numerum [prop. VII]. et 4:Be=1": 4.
quare ne I': 4 quidem rationem habet, quam nume-
rus ad numerum. itaque I, 4 incommensurabiles sunt
[prop. VIII].

Ergo si quattuer magnitudines, et quae sequuntur,

XTI

Quae eidem magnitudini commensurabilia sunt,
etiam inter se commensurabilia sunt.

Utraque enim 4, B magnitudini I" sit commen-
surabilis. dico, etiam 4, B commensurabiles esse.

nam quoniam 4, I’ commensurabiles sunt, 4 : I
rationem habet, quam numerus ad numerum [prop. V].

A —— . B , 8t 4: T = 4:E
— ' rursus quoniam I, B

E 8 commensurabiles sunt,

2 K I': B rationem habet,

o 4 Qquam numerus ad nu-

merum [prop. V}.

I';:B w= Z:H. et datis quotlibet rationibus, 4:E et
Z :H, numeri sumantur deinceps in rationibus datis,
@, K, 4 [cfr. VIII, 4], ita ut sit 4 E=8:K, Z:H
= K:4.

iam quoniam est 4:I'=AJ:E et 4: E=0:K,
erit etiam 4:I"== @: K [V,11]. rursus quoniam est
I''B=Z:HetZ:H==K: 4, eritetiam ''B=K: 4.

m ras. V; ﬂu;w:o; 551]; F, sed corr, dePsigww P, 18, oy 4]
-mr ostes ins. F, 0 4 P. 20. zd] (alt.) COIT. ex wwy V. 2%,

wy I P. 28. & I' Pl zd] xov B, B] corr.
ex 1" m 1h 25. ottwg] om. P. sel o — 26 A] is ¥,
sed corr. . o 'P. 26 forw P. 6] 6
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w0 I, otrwg & O mpdg tov K* & leov dge éovlv dg
10 A4 mpos 16 B, olrmg 6 @ mpdg tov 4. To A doa
#pds vd0 B 1opov Fyer, Ov agududs & @ mpds dpidudv
tov A° gdpperpov dpe fotl to A td B,

] Te oo 60 alrd usyffee ovpusvoa xal ddiijloig
dorl cvpuerpe Omeo Ede delfar.

Y.
‘Eav 1) 6v0 peyédn 6vpucvoa, vo o fregov
avrdy pepédel Tivl devpusgor 7, xal o Aoimow
10 T6 avr@ devppsroov Edtal
"Eotw 8vo pepédn odpperge va A4, B, vé Ot fvseov
avrdy 10 A Eddp rivl vd I asdppcrgov fotn’ Adym,
ore xal 1o Aowwov ©0 B te I' dovppergiv foriv.
El yap dor. ovppergov v0 B té I, adle xal vo A
16 760 B ovppereov fotiv, xal v A doo ve I' cvpusredv
doviv. Gidd xal dovpperoove Omep addvatov. obx
dpa ovpustoov dote ©o B v I adavpusroor dpa.
‘Ecv doa 7 0o pepédn otluperoa, xal va &fng.

Adijppe.
50 Ao SoBuedy svdady dvidwy sbpsiv, tiv peifov
dveter 9 pelfov tig éddacovos.
"Egtwday of dodetdar dvo dvivor eoBelar of 4B, T,

2. 6 A meog to¥ B 4. dotiy P. 6. cdpperea] gqop-
gupra scr. m. 1 P, ow.sq 835t deifou] comp. P, om. Bb.  Seq.
lemme, vw. app. 7. '] of’ corr. in uy m. re¢. P, y in raa, F;
¥, 8 invas. m. 1 B, iy mg. 8 71 om. V. ysyéih)] -yé—

supra m. 1 P, :zo'vpperqa F, sed corr.; twplus-mu g & F.
11. dve] mg. ye. edrd m. 1. 12, ullaﬁ] zs.'qm BFY.
13, 0 Bl om. b. 9 I'] era.s b. tor ©6 B 1g I'b. 14

o — I'] pupra scr. m. rec. b. I zp B P. 15. {ou B,
comp. Fb, om. V. nel — avppe-] supra scr. m. 1 F.
-tgoy — 18. xal] in ras. F.  16. 8xeg doriv F. 17, dpa] (alt.)
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uerum etiam A :I'=©: K. ex aequo igitur 4:B=8: 4
[V,22]. itaque 4:B rationem habet, quam numerus
@ ad numerum 4. itaque .4, B commensurabiles sunt
[prop. VIJ.

Ergo quae eidem magnitudini commensurabilia
sunt, etlam inter se commensurabilia sunt; quod erat
demonstrandum.

XIIL

Si duae magnitudines commensurahiles sunt, et
alterutra earum magnitudini alieni incommensurabilis
est, etiam reliqua eidem incommensurabilis erit.
Al Sint duae magnitudines commen-
bof ' surabiles 4, B, et A4 alii magnitu-
Bi—————— dini I" incommensurabilis sit. dico,
ettam B, I’ incommensurabiles esse.

pnam si B, I’ commensurabiles sunt et etiam A, B
commensurabiles, etiam .4, I' commensurabiles erunt
[prop. XII]. at eaedem incommensurabiles sunt; quod
fieri non potest. itagque B, I' commensprabiles non
sunt. incommensurabiles igitnr.

Ergo si duae magnpitudines commensurabiles sunt,
et quae sequuntur.

Lemma.

Dafis duabus rectis inaequalibus inuenire, quantum
maior quadrata minorem excedat.
Sint datae duae rectae inaequales 4B, I', quarum

posten ins. B 18. ¢) om. ; uaupp,ewu F, sed corr. wal
v ékis] o 8t Eregoy wotdy peyédn url dovupereov 3, wal
‘m lowmoy T dvﬂu dodupergoy Foren' omeg £8e Seifor V. 19,
1ie’ B, 20. dvisaoy so@siGv F. 21. fldrroveg P,



40 TTOIXEIQN ¢,

ov pelfov {0t | AB' 8t v sbpsiv, v psifor
dvvesas 7 AB vijg I.

Isypdgda éxl tiis AB nuxvxdior vo AAB, xal
&ly avrd dvmpudodw vy I loy of A4, xal énslevydo

5 5 4B. pavzpdv 81, 61 dpd éoviy 7 vmd A 4B yovia,
xal St 7 AB viig Ad, voveden. vijg I, petfov Ov-
veerer Ty AB.

‘Ouoimg 8% xul dvo Sodeaoay eddady 4 Svvausvy
avrag sbploneTar obrwg.

10 “Eorwoocay of dodslear dvo ebdslow aof Ad, 4B, xal
déov Zotm evpeiv Ty Svvapdvyy avrds. xeloBmdav
ydp, dore pBny yaviey megiyaw iy vmd 44, 4B,
xal énefevydo n AB° gavspdy makw, Ot 7 tag A4,
4B dvvapivy dotlv  AB* 8mep Eder delfan.

15 Ld\'.

E¢v téddapss sVPeiar dvdloyoy aciv, §9-
vytae 0t ) modry tig Sevrégag pelfoy g and
cvpuérpov éavty [pgxse], xal % rolvy vijg te-
vdgrys mstbov dvviesrar vd dnd cvuuéreov

90 favef] [poxec]. xeal dav 5 mpdry tig dsvrépug
petfov SvvnraL To dxo devppérpov favef [pif-
xse], nal ) voley tis vevdorys petfov dvvijoeTar
T dnd advppirgov favey [wrixed].

"Eeotwoav téesagsg svbslor dvaloyov of A4, B, T, 4,

g g 9 A npdg vy B, ofrwg 1) I' mpds vy 4, xal 4

1. fotw] corr. ex fonsy m. 2B. 3. ABA P, 4 adrg
& corr. F. n Ad foy F. 6. peifor] corr. ex pelfor m.

‘ 1B 10. of doPeicac] om. V. af] of dobsioon «f V. 11,
s 4] ine V. dxxelobwooy BEVD. 18, Ante wdliy ims.

demam. 1F. Snxdlv b  8u i] 7 inreas. F, 14, §xep i35
5] cotp. P, om. Theon (BFVDb). 16.:8] & in ras. F, corr. ex
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4 v tiig B petfov dvvdodwo te dwd vig E, % 02 I’
vijg 4 peifor Svwadde v6 daxo vig Z° Adywm, Sui, slvs
obuperpds fotiv § A i) E, odpuetpds doti xel ) T
tfj Z, &lte aovuperpog fovwv 5 A v E, dovpusrodg
dote xel 6 I 13} 2.

‘Enel ydg éotiv g A mpog thy B, otreg 4 I
ngog v A, oty dpa xal g TO dnd g A mEés TO
and tig B, obrwg 0 amo thg I' mpog ©o dmd tig 4.
diie i plv dmwo tig A loa éotl vi éxd tdv E, B,
v 0t dno vijg I low dotl ta andé tdv 4, Z. Eorw
dox wg Ta éxd tov E, B mpdg o end tijs B, ofrmg
to dnd tov 4, Z medg tO amo vhg A° Sisddvr dge
éoclv og 10 dnd g E mpdg T dnd viig B, otrwg 0 amd
tiig Z mpds 10 amd tijg A Zowwv dpo xel og 7§ E
mpog v B, olrags % Z mpos thv 4 dvdmaiv oo
dotiv @ 7 B mgos iy E, ovrwmg B 4 meog v Z.
forv 8% xul ag % A mpos viv B, otrwg § I' mpdg
iy 4 & loov dpa dotiv og 1 A mdg v E, obtreg
% I mpog ty Z. sive ovv ovupsteds dorw ) 4 i E,
ovpustpds fote xal 7 I vij Z, eive dovppsteds foriy
5 A ) E, aevupsgog éove xal n I' g Z.

‘Eav &pe, xol ve g

.

‘BEev 8vo0 psyédn edppsroa 6vvredi, xal 1o
Odov éxerdpp avrdv ovppergoy fdtar’ xdv b
Slov évl adrdy edupergov g, xal te £E doydis
ueyédn edupsroa Eorar.

Zvyneiofo yap 0vo peyédn evppsvoew 1e AB, BI™

1. vfig Bl corr. ex z Bm, 1 b. I & BFb. 8. éorv]
om. V. fjf corr. ex tig m. 1 P.  dony B. 4, Z] e corr,
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[u. lemma]. dico, sive 4, E commensurabiles sint, etiam
I, Z commensurabiles esse, sine 4, E incommensura-
biles sint, etiam I, Z incommensurabiles esse.
nam quoniam est 4:B=1I":4, erit etiam A%:B?
=TI7%: A[V],22]. verum £* = E? - B®, = 4} Z%
- itaque ET - B¥: B = 4% {- Z2: 4%
] I subtrahendo igitur [V, 17] E?: B®
4 B

| == Z*: A% quare etiam [VI, 22] E: B

Z = Z:4. itaque e contrario [V, 7
coroll.] B:E = 4:Z. uerum etiam
A:B=1T"4. ex asquo igitur ['V, 22]
d:E=TI":Z. itaque sive 4, E com-
mensurabiles sunt, etiam I, Z commensurabiles sunt,
sine 4, E incommensurabiles sunt, etiam I, Z incom-
mensurabiles sunt [prop. XI].

Ergo si, et quae sequuntur.

=2}

r 4

B XV.

Si duae magnitudines commensurabiles componun-
tur, etiam totum utrique earum commensurabile erit;
et si totum alterutri earum commensurabile est, etiam
maguitudines ab initio positae commensurabiles eront.

Componantur enim duae magnitndines commensura-

m, 1b b dozew PB. T xaf] om. V. 9. 78] corr. ex
0 m. rec. P. 4] in ras. m. 1 P,  doeiv P. 10. Zoviv P.

Z,4P. 11, E B) 4,2 B. «F. B] d4B. 12 4, z;
EB B e F, A] B in ras. m, 2 B, 13. amd] (alt.
ins. m. 2 F. 14, foriw — 15, J]l mg, o, 1 P. "1d. 4]
supts sor, . 2 F. 17, farew P, 19, &Y’ P.  20. &om] douur P.

Post efre del. ody b, domy] om. V. 21, gdupereos b,

éotiv B, 22. dpa] om. V. ~ Ante xef add. réscages £Y-
Deiar dvaioyor omy (de V) FV. 28, ts']'[ e corr. PF; «f B,
mg, 8.  28. cvynelcbooaey BFbh.  BI'] e corr, F.
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Afym, Ozs xal 6dov 70 AT éxavépp rév 4B, BI' iort
ovppsTpoy.
‘Emel yagp ovuustge fove ve AB, BI, pstgios o
atra pdpebog. pergelrw, xal fotom vo A, imel ody
510 4 1& AB, BI' pevopst, xel Odov ©0 AT pergroer.
pergel 0% xal t@ AB, BI. 10 4 dpata AB, BI', AT
pereel” 6vuuergov Gou éovl ©o AT éxavépp vdv AB, BI.
‘dAé 8y 10 AT forw avppctgov tg AB' idyw
01, ore xal ta 4B, BI" ovpperpa ot
10  'Emsl pag ovumpstex fove t¢ A, AB, pevghice. v
avré pépePog. usrpelto, xel fotm 1O A. énsl ovw
10 4 va I'd, AB pevgel, xod lowwov &ga vo BI' pe-
tonoe., pevpst OF xal 10 AB' 10 4 dgu ve AB, BT
pergjos ovupsree dpw fovl ta 4B, BI
16 Eov dga dvo pepédn, xel v EEfs.

5.

‘Eav d0vo peyédy advppsrga cvvredy, xal
0 GAov Exatépp avrdv aevppstpor f6Tar xdv
td 82ov vl edrdv doduusreov 7, xel va I

20 €pyijc pEpédn dovupsroe foral.

Zvyxsiobo yap dvo psyédn dovppsronra 4B, BI™
Adyw, Ovr xed SAov v AT éxovépp vdv AB, BI' dovpy-
perpov éariv.

1, ueei) xal v6 V. v} vas P Eotar b, otppe-
zpor fore V. 8 darv P, 8. to] gprms) cotr. ex tav ¥,
7. doviv P. I'] 4B, Bl"P AF iv) tév AB, BT Theon

(BFVDL). vd] ry st 37 &Torr exwd V) Theon (BFVh).

9. 611] BUPTH LT, F. 10, {ouw AI'Y T4 P, I ecorr. b;
mg. ye. AB BI'm.1b. 12 4T FV 18. 7] ‘-'-o? V. 14:
£otiv LPB 15. Post peyédy add. ovppeven avwe«ﬂ'y, xol 16
8loy Exatigm adrdy ovppergoy forer VP Post &g add, omeQ
£3es Seifo % 16. :5'] corr. ex 1" m. rec. P, mut. in ¢f' m.

[
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biles 4B, BI. dico, etiam totum AI uirique 4B, BT
commensurabile esse,

nam quoniam 4B, BI" commensurabiles sunt, mag-
nitudo aligua eas metietur. metiatur et sit 4. iam
i quoniam . magnitudines

AB, BI' metitur, etiam to-

tum AT metietur, uerum
etiam 48, BI' metitar. A igitar 4B, BI', 41" me-
titar. ergo 4TI utrique 4B, BI" commensurabilis est
[def. 1].

Tam uero 4I, 4B commensurabiles sint. dico,
etiam 4B, BI' commensurabiles esse.

nam quoniam AI', 4B commensurabiles sunt,
magnitude aliqua eas metietur. metiatur et sit . iam
quoniam 4 magnitudines I" 4, 4B metitur, etiam reli-
quam BI" metietur. verum etiam 4B metitur. A igi-
tur 4B, BI' metietur. itaque 4B, BI' commensura-
biles erunt.

Ergo si duae magnitudines, et quae sequuniur.

XVL

8i duae magnitudines incommensurabiles compo-
nuntur, etiam totum uirique earum incommensurabile
eat; et si totum alterutri earum incommensurabile est,
etiam magnitudines ab initio positae incommensura-
biles erunt.

Componantar enim duae magnitudines incommen-
surabiles 4B, BI' dico, efiam totum 4TI utrique 4B,
BI' incommensurabile esse,

) B
—ld

2F; o B, mg. 5. 19. cdupergoy B, corr. m, 2; item lin. 20.
21. ovyuclofasar V., BI'] corr. ex I'B F.
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nam si I'4, 4 B incommensurabiles non sunt, mag-
nitudo aliqua eas metietur. metiatur, si fieri potest,
4 et sit 4. iam quoniam 4 magnitudines I'4,

Id AB metitur, etiam reliqguam BI' metietur,

uerum etiam 4B metitur. o igitur 4B, BI’
metitur. itaque 4B, BI" commensurabiles sunt.
lg supposuimus autem, easdem incommensurabiles
esse; quod fieri non potest. itaque nulla magni-
tudo I'4, 4B metietur. ergo I' 4, 4B incom-
mensurabiles erunt. similiter demonstrabimus,
etiam 4I, I'B incommensurabiles esse. ergo AT
utrique 4B, BI' incommensurabilis est.

Iam uero 4I alterutri 4B, BI' incommensurabilis
8it. sit prius magnitudini 4 B incommensurabilis. dico,
etiam 4B, BI' incommensurabiles esse. nam si com-
mensurabiles sunt, magnitudo aliqua eas metietur.
metiatur et sit 4. iam quoniam o magnitudines 4B,
BT metitur, etiam totum AI' metietur. verum etiam
AB metitur. o igitur I'A, 4B metitur. itaque I'A,
A B commensurabiles sunt. supposuimus autem, easdem
incommensurabiles esse; quod fieri non potest. itaque
nulla magnitudo 4B, BI' metietur. itaque 4B, BT
incommensurabiles sunt.

Ergo si duae magnitudines, et quae sequuntur.

-I

Lemma,
Si rectae alicui parallelogrammum adplicatur figura
quadrata deficiens, adplicatum spatium rectangulo par-
tinm rectae adplicatione ortarum aequale est.

28. rezpaywyp] COTT. ex mogullnloyedpum m. rec. b, 74]
e F. £ mepafindév] om. b,
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loov dorl T3 Omd Tav dx vig nagufors pevoudvaw
TunudTey g svdslag.

Iupe yap ebdelay viy 4B mepafefijodo meagal-
Anddypappor to A4 élletrov elde terpaydve Td A B
Aéym, Ot leov dotl 16 A4 vg vmd vav AT, I'B.

Kol oty avnédev povepdy: énel yap tstodyoviy
dovi v0 A B, lon éotlv 5 AL tff I'B, nal éove v 44
t0 Umo o 4T, T4, tovréor vd vnd zdv AT, I'B.

Eav dpa mapd twa eodelav, xol ta £Eig.

of,

'Eav 6ot 8vo edfelar Evidol, vp 8F terdore
pépes Tov amd vijg éAdodovog ldov xapa THY
pelfove wapafindf dAleimov side vevpaydve
xal 6l 6Vpperpa avrny Siarpf pijxet, § pelioy
tijg éAaeoovog peliov dvvijcerar vp dmd cvp-
pérgov éavrf [prgxs). xal dav % pslfov g
éldadovog petfov 8vvnrar Td 4xd cvppérgov
Saved) [wijxst], v 8} vevdoro vol and tig dide-
cgovog loov mapd vyv pelfova napafindy éAAel-
mov &ides vergaydve, sig o'ﬁy,ysrpa avTyy
deacgel unxse.

"Eoroeay 0vo eddelo dvidoi al A, BI‘, dv pelfov
5 BT, © O} tevdgro uéger to¥ dxd Tig éAgedovog
1iig A, tovréere v@ dné vig fuweoslag ziig 4, loov
nepe vy BI' napafefliodm édsimoy slde torgaydve,

8. ©0 AJ megailnisyeuppov Theon (BFVh ante 44 eras.
raF) 4. 'zerpuymvmf corr ox napullqlu-yqupym m. rec. b,

4B] Bd Fb, 5. dorty L @] o F.  AT'] corr. ex
T'dm 1hb I’'B] I e corr. V. 7. fouv LB. TI'B} BI"

BY. éortw LPB. 8. I'd] 4P, Jecorm. V. tovrégrs— I'B}
m 2V, rovriouw LPBV. 9. Post edfsiay add. meqo-
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Rectae enim 4B parallelogram-
mum adplicetur 4 A figura quadrata
AB deficiens. dico, esse
4 r s Ad=AI><TB.
et per se patet; nam quoniam 4B quadratum est, erit
Ar=T8B et Add = A >Td = A > I'B.

Ergo si rectae alicui, et quae sequuntur.

XVIL

Si duse rectae inaequales datae sunt, et quartae
parti quadrati minoris aequale spatium maiori adpli-
catur figura quadrata deficiens, quod eam in partes
longitudine commensurabiles dinidat, maior quadrata
minorem excedet quadrato rectae sibi commensurabilis.
et 8i maior quadrata minorem excedit quadrato rectae
sibi commensurabilis, et spatinm quartae parti qua-
drati minoris aequale maiori adplicatur figura quadrata
deficiens, eam in partes longitudine commensurabiles
diuidet.

Sint duae rectae inaequales 4, BI, quarum maior
sit BI, et quartae parti quadrati minoris 4, hoc est
(3 4)% aequale spatium rectae BI™ adplicetur figura

glnﬂ' :wpullqi.oygup.pnv V. Post éE7c add. g ngaﬂmemg
Vy 0. ¢ F m, 2; & B, mg. . 11 dow P.

12. Elunnvog F 13. ﬂ.:paymvm] io ras, m. 1 b, 14.
m]u‘rj . 1s. £1a-mwoc ¥ ovppézeo F. 16, prixse] om. P.

GvF. #1740, etF eed corr. 17, éidrrovos F. peitor]
mg. m. 2 F, peltova b. 18, paxse] om, P Post zzragro
add. péess b, F m. 2. ﬂattovog F. 20. efg] in ras, V,
corr.ex ef m.rec. b.  avrij V, sed corr. 21. duedsi B, ehs'ﬂ.;q
Vb et corr. in deelei F. pruy F. 22. gpaifov b, pelfov

forw F. 23, dldrroves F. a4, z7ig] % F. zovtiony P,
] 6 F, et V, sedcorr. m. 1. wof 4 B; off 4 V, sed com.
Euclides, edd. Heiberg et Menge. III. &
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xal fgro 76 tmo vav Bd, AT, evppsrgog 0% éotm
B4 v} AT pymer Adyw, 6ve % BI viig A psifor
dvvarar T amo ovppérpov favry

TitpiioPw yep % BI diye xota o E enusiov; xal
#&lo®w ) AE lon 9) EZ. Aotm) dga 5 AT ley éotl
tff BZ. xal émwel edPela n BI' térpnprar ely pdv loa
xave 10 E, &lg 0 awoe xavé ©0 4, o dpa 9mo B,
AT mequegdpevov dpBoydviov psra vov and tig Ed
vetpaywvov loov forl tf amd vig EI wereeydve”
xal 10 veTQUAEAGGL TO dpa Terguntg vmo twv Bd, AT
peté rob tergamieciov tob amd vig AE lgov éorl T
revgaxig dno vijg EI vsvpaydve. dAde vo pdv terpa-
niedim vov Umd tov BA, AT loov éotl to damd vijg
A revgayovov, T 8% terpamiacip tov dxd tig AE
loov éotl 0 amd tijg AZ verpdymvoy' Simhadiov ydg
dovwy 7 AZ vijg AE. v 6} verpamdadlp tob dmd
tijg ET ieov éoti 1o and vijg BI terpdyovoy' dizie-
oiwv yig éat maiw 1 BT g TE. td &pa éamd vowv
A, AZ revgayove lon éotl 16 ano tiig BI terpayave”
Bore to and rviig BI tod dmo zijg A peitéy Zove 16
amd tic 4Z° 7 BI &pa vijg A pelfov dvvares 15 4Z.
dzuxzov, ote xal evpperdg éovww 1) BT v A4Z. énmel
pécp 6vupetedg fovww 1§ Bd vij AL pijust, oUppsroog
doa Zotvl xel §) BI vff I'd pijxe. adde 5 I'd vais
I'4, BZ dov odpusrog pimes loy pde éovw 1 Id
t} BZ. xal % BI' dpa 6vpuerpis ot taty BZ, I'd
pixer” ote xel Aowy v Z4 adupergog dorey n BIN

1. 4T} I'inras. F. 3. Post favef add. pijeee Vb, F
m 2 b dI')corr, ex BI'm. rec. b, dovdv P. 1. ¥md
iy BFV. 9. foeiv P, 10. td]m. 2 V. 1] t¢ B. BA)
in ras. m. 1 P. 11, terpiueg Theon (BFVDL),  roi] om.
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4 quadrata deficiens, et sit B> 4T
— [u. lemma], et B4, 4T longitudine
L .|  commensurabiles sint. dico, BI?

BZ B Al reedere A quadrato rectae sibi

commensurabilis.

nam BI'in puncto E in duas partes aequales se-
cetur, et ponatur EZ = AE. itagque A4I'= BZ. et
quoniam recta BI" in E in partes aequales sectn est,
in 4 autem in inaequales, erit [II, 5]

BA> AT+ ELf=ETI".
et quadrupla eodem modo; quare
4BA AT + 4 AE? == 4 EI™.
nerum A4 = 4BA > A", A4Z? = 4 4E* (nam
AZ =2 4E), BI'" == 4 EI'* (nam rursus BI'= 2PE)
itaque
A2 A7 == BI'?

quare BI' excedit .4® quadrato 4Z% demonstrandum,
BI, A4Z commensurabiles esse. nam quoniam B.J,
AT longitudine commensurabiles sunt, BI' et I'd
longitudine commensurabiles sunt [prop. XV]. uerum
I'A rectis I' A, BZ longitudine commensurabilis est;
nam I'4 = BZ. quare etiam BI rectis BZ, I' 4 longi-
tudine commensurabilis est [prop. XII]. quare BIetiam

Theon (BFVDL). Ea FVb, fow BF. 12 I'EF. revge-
wilaglp tod] Tetpdug Theon (BFVD). 18 tmvkom b. 14, &)
postea ins. F.  cewedxig, om. tov, Theon (BFVD).  18. 1::-
zpeyovvoy P, corr. m. 1. 16. Z4 P,  zerpewmg, om. tof,
Theon (BFVb) 18. 'E] EI' V. 19. 4, 4Z] e corr. V.

tergeywve] []° supra ser. m. 1 V., 20. Post dore ras. 2
Ltt. V. 981l zfjcorr.exzo6 F. ZJgP. 22 ZaP 23
fom: P, corr. m, 2. 24, all F. 95 ZBF. 26 taig BZ,
I'a #on evpustpog Theon (BF VD). fonw P, 27. paner)
7 in ras. m. 1 P. BI'] in ras. V.

AN -]
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urpxer: § BI" Gou tijg A peifor dvvatar vj &md Gvp-
uéroov Eavry.

'"AAde 0y % BI wig A psifov dvwdcdw vd damo
cvupsreov favey, td O} terdgre Tov &nd tig A loov
wogw vy B negufefliobo éAcinov sldse revonydve,
xal forw o Umo tov BA, AL dsxréov, Sre adu-
pergog orey § B v AT prxe.

Tév pag atrdy xeraoxsvacdévror duolws dectopsy,
ore  BI tijg A peifov dvwverer 16 dmo tijg Z 4.
dvverow 8% # BI tiig A psifov ©e dmd ovppdroov
fqutij. ovuusrgog doa éotlv § BI v Zd ugxst
wore xal Aouni] ovvepporépe vfj BZ, AT evuuerods
dorev ) BI uixsi. dAle ovwvepgérspog % BZ, 4I'
o‘ﬁpy.srpég dote v AT [prjxse]. dove xal 'f; Br 1.'1'7 ra
o’vy.y.szpog dome pnpcsc nel Siedovre doa 7 BA my a4r
éonu o’vppstoog e,

‘Fav dpa dor vo sUdstow dvidos, xod ve éfdjg.

oy

‘Edv ddas ddo sbdelar Gvidoe, 1.'03 L} rera@rm
uéper Tov amo Tig fAd6dovog g0y magd TRV
pellova mapafindf é2Aelmoy slder vevpayodvo,
xelelgacvpperouavTyy Sracpf [ufxe], npelfor
g élacdovog petfov dvvijoeTal To dmd ddvp-

2. Post favrf add. prxee V. 4. ﬂw]Fm ras, V. 8.
ouolmg 8 V. 65(50;;815 Jew- corr. ex dn- 9. Poat Z .o
dal m. &: ovtw yog vwbreirer V. 10, peifov viis A P. 11,
euvmg P. 12. »ee/] m. 2 F. cvvap?orepm - 8 corr. V.

jj] corr.extg F. 14, off AT avppsreds dor: Theon (BF Vb
i AP postea ins. B nxet] om. P, Dein add. Theon: i'o'q
yag dorev 7] BZ vff AT (BFVbh; = com. m'mgm 2 F, =g b;
4F). ooze] om. Theon (BFVh). BI' dge Theon (BF Vb).
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reliquae Z  longitudine commensurabilis est. ergo BI™
excedit 4° quadrato rectae sibi commensurabilis.

Iam uero BI™ excedat 4* quadrato rectae sibi com-
mensurabilis, et quartae parti quadrati 4% aequale
rectae BT adplicetur spatium figura quadrata deficiens,
et sit B4 > 4T [u. lemma]. demonstrandum, B A,
AT longitudine commensurabiles esse.

nam iisdem comparatis aimiliter demonstrabimus,
esse BI® = A4 Z 4% BI™ autem quadrato rectae sibi
commensurabilis excedit quadratum 4%, itaque BI, Z 4
longitudine commensurabiles sunt. quare BI" etiam re-
liquae BZ 4+ A4I'longitudine commensurabilis est [prop.
XV). werum BZ 4 AT rectae 41" commensurabilis est
[prop. VI]. quare etiam B I, I' 4 longitudine commen-
surabiles sunt [prop. XII). itaque etiam dirimendo
B 4, 4TI longitudine commensurabiles sunt.

Ergo si duae rectae inaequales datae sunt, et quae
sequuntur.

XVIIL

8i duae rectae inaequales datae sunt, et quartae
parti quadrati minoris aequale spatium maiori adpli-
catur figura quadrata deficiens, [quod eam in partes
incommensurabiles diuidat, maior quadrata minorem
excedet quadrato rectae sibi incommensurabilis. et si
maior quadrata minorem excedit quadrato rectae sibi

ovppsreog dovt vy I'd Theon (BFVb; 4T V). 15, prjuse:
»eef] om. Theon (BFVb).  17. xal va &) v 8t zevdgrep
péges Tov dmo vijg flaodovog lvov mogd Ty peltova wupaflndy
é1isimor eldss vevpuydve, ol o Effje: Omep £95e deiter ?V 8.
» B, of mg. 18, daiy B, 20, figrrovos F. 22, ’"j“{']
om. P, wixn F. 23, dldrrovoe F. w6 F.  ovppdrqov
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uérpov éavry. xul dav v pelfov vic éAdddovog
uetforv 8vvyTal T ano asvupfrpov favei, te 83
TeThQTO ToU amd tijg éAdddovog [oov magd THY
pelfove nepaflnydit éAdelwov sids: teTouywive,
els aavpperpa avryy Srarpsl [pixe].

*Egtwoay dvo e0Pelar dvoor of A, BT, ov uslfov
v BI, v 0% tevagre [pépe] Tov dmo tijg éidodovog
tiig A loov mapa iy BI' mapofsfifodte Zldeimov
slder revpuyave, xal fotm vo vmd tdv BATI, dovu-
uergog 6t fovw 5 B4 o) AT wixse:  Adyw, 6vi 9§ BI”
tig 4 psifov Svveres te amd dovppbreov fevei.

Tdv pap avtdy xevacxsvaddéviov ve mweoTEQov
opoleg delbousy, o  BI s A pelfov dvwvarar T
and tiig ZA. dsxriov [ovw], Gue dovupcredg oty
7 B vfj AZ wijxes. émsl yop aovppergdg domv 1)
B4 xff 4T wixer, dovpustgog Gpa fori xei 3 BIT
vif I'd piner. adde n A edpperpds éot ovvap-
gotépatg talg BZ, AT xel 1) BI' &ge advpusrods
dot avvepporépuus taig BZ, AT dote xol Aowms] v
Z 4 aovpuerpds Eoviy 4 BI uyxer. xel 5 BT tig A
uetbov Ovverer o amo wijs Z4* 7 BI dpe i A
ustfor dvverar i3 démd zovppéreov favti).

Advvaoda 6% malw 3 BI tig A usifov vd amd
advppéroov favrfi, véd 0 verdgre tol dmo tig A lsov
nogs tqv BT negefefinodn lisinoy elds revguyva,

1, we! — 2. favrjj] om. 1. peitor V, sed corr. élgz-
rovog F. 2 wppemw F, et B corr. m. 2. 8, {ldrroves F.
6. dumeit . pijxes] om. P, wiun F. 7. dozly §{ F. péeec)
m. 1 vov] t9 F.  dldcroveg F, 8. zijg] tf F. Q.
BI"A‘b Bd 4LV (4T in ), F, P m, rec. 11, ovu-
pétgor B corr. m. rec. 18 t] m. rec. B; «d P, corr. m. 2.
ngotégp F. 14 JZ V. ovs] om. P. S xef P. 15
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incommensurabilis, et spatium quartae parti quadrati
minoris aequale maiori adplicatur figura quadrata de-
ficiens, eam in partes incommensurabiles diuidit.
, Sint duae rectae insequales 4, BI', qua-
IB T rum maior sit BI, quartae autem parti qua-
z |4 drati minoris A sequale spatium rectae BI
l ~  adplicetur figura quadrata deficiens, et sit
BAa><AI [u. lemma p. 46], et B4, 4T lon-

Lf gitudine incommensurabiles sint. dico, BI™
-l-r' excedere A® quadrato rectae sibi incommen-
surabilis.

iisdem enim, quae in priore propositione, compa-
ratis similiter demonstrabimus, esse BI™ = 4* - Z42,
demonstrandum, BI, 4Z longitudine incommensura-
biles esse. nam quoniam B, 4TI longitudine incom-
mensurabiles sunt, etiam BT, I 4 longitudine incom-
mensurabiles sunt [prop. XVI]. verum AI' rectae
BZ4- AT commensurabilis est [prop. VI]. quare etiam
BI rectae BZ 4 4I' incommensurabilis est [prop.
XIH). itague BI etiam reliquae Z 4 longitudine in-
commensurabilis est [prop. XVI]; et BIMP=4%--Z 4.
ergo BI'® excedit A4® quadrato rectae sibi incommen-
surabilis.

JIam rursus BI™ excedat 4° quadrato rectae sibi
incommensurabilis, et spatium aequale ¥/, 4® rectae BI'
adplicetur figura quadrata deficiens, et sit B4 >< AT,

Z4 B, 16, pijxer] om. Vb, m. 2B, d&ge] om. V. doriy P,

comp. F. xef]m. 2 F. 17. I'd]linras. F. &l F. 4]

eupre gcr. m, 1 V.  aodppereos F.© 18, xad — 19, 4] m.

2B 920.Zd) “4’'ZF. BI'|(prius) 'BYV. 21 BI|

B in ras. m. 1 B, 22, gvupérpov B, corr. m, 2; item lin, 24.
24, 10%] 1 F.
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nel Eoro 10 vmd tov Bd, AI. Saxtéov, o1 dovu-
peredg éorwy 7§ BA v AT pajnse.
Taov pop atrey xatadxevaddévioy duolag delfousy,
ote ) BI vijg A peifoy dvvarm vi and wig Zd. alié
5% BI-tis A pelfov Ovwarer tvé dmd dovppérpov
éavts;. dovppstgog doa dotly ) BI v Z4 piixsr” @oze
xel Aouwy ovveugotipe vfj BZ, 4T aovuucrgds éoriy
% BI. dlle ovvepgérespog 4 BZ, AT tjj AT ovy-
peTpds dome pﬁxsz xol y B c’r'pu tj A &613;1#5:96;
10 dot: unxer dove xel disddvve 4 Bd v AT acvppe-
Tpog oTe _mpm
‘Eav dpa aor 000 svdelm, xeal t& £kt

Afjp pe,

"Enel 0é0entar, Ot af uixs ovppergor mivrag xel

16 Ovvauss [elol odppevpos], of 0} dvvaps 0¥ mdvrwmg
xel wixer, adde Of Olvevrar pixer xol odupergor
slver xel a’co’ﬁyys'rpm, tpcwepo'v, ove, kv 13} éuner-
y.e’m; o} duppez’pog o m]xec, Adysven oy xal
OVpuETQOg avT ov movov pixsi, aAdd xel dvvduer,
20 éxel ol piner odpperoor mavrwg xel Suvdps. fav 6%
i} éxxepdvy T edpupergds Tig 7 Ovvduer, & piv
xel papxer, Aéysran xal olrwmg fyre) xal ovppergog avri)

1 4] m, 2B, 2 9 dBdovs F. 4. A4Z V. ol

5. tmp;sww F, corr. m, 2. 6. faveig P, corr. m. 1,
uwppetea corr. m. 1, 4Z Y., B8 3 Al m. 2 F.
awppsrooeF sed corr. 9. hmvP xal]om. P, wad — 10,
panse] mg. F.  10. Ante woze del. 13 BI &gee tj 4T m. 1 P,
12. mo’w B. Post svfeioe ndd. cwwa&, 5 8% reragre péget
T0% dmd tiig éldecovog looy mogae v pelfove mxgn:ﬂ?.‘q&y V.
18. J.rmpm} om. PBb. 14 dxel 8¢ V. 15, elol ovppereor]
om. P.  ov] gdppergor oo P. 16, dild — prine] mg. m. 1P,
67 oniadn BV Db, 67 éniady, del. 61, F.  xal pine: BREVD,
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demonstrandum, B4 et 41" longitudine incommensu-
rabiles esse.

iisdem enim comparatis similiter demonstrabimus,
esse BI? = A% 4- Z4%. BI® autem A* excedit qua-
drato rectae sibi incommensurabilis. itaque BI', Z 4
longitudine incommensurabiles sunt. quare BI® etiam
reliquae BZ -4 AT incommensurabilis est [prop. XVI].
verum BZ - 4TI rectae 4I" longitudine commensura-
bilis est [prop. VI]. quare etiam BI rectae 4T longi-
tudine incommensurabilis est [prop. XIII]. itaque etiam
dirimendo B4 et 4TI longitudine incommensurabiles
sunt [prop. XVI]

Ergo si duae rectae, et quae sequuntur,

Lemma.

Quoniam demonstratum est [prop. IX coroll], rectas
longitudine commensurabiles semper etiam potentia
commensurabiles esse, rectas autem potentia commen-
surabiles non semper etiam longitudine, sed posse
longitudine tum commensurabiles esse tum incommen-
surabiles, adparet, si recta aliqua rationali propositae
longitudine commensurabilis sit, eam rationalem eique
commensurabilem uwocari non modo longitudine, sed
etiam potentia, gquoniam rectae longitudine commen-
gurabiles semper etiam potentia commensurabiles sunt;
sin recta rationali propositae potentia commensura-
bilis sit, si etiam longitudine sit commensurabilis,
eam sic quoque rationalem eique longitudine et potentia
commensurabilem uocari; sin rursus recta rationali

19, avry F. 20. #nel of] of yeg Theon (BFVh), 22,
xnal] (alt) m, 2 B.  aveg F.
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pijxee xol Ovvaps: ef 0% ©ff dexepsvy wddw $ur

oVBusTEOS Tig ovoa Suveus: wixel edTy 7 devuusTgog,

Adyeten wol oUrmg dqry Svvaps udvov cvpuerpos.
o8

T vmo fnradv pixer cvpufrpor xratd tive
1dy mposionuévor teiney sVfedy msgLEyd-
pevor dpBoy@viov ¢yrov édTew.

‘Tro pag (rov pixs ovppirpoy UPacy Tdv
AB, BT bpBoyavior mepuegéadem 16 A Adyw, Ore
¢yréy dori ©o AT

Avaysypdpdw® yag dnd vijg AB terpdyovoy 10 A"
gnrov Gpa éorl v0 Ad. xal émsi ovupsvedg foTiv
AB tvjj BI" wijxe, lon 8¢ éovww 1) AB vfj BA, odp-
usrgog dpa forly ) BA tff BI pixer. xal oty dg
7 B medg v BT, olitwg ©6 44 medg vo AT ovpu-
uetpov Goa éotl 1o A4 vi_ AL §ynov 0k w6 44
onrov &pa dorl xal 1o AT

To &pa vm0 $qrav piyxer cvupéromv, xol e k.

’

«.

‘Eav ¢nyrov weea $ntyy magafindy, widtog
w01l TNV xal GVuuergov vy, maQ Ny WaQd-
RELTAL, WLAREL

2 050‘12' rig FV.  dvwvdpei] -ec e corr, seq. spab. 2 litt. F.
avel ] f et BFY, ¢ V. 8. odtwg) comp econ- F. povov]

comp, mg. V (euan) Beq nlt lemma, u. app. 4, o] sic F,
sed infra »'; mg. wpijpe f fjxer — 6. mgo-] in ras.
m. 2 B. 5. edBeicy xard Theon (BF# 6. rgomon? &=

&umv] om. Theon (BFVDb). 8. w&suw tév] in ras. V 12.
t0 A4 doo §nrov dorev F. 18. 4B] (alt)BaB. BJ] 4B in
ras. P, B4 in ras. B. ovppetgos — 14, BT om. B; mg.
m. 2: [m) lin, 18 — pojxee lin. 14, ut noa.  16. otz V. 0]
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propositae commensurabilis potentia, eadem longitu-
dine ei incommensurabilia sit, sic quoque eam ratio-
nalem uocari potentia tantum commensurahbilem.

XIX.

Rectangulum comprehensum rectis rationalibus
longitudineque commensurabilibus secundum aliquem
modorum, quos diximus [u. lemma], rationale est.

Rectis enim rationalibus longitudine commensura-

bilibus 4B, BI' rectangulum comprehendatur 4T
dico, AT rationale esse.
4 nam in 4B construatur gquadratum
Ad. itaque 44 rationale est [def, 4],
et quoniam 4B, BI' longitudine com-
4 B mensurabiles sunt, et 4B=8B4, BAS
et BI longitudine commensurabiles sunt, et B#:BI'=
A4 A [VI, 1). itaque 44, A" commensurabilia
sunt [prop. XI]. uerum 4 A rationale est. itaque etiam
AT rationale est [def. 4].

Ergo rectangulum comprehensum rectis rationalibus
longitudineque commensurabilibus, et quae sequuntur.

r

XX,
Si spatium rationale rectae rationali ‘adplicatur,
latitudinem rationalem facit et ei longitudine]commen-
surabilem, cui adplicatum est.

&alt.)_ corr. ex fjy m. rec. P.  AI'] o corr, P.  16. dociy P,
ol wel V. té] e b. A4 F. 17, daefy P, om. FV. 18,
grines ovppérowy] om. BVb. Ante xef add. sdfecdy F.  nal
e é8fig} om. PV, 19. x'} seq. ras. 1 litt. B, »e’ F. 21
mo:ei] -ai @ corr. m. 1 F.  rjj] corr. ex 7¢ m. rec. b.
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"Pyrov pag to AT mepa $nryy xevd twve malow
oy mposipnuiveov teéneov iy AB mepefsfiicdw
midrog mowotw 1y BI™ Aéyw, ot $yre dowev 4 BI
xal oduperpog tff BA uixsr.

‘AvaysypipBo yag dnd vig ABrerodyavoy to 4.4
yrov dpu éotl 1O AA. nrov 0F xel 10 AT ovp-
uergor dga fatl t0 A4 o AL xai- dorwv @g 1o
A4 mpog 160 AT, obrwg § 4B meog vy BI'. evp-
uetgog &ou éotl xal § 4B vy BI'* oy 8% ) 4B 3}
B4 dﬁppsrpog dpe xal 7 AB vjj BI. éqm} 8¢ doriv
7 AB fnry &pw fotl wal m BI xal o‘vy,petpog 27
AB pm:se.

‘Edv &po 67}1:01: mepa Gy mapafind, xel va éiig.

B, X,

To vmo ¢nrev Svvdps: udvov dvupéromy s0-
Berdy megiegdpevoy dpPoyavioy dloyiv fotiy,
xal 7 Svvepévy avro RAoyds d6Tiv, xaldciicdw
0 uéon.

Two yde ¢nrov dvvdps: pévov dvpye’tpmv sodedv
Gy AB, BI' og&oymvwv mpaeze’a&m 10 A léywm,
dn. Ghoydv dori 10 AT, el 9 dvveudvy atnd dloydg
dorwv, xudslodw 6} pdon.

‘Aveysypdpde yig dnd vig AB tergdyavoy vo A4
dyzov dou dotl 1o Ad. xel éwel acvuucreds Lo

1. gnqviw iy AB V. 2. slonpévey Theon (BFVD). 13i»

4Blom. V. 3. wméebw P. 4 4B P. 5 AB] corr. ex
AT m. 2F. 6 dottv P. AT]TAF. 1 doctv P. 44|
Ad V, 8. t7j»] om. BFb, 9, oty P, AB] (alt) post
ras, V, Ba P, 10, B4] A e corr. m. 1 P. doo — =ff] in

rag. m. 1 P. 12. B4 BVb, 18, &» F. moega gnTiy]
om. F. mogefinds] om. P. Seq. lemma, u. app. 14,
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Rationale enim spatium AI" rectae 4B rationali
rursus secundum aliqguem modorum, quos diximus
[u.lemma p.56], adplicetur latitudinem faciens BT dico,
BT rationalem esse et rectae B .4 longitudine commen-
surabilem.

construatur enim in 4B quadratum A4. A4 A igi-
tur rationale est [def. 4]. uerum etiam AT rationale

y. - est. itaque 4 A, AI" commensurabilia sunt.
et JA4: 4= A4B:BI' [V], 1]. itaque 4B,
B 4 BI commensurabiles sunt [prop. XI]. ue-

rum 4B =B 4. itaque etiam 48, BI com-
mensurabiles sunt. sed 4B rationalis est,
itaque etiam BI" rationalis est et rectae
AB longitudine commensurabilis [def. 3].

Ergo si spatium rationale rectae rationali adpli-
catur, et quae sequuntur.

r

XXIL

Rectangulum rectis rationalibus” potentia tantum
commensurabilibus comprehensum irrationale est, et
recta ei aequalis quadrata irrationalis est, wuocetur
antem media.

Rectis enim rationalibus et potentia tantum com-
mensurabilibus 4B, BI" rectangulum A4I" comprehen-
datur. dico, rectangulum A I'irrationale esse, et rectam ei
aequalem quadratam irrationalem; uocetur antem media,

nam in 4B quadratum construatur A44. itaque
A A4 rationale est [def. 4]. et quoniam 4B, BI" longi-

xed'] @ in ras. m. 1 B, xf F et sic deinceps. 15, Post $nrav
add. éde B. 16, facs PBV, comp. Fb. ~ 17. Zgre BY, comp.
Fb, forex P.  22. éor1 PBV, comp. Fb.
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n AB 1y BI pixsr’ Svveps yap uovov omdxstvrar
evpperpoi ion 0t 7 AB tj B4, dovupergos &oa
éott xel § 4B v BI pvxer. xal éoviv @g % 4B
npdg iy BI, otreg 16 A4 meog t6 A" dovups-
tgov doa [éorl] 10 JA 1@ AL {fyrdv 8t o 44"
dhopov dge fotl o A dote xel % dvvapdvy o
AT [vovréoriv % loov avr@ zevpeymvoy dvvauévn]
&loyog éorv, xalsiode Ot pfon: Gwee E8er deibor.

Afpue.

Eav wor dvo eddelar, éoriv dg 1) mpdrn meog thv
devrégav, oTrwg 10 GwO TG WEWTNG WEOS TO VO TOV
0o sideidv.

éorwany Vo evdclar of ZE, EH. iéym, ovu éetiv
g 7 ZE mog v EH, otrtws 0 ané s ZE mpog
16 vmd tov ZE, EH.

evaysypipdo yeo and tis ZE terpiyavor vo 4Z,
xel ovumeninewodo vo HA. énel ovw dovw &g ) ZE
mog iy EH, ottwg 16 Z .4 medg vo A H, xal éove
w0 utv Zd to axd vijg ZE, 10 8% A4H ©o vnd rov
4E, EH, vovréere vo vno vov ZE, EH, éonwv &pe
og 7 ZE ngog v EH, ovrwg 70 dmo vijs ZE mpig
©o Um0 vav ZE, EH. Opolwg 0} xel og ©d Omd tdv

1. B'l 'BYV. ydg] comp. F, supra scr. 88, 8. éaciy B.
4B] (alt) B4 P. ‘4 AT'] corr.ex AB m., rec. P.  b. Zoris
B,om P. A4 FV. AA4F. 6 éoctwP. 1. 1] supra ser.
m. 2V, 8. éous PV, comp. Fb.  Ante dmse add. P:
Si 7o (mg. m. 1) v ldov dvaygdgovoey tetgdywvey 1 AT
ywoler, Ty xodel péony, péony avaloyoy slven tév AB, BT
eodem loco Theon: die zd 0 da’ avrig zswét’wvoy foov elven
@ o0ty AB, BI xal péomy dvdloyov avny ylyvesar (yi-
veebur BY) ziiv 4B, BT (BFVDL). 9. inppx ¢ V (cfr. app.).
10. worv B, b¢] 8t ¢ F. 11, mpég) supra ser. m. 1 F',
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) tudine incommensurabiles sunt (supposuimus
enim, eas potentia tantum commensurabiles
B 4 esse), et AB=BA, etiam 4B, BI longi-

tudine incommensurabiles sunt, et 4B:BI
= AA:4T [V], 1]. itaque 44, AT in-
commensurabilia sunt [prop. XI]. nerum o 4
r rationale est; quare A4 I irrationale est
[def. 4], itague etiam recta spatio 4TI aequalis qua-
drata') irrationalis est [def 4]; uocetur autem media;
quod erat demonstrandum.

Lemma.

Datis duabus rectis est ut prima ad secundam,
ita quadratum primae ad rectangulum duarum illarum
rectarum.

Datae sint duae rectue ZE, EH, dico, esse

ZE.:EH—=ZE*;ZE>EH,
z E H describatur enim in ZE quadratum
’ A4Z, et expleatur Hd. iam quo-
' niam est ZE:EH =Zd4:4H
4 (VL1 et Za=ZE*, A4H=JE
> EH=ZE>EH, erit
ZE:EH=ZE*:ZE>< EH.

1) Uerba rtovtéosriy — Svwapévn lin. 7, quae nihil ex-
plicant, subditicia babeo (pro Svrauéwvn Augustus coni. dvayed-
povae). quae adiiciuntor lin, 8 (u, not. crit.) in P apertissime
scholiastae sunt (xwlsl); quare etiam additamentum simile codd.
Theoninorum ipsi Theoni, non Fuclidi tribuendum est.

Umd] corr. ex aue Fb. 14, mpég— ZE] mg.m.2B. EH]

HEF. 17 +d] corr. ex eiig F. 18 zio] om. b, domy P
19. 7o vwo — 20. rovrfor:] supra scr. F|  20. rovtéony P,
22, xal ¢g] ins. m. 2 F,
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HE, EZ mpog 10 and tijg EZ, rovréory we to HA
npog 16 ZA, ovrwg 5 HE npog tiy EZ" omso £de
detkau.

xf.

To and uéong meps ¢nryv megefaridpcvor
mldrog moiel nTyv xel agduppergov T, mag’
NY TAQARELT®E, BIYAEL

"Eotew udon plv § A, éney 6% § I'B, xel vo dno
tijs A igov maga Ty BI magafefiyoda yogiov 6pdo-
yeviov t0 Bd mlarog moovw iy I'd* Aéym, v dyeaj
éoriy 1 I'd xal dodppergog v; I'B urjxs.

‘Enel yao péon éotlv 1 4, Svverer ywelov mzpr-
sxopevoy UmO Pnrov dvvape povov Ouppérgv.
dvvdoPw 10 HZ. dvwarwe Ot xal to BA- loov fpa
éotl v0 BA v HZ. Fove 0} avré xel (Coymviov-
oy 0t lowv 16 xel {Goywviev mapelinioppduucy
dvrimendvdady of mhesvpel af mepl tég lomg yaviag:
dvaloyov dpo fetlv as %) BI' mpog viy EH, ovtwg
% EZ mpog iy I'd. Eenwv dpa xel og 6 dmd ijg
BI mgdg ©6 ano tijg EH, oUrms 10 and vijg EZ mpog
70 and thig I'd. ovupergpov 8¢ Zavi 10 amd tig I'B
v and vijg EH' ey pdg dory éxarépa adrdy’ ovu-
uergov dpa éotl xal td dmd tvig EZ tg ano vig I'd,
gnrov 8¢ dore 1o amo tig EZ' urdv dpe doti xal
0 and wig I'd" ¢y cpa fotly %) I'd, xel #mel
aovuustpog forwy v EZ vij EH pixers dvvdps yop
poror elol evupstoort wg 6t § EZ mpog v EH,

2. Zd] corr, ex 4Z V, 4Z BFh, HE] inras. V. Gneg
£dge Jeifoe] comp. P, om. Theon (BFVh). 6. coppsrgay P,
corr. m. 2. 7fj] corr. ex i m. rec. b. 8. xal — 9. ymeloy)
in ras. F. 9. dpfoydvior] m. rec. V. 13. udvor] in raa. F,
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similiter etiam HE>< EZ: EZ*=HA:Z A=HE:EZ;
quod erat demonstrandum.

XXIL .

Quadratum mediae rationali adplicatum latitudinem
facit rationalem et ei, cui adplicatum est, longitudine
incommensurahbilem.

Sit media 4, rationalis autem I'B, et quadrato 4*
aequale rectae BI adplicetur spatium rectangulum B4
latitudinem faciens I'. dico, I’ rationalem esse et
reciae I'B longitudine incommensurabilem.

nam quoniam media est 4, quadrata aequalis est
spatio rectis potentia tantum commensurabilibus com-
prehenso [prop. XXI]. sit quadrata aequalis HZ.
uerum quadrata etiam spatio B4 aequalis est. itaque
Bd=HZ. uerum idem ei aequiangnlum est. parallelo-
grammorum sutem aequalium et aequiangulorum latera
aequales angulos comprehendentia in contraria propor-

B____ tione sunt [VI, 14]. itaque BI': EH

i H =RZ:I'4. quare etiam BI'* : EH*

wx EZ%: T4 [VI, 20]. ueram I'B?

1 et EH* commensurabilia sunt; nam

4 | | utraque rationalis est. quare etiam
r 4 E Z

EZ? et I'4* commensurabilia sunt
[prop. XI]. uerum EZ2 rationale est; quare etiam I'4?
rationale est [def. 4], itaque I'A rationalis est. et
quoniam EZ, E H longitudine incommensurabiles sunt
{nam potentia tantum commensurabiles sunt), et est

14, ddvoaron] Svvadder b, AR P, 16, foriv P. 4B P.
fonir PB. atzo FV. 16. z¢] corr, ex 8¢ m, 1 P, om.
FVY. 21 I'Bjecorr. Y, B’F, 23 lotév P. 24. dezww P.
fortv P. 25, dorlv] postea ins. F. 2. HE F.
Euolides, edd. Helberg ot Menge. IIL. B



66 ETOIXEISN .

obtwg vd amd 7 EZ meds o vnd vav ZE, EH,
dovppergoy dpa [dotl) o ané vig EZ tg vao tov
ZE, EH. dlke 0 piv émwd tig EZ evppctody dove
vo and vijg- ' A ¢nral pdp elov Svvdpe v 8% mo

5 vy ZE, EH ovpuerodv dore ©6 vmd tov 4I', I'B*
lox ydg dome T amd vijg A' acvupergoy doa fovl xal
vd and tijg I'd ves md vy AT, I'B. &g 0t ©0 and
tiig I'd ngdg 0 vmd vov JI', I'B, otrwg foriv 7
AT mpog v I'B* devupsrgog dpo éovly 5 AT vy

10 I'B pijxet. gyryy doa fovly §) I'd xal dovppeveos ©fj
I'B uijxer Smep Eder Oclba,

TR
“H vfj péoy odpperpog uéen dariv.
"Eovw uéon 1 A, xel vff A ovpusrgog Edrwm f B-
15 Afyw, ovr %l w1 B péon doriv.
‘ExxeloBo yee fyen 5 I'd, xal v pdv dnd tijg
A leov mape iy I'd moagefefirjoda ymelov dedo-
yovior ©6 T'E =mldrog zowodv v EA {$qoy &oua
dotlv ) Ed xal dovuusrgog tf I'd pijxs. té 0%
20 &xd tijg B loov mouga iy I'd magefefricdun yoplov
dedoyavior 160 I'Z miAdrog mowoty v AZ. énel
oUv eVppetpds foviv 4 A4 tf B, ovpuerodv fors xal
v amd tifc A T and viic B. dAdde te udv amo
vijs A loov éovl ©o EI', v &% and g B loov locl
25 t0 I'Z* evppergov dow fdovl t0 EI ¢ I'Z. xal

2. douy doo FV. dox{] om. P. 3. #] corr. ex ta V.
dor] om. V. 4. glowy P.°  Suvwdpsi] eras, ¥, dein add. og
doa 0édsuxror, 5. ovpufrgwy P, corr. m, 1, doz:] om.

BFb. 6 elec BYb. ovppergoy F, eed corr. Zeriy P, 7,
T'B meqiegopévee V. 8. I'd] d'F. 9. I'BjT'db. deviy
om. b. 11, Gmep #8er deifer] om. BFDb, comp. P, 12, xy
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EZ:EH=EZ*:;ZE><EH[u.lemma), EZ*et ZE><EH
incommensurabilia erunt [prop. XI]. verum EZ? et I" 4
commensurabilia sunt (nam potentia rationales sunt);
et ZE><EH, AI'><I'B commensurabilia sunt (nam
quadrato 4*® asequalia sunt). itaque etiam I'.?® et
A I'>< I'B incommensurabilia supt [prop. XIII]. uerum
I#: AI'><T'Beo= A :I'B [u. lemma]. itaque AT,
I'B longitudine incommensurabiles sunt [prop. XI].
ergo I'A rationalis est et rectae I'B longitudine in-
commensurabilis; quod erat demonstrandum.

XXTIL

Recta medine commensurabilis media est.

Bit media 4, et rectae A4 commensurabilis sit B.
dico, etiam B mediam esse.

ponatur enim rationalis I'd, et quadrato 4% ae-
quale rectae I' o adplicetur spatium rectangulum I'E
latitudinem faciens Ed. itaque Eo
——— ——1 rationalis est et rectae I"4 longitudine

I incommensurabilis [prop. XXII). qua-
_drato autem B® aequale rectae I'd

adplicetur spatium rectanguluom I'Z

— latitudinem faciens 4 Z. iam quoniam

A4 et B commensurabiles sunt, etiam
A® et B® commensurabilia sant. verum A* = ETI, B? ==
I'Z, itaque ET', I'Z commensurabilia sunt. et EI': I"Z
e=EA:AZ[V],1} itaque E. A, 4 Z longitudine commen-

om. P. 14 o] (alt)om. BFb. 16. zp) vé F, 20. 4T
BYb. 21. TZ) corr. ex EZF. ZA4 P éxi P, corr. m.
rec. 22. Jori] postea ina. F, douiw P.  28. A] corr. ex 4BV,
Ao F. 94 forf] (alt) om. Vb,  ®5. I'Z] (prius) Z in
ras. m. 1 P,

’h‘



10

15

20

68 ETOIXEIQN i

doviv g T0 EI" mpog o I'Z, ofwag 1 EA meods iy
AZ' evuusrgos dpa datly 7 Ed tf] JZ wixs. oy
0¢ dorwv % Ed xol dovuuergog T AT wixse nry
tge éovl xal § AZ nel aovpusrgog tff A wixs al
Td, AZ dpu fyral &loe dvvduse piévov GYuuergo:.
5 0F 10 vmd gnrov Svvdps povov gvuuértgov dvve-
uévy uéey feoviv. % dpa 0 vmod toy I'd, 4Z dvva-
wévy péay dovlv: el Svwerw o Dmd vov I'd, AZ
% B* ufoy &pua fetiv 7 B.

IIdgitopa.

Ex 0% rovrouv gavipdv, Ot t6 (0 péop ywele
ovupeTpov udoov éotlv [MUvavrar pike adra evdslai,
af eloy Svvdps ovppstool, ov 4 frépa uéon” dars xol
7 Aownsy péon éariv].

‘Reavrmg 6% rolg énl Tav fyrdv slgnudvog xal
énl rdy plowyv axodovdsl, vy Tf pdoy wijxe 6vu-
usvgov Adyeador péanv xel evppergov aveq un povoy
pijxer, adhe xel Svvducr, émeidrimep xaddiov al pixs
avguetgor mavveg xel dvveps:.. fav Ok rf péen ovu-
ustds Tig 7 Svvduer, & pbv xel pixse, Adyovrer xal
otrwg péoar xal ovppsrpor wixer xel Svvduer, el 8%
dvvduss pdvov, Afpovrar péoor Suvdpsr udvov ovu-
WETQOL,

4. doriy PB. B, eloww PB. 6. 7 8} ﬂ:} w 4t BFVD,

Post ovppéitgoy add. e0fady wepLsyouevoy q-ﬂaymmw &do-

yov fore xal b, F mg. m. 1, V.m. 2; deinde seq, adro &loydr
éari, nokelobo 8 b, F mg. m. 1; % d‘uwpéw; ovzd Eloyds doruy,

nodelzer 88 péon V m 2. 7 dvvapéyy BFD, et V (del
punctia). 7 péon] SUpra ACr. F y.ea m #eziv] punctis del. V.
7] m. 2 B, Svvapdvy] Guvapsr. 7 b. 8 dorl Vb, comp. F.
9. i B] (pnus) HB 1'3"{) éozt BY, comp. F. avrd]

-ra in ras. V, adcd F, edud uf B of add m. 2 V. 18, sloww
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surabiles sunt [prop. XI]. uerum E 4 rationalis est et
rectae 4 I" longitudine incommensurabilis. itaque etiam
AZ rationalis est {def. 3] et rectae 4I" longitudine
incommensurabilis [prop, XIII}. itaque I"d, 4 Z ratio-
nales sunt pofentia tantum commensurabiles. recta
autem quadrata aequalis spatio rectis potentia tantum
commensurabilibus comprehenso media est [prop. XXT].
itaque recta quadrata spatio I'>< 4 Z aequalis media
est. et B> =IA4><dZ. ergo B media est.

Corollarium.
Hine manifestum est, spatium spatio medio aequale
medium esse. ) -
. Lemma,

Congruenter iis, quae de rationalibus diximus [prop.
XVIII coroll.}, etiam in mediis sequitur, rectam mediae
longitudine commensurabilem mediam uccari ei non
modo longitudine, sed etiam potentia commensurabilem,
quoniam omnino rectae longitudine commensurabiles
semper eliam potentia commensurabiles sunt. sin
recta mediae potentia commensurabilis est, s eadem
longitudine est commensurabilis, sic quoque mediae et
longitndine potentiaque commensurabiles uocantur, sin
potentia tantum, mediae potentia tantum commensu-
rabiles nocantur.

1) Sequeniia lin. 12—14 obscura sunt et sine dubio sub-
ditius.

PB.  20. &f péy — 21. 6% dvvdpea] om. Fb; post cduperoot
lin. 22 ea hab. V (punctis del., add. o 8% ékilc ody edoélty év
t¢ Pifiln tov dpeolov xal £:mﬂ§&'q?{ et B mg. m. 2 (add. in
fine pove). 92, pdévor] (prius) del. m. 2 B, etpuctoot)
m. 2 B.  Seq. lemma, n. app.
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To vmd péodmv pixsl dvpuérpov s:vdsidv
xatd Tiva tov elQRuivoy TQOTMY mWeQieyd-
pevov dpdoyavior picov éariv.

5 ‘Twmd pap plowv wixs ovppéreov oducy Tov
AB, BI" nepisyéabo dpBoyaviov t0 A" Aéyw, ot 1o
AT péeov doriv.

‘Avaysypdgbo pop and tijg 4B vevgdyovov 10
A4~ péaov ape foxl 10 AA. xal émel ovpusreds

10 dorey ') AB 75 BI pijxe, log 0% 5 AB 15 Bd,
ovpuergog doa fotl xal  AB vfj BI" pixer dore xol
10 44 vg AL ovupsrpéy dovwv. péoov 6% vd d4A4°
pdoov doa xel 6 AT Smep &s Beifon.

xe
15 To vmd péoov Svvape: udvoy cvupuérgav
)Geidy megueydpsvoy dpdoydvior froe §nTov
pésor éetiv.

‘Tmd pap péowy Svvdus pévov ovppdremy &)-
Padyv vaov 4B, BI' dpboycvioy mepieyéedan to AT

20 Aéyw, ot T0 AT fvor fyrov 7 péaov éoviv.

Avaysygepdn pip dno tov AB, BI' zerodyova
¢ Ad, BE' yéoov dpe foriv éxdrspov vav A4, BE,
xel duxsloBo gnry n ZH, xal té plv Ad lsoy mepe
iy ZH nepefefiiofo dpdoydviov magaiinidygeu-

25 pov 10 H@ mwldrog mowotw vy ZO, 1 6% AT lgov
nepe iy OM mopafefiiode doBoydviov mmpwiiy-

EV
]
%

8. xard — zgdnmwy] om. BFb, supra scr. m. 2 V (xezc znive
@y eras.). 6. mepréyeatior B, corr. m. 2. 9. A 4] (prius)
inter 4 ot A ras. 1 litt. V.  1i. doviv PB. 4 BJ e corr.
m. 2V,B4F, 12 d¢ze V, comp. Fb. A4] e corr. m.
2 V. 16 «wfuov]m 2V, 19. mequegécta dpBoydvioy P,

[ W
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XXIV.

Rectangulum rectis mediis comprehensum secundum
aliquem modorum, quos diximus [u. lemma], eommen-
surabilibus medium est.

Mediis enim 4B, BI" longitudine commensurabili-
bus comprehendatur rectangulum AI. dico, A" me-
dium esse.

nam in 4B quadratum describatur A .4. itaque
A4 medium est. et quoniam 4B, BI' longitudine

r commensurabiles sunt, et 4B =B, etiam
4B, BT longitudine commensurabiles sunt,.
quare etiam 44, 4" commensurabilia sunt
4 B [VI, 1; prop. XI]. verum 4.4 medium est.

ergo etiam 4I" medium est [prop. XXIII
4 coroll.]; quod erat_ demonstrandum.

XXV.

Rectangulum rectis mediis potentia tantum commen-
surabilibus comprehensum aut rationale aut medium est.
Rectis enim mediis 4B, BI" potentia tantum com-
mensurabilibus comprehendatur rectangulum 4T dico,
AT aut rationale aut medium esse,
P z H nam in 4B, BI' quadrata
describantur 44, BE. itaque
utrumque A4, BE medium est.
4 B g M et ponatur rationalis Z H, et qua-
K N drato 4 4 aequale rectae Z H ad-

"3

£

= E 4 plicetur parallelogrammum rect-
xsoiéysodas B, corr. m. 2, 20. éorwv 7 pisoy V. 23.
ZE F, corr. m. 2.  zp] corr. ex #é V.  26. mjw] corr. ex

¢ m 2 F
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Adypupuov & MK midrog mowdv iy OK, xal ive
t BE loov Opolwg mapa tnv KN megafefifodw
10 NA nldvog mowvy tiy KA v ebdeles doa
slolv of 2O, OK, KA. éngl ovv ploov fovly Exd-
tegor tédy Ad, BE, xal éoviv lgov ©d ulv A4 ¢
H®, td 8t BE tp Nd, ploov dgo xal ixdregov vdv
H®, NA. xol nage onvnyv ooy ZH mapdxsivar yrn
tpa fotly éxevépn tov ZO, KA xal dodppsroog 13
ZH pixse. xal émsl ovppiteoy éove vo A4 79 BE,
ovgustgov doa fotl xel v H® v NA. xal douv
wg 70 H® mpdg 10 NA, oitwg 7 Z@ =pdg tqv KA*
evupevgos doo dovly 3 20O vy KA yipse. of 28, K A
doe gnral elde pinse ovuusteor gnrov dpe fotl To
oo tov 2O, KA. xol émel loy éovlv § udv 4B =jf
Bd, 5 8t EB 1ij BI', ¥oriv &pa og 5§ 4B mpds wiv
BT, otvrwg 77 AB mgog v BE. add’ dg piv ) 4B
mpog Ty BI, obremg v0 44 medg td A g 8% 4
AB mpog Ty B, otrwg 10 AT meog 1o I'E Eorwy
dpa g 10 44 mpog 10 AL, obrag vd AT mpdg o
'R loov 8¢ éovi vo piv A4 v HO, w6 &t 4T
g MK, o 62 T8 v N4 Zovwy dga dg to HO
meog 10 MK, otrmg v6 MK mgog vo0 NA™ éonv dgu
xal g 5 ZO mpog v OK, otrwg 1) OK meds v
KA t6 dga vmd vov 28, KA loov forl vp amd zijg
GK. ¢gnrov 0% ©6 Umd vév 2O, KA' $nqrov dow dorl
xol 10 dmd g OK- vy deo forly 4 OK. xal &f
uty ovpusrpog fore v ZH pijxer, ¢nzdv dore vd @N-

2. lgoy — KN] mg. m. 1 F, in textu dllo moga iy
KN. 4 of] corr. ex zal F m. 1, supra m. 2 P. 6. N 4]
Necorr. V.  dpa b0 V. T. NA; MdA bet F (Min ras.).

Ante §ne} ras. BItL V. 8. fattv] forlwed V. 9. nol dmwel)
imel otw Theon (BFVbL). 10, ety P, #61m.2F. @HF.
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angulom H@ latitudinem faciens Z@, rectangulo autem
AT aequale rectae @M adplicetur parallelogrammum
rectangulum MK latitudinem faciens @K, et praeterea
quadrato B E aequale similiter rectae X NV adplicetur N.A'
latitudinem faciens K 4. itaque Z@, @K, K 4 in eadem
recta sunt. iam quoniam utrumque A4 4, B E medium est,
et A4 = H®, BE = N, etiam utrumque H®, N A
medium est. et rationali Z H adplicata sunt. itagque utra-
que Z&, K 4 rationalis est et rectae ZH longitudine
incommensurabilis [prop. XXII]. et quoniam A4, BE
commensurabilia sunt, etiam H®, N commensura-
bilia sunt. et HO: NA=Z@: K4 [V], 1], itaque Z6,
K A longitudine commensurabiles sunt [prop. XI]. ita-
que Z®, K A rationales sunt longitudine commensura-
bilea, itague Z@® >< K A rationale est [prop. XIX]. et
quoniam JB=BA,¥B=BT, erit 4B:BI'=A4ARB:BE.
uerum JB:BI= 44: 4 [VI, 1], et AB:BE—
AI':TE [V], 1]. quere 44: A= AI": IR, uerum
Ad=HO, A'=MK I'E==NA ergo HO: MK=
MK:NA, quare efiam Z@:0K=0K:K 4 [V], 1].
itaque Z@>< K Ad=0K*® [V], 17]. uerum Z&>< K A
rationale est. quare etiam @ K? rationale est. itaque
@K rationalis est. et si rectae ZH longitudine com-
mensurabilis est, ®N rationale est [prop. XIX]; sin

xef] om. FV.  Post doriv add, &pa uaf V. 11. 8H F.

%ov P, sed corr. AN e corr. m. 2 V. wmjy] om. Bb. 13,
botiv P. 14, 4B] e corr. Vb. 15, EB) corr. ex ZB V.

A4B] B4 F. 16. BE] corr. ex BZ P.  17. wij»v] corr. in
w F, v b 18. BB B. forry — 20, 'E] mg. m. 2 B,

19, 44] in ras. V. AT) (alt) I'4 F. 20. I'S] in
ras. V, éonuy P. 24, dorty P. 25, foriy PB. 27.
deri P.  Poet vy add. @M rovrésre tf V, B. m. 2 (del. m.
rec.). 6N] e corr. m. 2 V.,
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sl 8% dovpperpds dove vfj ZH piixsi, of KO, ®M $qral
elor dvvepse povev cvupetgor” pédov dpw 1o 8N, 1d
@N &ga %ror gyrdv 7 pdeoy dorly. Iloov 6% v6 ON
1o A" 70 AT dpa firos fmrdv 7 pédov foviv.

To dge vré péoav dvvduse pévoy cvppéremv, el
e £t '

x5’

Méaov péoov ovy daepéys §nra.

E{ yap Suvverdv, ufoov v6 AB udgov toi AI
imegeyéro §nrd td AB, xol éxxelodw vy 9 EZ,
xal 7@ AB loov mapk vy EZ magafefiijcdon map-
alindoypappor Spdoydvior 10 ZO midrog moioby
v E@, v 8¢ AI loov dpperiobe vo ZH: loimdy
doe 0 BA doing v K@ fouv lgov. {gnrov 8¢ éowe
70 AB* §nrov dpa éorl xal 10 KO, éwsl ovv péoov
éorly Sxdregov tiv AB, AT, xul éove vo plv AB 1
Z6 igov, vo 02 AI t ZH, uédov fga xal éxdrsgov
toy ZO, ZH, xal mega ¢nziy iy EZ magoxsitos
$nry dpa dorlv Exetépe tév OF, EH nol devpusrgog
vfi EZ wijxer. nal éwel gnrov éove 10 A B xal iovwy
loov v K@, ¢yrov dou forl xel v0 KO. xol mapa
énrny viy EZ mapdxsizen® $nry dow foriv 4 HO xal
ovppergog tj EZ pijxsi. alde xal 7 EH (s done

1. X@jcorr. in X m 2V, ON B M &z P. 2.
ey PB. © ON] inras. V. 8. fjro] om. Fb.  dorey %
péoov V. 4 dov/ BV, comp. Fb.  b. vo &pa] vdy &4 F.

pévor P, xal o EEie] sd@ady meqrezdpsvoy dpfoydiviov
7itoe oy # péoov ferivy ~ P. 6. Post éEfic add. dmep £
Seifer V. 7. % P, corr. m. rec. 10. vmeoéyer F, sed corr.

11. t¢] v pév B, th pév b, 14. 8K F. 16, 4B} in
tas. V. ‘doziv P.  OK b.  18. dom) domy B.  17. xal]
om, b. 18, wopaxevraw V. 21, dotl] deriv P.  22. Post
»eef rag, 1 litt, V.
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rectae Z H longitudine incommensurabilis est, K&, & M
rationales eunt potentia fantum commensurabiles;
quare @N medium est [prop. XXI]. @N igitur aut
rationale ant medium est. nerum @N =4I AT igi-
tur aut rationale est ant medium.

Ergo rectangulum mediis potentia tantum commen-
surabilibus, et quae sequuntur.

XXVL
Spatinm medium non excedit medium spatio ra-
tionali.
Si enim fieri potest, medium 4B excedat medium
AT ra.tlonall 4 B, et ponatur rationalis EZ, et spatio
4B a.equale rectae EZ adplicetur paral-

4
lelogrammum rectangulum Z @ latitudinem
4 r faciens E®, spatio autem AI aequale sub-
| trahator ZH. itaque relinquitur B4 =

B

. K®. verum 4 B rationale est. itaque etiam

K@ rationale est. iam quoniam utrumque
AB, AT medium est, et AB=Z@, AT
== 7Z H, etiam utrumque Z&, Z H medium
K H est. etrectae rationali EZ adplicata sunt.

ergo utraque ®E, EH rationalis est et
® rectae EZ longitudine incommensurabilis
[prop. XXII]. et quoniam 4 B rationale est et spatio K ®
aequale, etiam K@ rationale est.?) et rectae rationali EZ
adplicatum est; itaque H® rationalis est et rectae EZ
longitudine commensurabilis {prop. XX]. uerum etiam

1) Uerba zé 4B lin. 20 — d¢zl xadl lin. 21 post lin. 14—15
superuacna sunt et fortasse interpolats. uerba dneov 84
lin. 14 — zo K& lin. 15 damnaunit August.
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xal dovppstgog tff EZ wixs dovgpstoos doe foxly
% EH v H® pyxsc. xal loviv og 7 EH mpdg viw
H®, otrwg ©o dmogriis EH mpds 1o Umd zdy EH,
H® devppergov dga fori ©6 éno vijg EH g vno
rov EH, HO. dile v plv d¢no vig EH ovpperpd
éore tet dmd vov EH, HO tevpdyave' (yee pip ap-
@porsga” t 02 vmo tév EH, HO cvuperpov dove 1
Olg vmo v EH, HO" dumidoiov ydg fotwv avrov’
dovpucroe dpa éorl ve axd tov EH, HO vd dig vxd
v EH, HO®" xal ovveupdreon dpa td 16 4md véw

"EH, H® xol ©o dlg vmd vdv EH, HO, txep Lotl to

15

20

25

and vijg E®, dovupsredy dove olg and tov EH, HO,
gnve 0% ta dnd tov EH, H@ &loyov dpa to amd
tijigs E@. &loyog wpn éariv 7 E@. d¢lle xol nuvf
onsg éoriv advvarov.

Miéoov dpo péoou ovy Umeéys: dnre: Omegp £ds
detkou.

xt.

Mioag ebpeiy Svvdper pdvor cvupérpovg
$nrov megisgovoas.

"Enxclofasay dvo ¢nrel Svvduer uyovov evuustoor
of A, B, xal siipdn tév 4, B péoy dvdioyov 5 I,
xel yeyovére og § A meos v B, otrwg § I mpds
iy 4.

Kol énsl af 4, B fnral eloe Svvipe povor ovp-
peToos, TO dpa vmd tov A, B, voviéen 1o and vig I,
péoov foviv. pfon dea ¢ I. xal énsl édovwv ag 1 A
xo0g v B, [otrwg] § I’ melds wiy A, of 8% A4, B

4. aovpergoy b. té] e corr. b. 1. ©6] corr. ex s B.

8. tév om. BF. 9. loriv P. 10. za¥] {privs) om. B. " 11
tr] m 2 F, om. B.  desiy PB. 16 én6] in ras. m. 1 P,
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E H rationalis est et rectae EZ longitudine incommen-
surabilis, quare EH, H& longitudine incommensura-
biles sunt [prop. XIII). et EH: HO—=EH*: EH><H®
[prop. XXI lemma]. quare EH®, EH><H® incommen-
surabilia sunt [prop. XI]. verum quadrato EH® com-
mensurabilia sunt EH?+ H@? (nam utrumque ratio-
nale est); et spatio EH >< HO® commensurabile est
2 EH>< H® [prop. VI}; nam eo duplo maius est.
itaque EH®4 H& et 2 EH><H® incommensurabilia
sunt [prop. XIII]. itaque etiam EH®+ HG*{ 2 EH
><H®, hoc est EG® [I1, 4], quadratis EH? - HE? in-
commensurabile est [prop. XVI]. uerum EH?-- HG?
rationalia sunt. quare E®® irrationale est [def. 4].
itaque E@ irrationalis est [id.]. verum eadem ratio-
nalis est; quod fieri non potest.

_Ergo spatium medium non excedit medium spatio
rationali; quod erat demonstrandum.

XXVIL

Medias inuenire potentia tantum commensurabiles
spatium rationale comprehendentes.

Ponantur duae rationales potentia tantum commen-
surabiles 4, B, et sumatur earum media proportionalis
I' [V],13), et fiat £:B=10":4[V], 12]. et quoniam
A, B rationales sunt potentia tantum commensurabiles,
A><B medium erit [prop. XXI], hoc est I'* [VI, 17].
e dmé b. 18, $ned — HO] wg. m. 1 P, Seq. ras. 1 litt, V.

14. &loyoy b,  15. ddvvator] -avov in ras. V.  16. péooy
— 17, 3sifer] om. BFb; péoor &ow péoov in ras. m. 2 V;
pédoy doo pédoy ody omegizs m. 2 B, xol v £87c add m.
rec. 18, dmep §3e1 deifoe] comp. P. 18. %¢' P, corr. m,

Tec. 5. eloiv PB.  26. rovtderiy P. 27, Zetiy] comp. Fb,
éozl PBYV, 28. o9tog] om. P.
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dvvdpes povov [elol] ovppsroor, xal of I', 4 kpe Su-
vapss pévov &lol ovppergor. xal fori péen 7 I
uéon doa nol ) 4. af T, 4 Gpa uéoas slel dvvdps
povoy ovpuergor. Aéyw, ot xal dyrov mepiéyovery,
inel yap dotiv dg % A medg v B, obras I’ meds
v 4, évaddaf don éotly dg n A mpdg v T, 4 B mpog
my 4. aAk g % A meds viw I, # I’ medg zqv B*
xal og dga 5 I' mpog viv B, ofrmg 7 B medg vy A4°
to dpa vmd tov I, 4 loov forl ©d amd viig B. ¢n-
rov 83 10 axd =g B {nyvov dpm [éotl] xal 1o Omod
wov I, 4.

Ebgnvene dpa péour JSvvduse pdvov ovppsteos
$nrdv mepiéyovoes Omep Eds delfae.

x'.

Méoag svgelv dvvdps: pévov gvppérgovg
pé6ov mepieyovdag.

’Exxelofaday [voels] dnrel dvvdus udvov ovuue-
zoos of A, B, I', xal sldnpdo tov 4, B péon avdlopoy
5 4, xel yepovérw g 1 B mpdg v I', 1 4 wpdg
v E.

"Exel af A, B ¢yral el6. dvvdper pivoy evpuergor,
10 Gpe vwd rav A, B, rovtier. 16 and vijg 4, pieov
dovlv. pdom doe © A. xal énel af B, I' dvvdus
povov elal ovuperpoi, xal dorwv wg n B mpds v I,

1. elai] om. BFVb.  axal — 2. avppergor] om. B. 2.
four B. 8. eloly B. 4. wel Aéye 3 F, lgym 6‘2‘ Vb. 10,
£at{] om. BFVb. Guég bis b.  12. nOempyean FVh, 183,

zéy — OsiEon] xel ta £fig P, Beq, lomma, u. app. 14, %Y
P, corr, m. rec. 17. Ante zoeig add. yeg b, m. 2 FV, t(m‘%'l
om, P, roeis eofeicc F.  doedppergor b. 19. I ovtwg V.

21. oty ol P. &loew B, corr. m. 2. 22. rovréers P. 28,
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itaque I' media est [prop. XXI]. et quoniam est
A:B=I:4, et 4, B potentia tantum commensura-
biles sunt, etiam I, 4 potentia tantum commensura-
biles sunt [prop. XI]. et I" media est. itaque efiam
T 4 media est [prop. XXHI). I, o igitar me-
diae sunt potentia tanimm commensurabiles.
I dico, easdem spatium rationale comprehen-
I' 74 dere. nam quoniam est 4:B = I": 4, permu-
tando [V, 16] est 4:I'=B: 4. werum 4:I"
A B  w=T:B. quare eliam I': B = B: 4 [V, 11].
itaque I'>< 4 = B® [VI, 17]. B® autem rationale est,
itaque etiam I'>< .4 rationale est.
Ergo inuentae sunt mediae potentia tantum com-
mensurabiles spatium rationale comprehendentes; quod
erat demonstrandum, )

XXVIIL

Medias innenire potentia tantum commensurabiles
spativm medium comprehendentes [efr. prop. XXV].
A | Ponantur rationales potentia
44— tantum commensurabiles 4, B,
Ei —1 I, et sumatur rectaram 4, B
r— media proportionalis A4 [VI,
18], et fiat B: I'==: E [V], 12].

quoniam 4, B rafionales sunt potentia tantum
commensurabiles, 4 >< B medium est [prop. XXI], hoe
est 42 [V], 17]. itaque o media est [prop. XXI]. et

XXVIIl, Cfr, Proclus p. 205, 10.

B—1

doz{ BVD, comp. F. I B B. 24 Post odpuergos rep. o
&ga lin. 22 — 4 lin, 23 B, del. m, 2. 24 ©p] om, b. r
ovrag V.
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5 4 mgos wqv E, xal af 4, E dpe dvvaps povov elol
avpupstgor. pdoy 6k A4 péey Gpo xaln E° of 4, E
coe pfoar slal Svveus pdvov evpuerpor. Adyw 84,
ot nal péaov megiégovoww. émel pdg dotwv wg B
mpdg v Iy 1t 4 mpds iy E, évadiek doo og | B
xpds iy 4, I’ medg vip E. g 6% 7 B mpog tiw
4, n 4 mgbs viy A wal dg dpx § A mpds vy A,
7 I mpds viw E* =0 éga vmd vév A4, I' loov dotl ©o)
o0 tov 4, E. péoov O} 1o vmd tdv 4, I péoov
cpa xal vo Urxd vov A, E.

Evpnvre: e péoor dvvaper pudévor cuppergos wé-
dgov megiégovdar” Onep E0er delas.

Afjupe.

Evgely 0vo terpaysvovs agudpods, more xal Tov
ovyxsluevor & avrdy slvar tergdymvor.

Exxeiofmoay 8o agiduol of AB, BT, lsrwcar
0 drvos dgrioe 7 mepurvol. el mel, édv ve dmd dg-
tlov Hptiog dpaigedy, &dv T dmwd meQuEGOT MEQL6G0s,
0 Aoumdg dgriog domw, O Aomdg #pa & AI &gridg
derwy. verpniode 6 A dlye xove 1o 4. korwcav
0t xal of 4B, BI' fizo. Oporor émimedor 1 Tevpdywvor,
ol xal adrol dpoiol elowy Zmimedor” & dga & viv AB,
BT pere tov gxd [tov] I'A tszgayavov lgog Zoti vp
dnd vov B4 rerpuywve. xel dove terghymvog O éx
vov AB, BT, éneaidimeg £0ely®y, Oui, éav dvo Sposos
éninesdor mollemdadidionvrsy wAdjlovs woidol Tive, &
pevousvog TETPdymYos doTiv. EUgnVTEL Gga Ovo TeTgd-

1. odpperpo: dvwoper pdvoy &lol V. pbvor] om. P.

glaty P, B. elalv P. 6. oftwg 4 4 V. 6.
m 2B, 6 og — 7. 4 (privs)] mg. m. 1 F. 8. ovemg
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quoniam B, I'" potentia tantum commensurabiles sunt,
et est B:I'= A E, eliam 4, E potentia tantum com-
mensurabiles sunt [prop. XI]. uerum .4 media est;
itaque etiam E media est [prop. XXTII]. quare 4, E
mediae sunt potentia tantum commensurabiles.

iam dico, easdem spatium medium comprehendere.
nam quoniam est B:I'= A:E, permutando [V, 16]
erit B: 4 =TI": E. uerum B: A4 = 4: 4. itaque etiam
4:4=T":E. quare 4><X I'= 4> E [VI, 16]. sed
A>< T medium est. itaque etiam f >< E medium est.

Ergo inuentae sunt mediae potentia tantum com-
. mensurabiles medium comprehendentes; quod erat de-
monstrandum.

Lemma L

Inuenire duos numeros quadratos eiusmodi, ui etiam
numerus ex iis compositus quadratus sit.

ponantur duo numeri 4B, BI, et aut pares sint

aut impares. et quoniam, siue a numero pari par sub-

trahitur, siue ab impari impar, reliquus par est

[IX, 24, 26], reliquus 4T par est. in duas partes

4 aequales secetur 4I' in 4. sint autem 4B, BI'

etiam aut similes plani aut quadrati, qui et ipsi

T gimiles sunt plani. itaque 4B><BI'+I'4* =B

"B [II,6]. et AB><BI quadratus est, quoniam de-

T, 11. nvpm"zar. Vb, péom] om. V. uéaoy — 12,
asitm] xol va Efng P. 12, dwep — Ge;gou] om, BFb, 14,
éqbuovs] m. 2 F. 16, Ante of add. Sposor émimedor mg. m,
2B  17. 8} V.  émel) supraper. m 1 F. =] om, V.
18, wepirvov meqirids V et b, aed corr. m. 1. 20. dors BV,
comp. Fb. r4p. o2 ai’] f b &] omé V, corr. ex
Gmé m. 1 b . 23 tov I'd] rd B {corr. m. rec.) et b, z%g
I'd P, 24, 4B P. zergayavor P, corr. m 1. darey
26. £0slydy] om. b.  26. morddw B, e nignyvtar FVb.

Euclides, edd. Heiberg et Mengs, IIL S
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yovor doiduol 6 te & tdv AB, BI xal & dnd tob
I'4, ot cvvrebévreg morovar tov anxd tov B4 rergd-
yavoy.

Kol pavegov, o1 sbpnvrar mdiw dvo terpdymvor
8 1 ¢no Tov B4 nal 6 and vo¥ I'4, aors wv dmsp-
oty atrdy tov vmd AB, BI' slvas tergpaymvov, éray
of AB, BI Juoior dow éximcdor. Brav Ot piy dow
Suotor Zmimedoi, evpnvrar dvo verpdpovor § TE dmd
tot BA xal & dmo vov AL, dv % dmepogy o Umd
twv AB, BI' otn lov. vevpaymvos: omsp Edse dsikau,

. Afjppe.

Elosiv 0vo tevpapdvovg agudpovs, dovs tov I
avrhY CupxelpEvov uy Elver rergdymvov.

"Eotm yag 0 éx tov AB, BI, wg Spapev, tered-
yovog, xol &griog 6 I'd, el verpiofo 6 I'd 8iyx
0 J. puvsgdy &7, ot 6 éx twv AB, BI" rergaywvog
peté Tov axd [rov] I'd terpayuvov loog éotl vé dmd
[to¥] BA tevpayove. dpnonc@e poves § JE- 6
dpo éx tdv AB, BI' ysra ot and [rov] I'E éidocwy
dorl voi dmd [vov] B4 zsvpaydvov. Afpw olv, Ou
0 éx vév 4B, BI wevpaywvog peta tob amd [vot] TE
otx Eotar teTpdy@vog.

El yip Eorar terpayovog, fros [cog dotl th dmd
[tot] BE % éidgowv to¥ dmd [rov] BE, olxérs 8%

2. wotmor V, sed corr. B4) supra ser. m. 1 F. e
raydvov F, sed corr. 4. Mg. add. W Bb, m.2 PFV. el
nugnvrer ¥, noemrrer Vb, tetgayeva P, corr. m. 1.

5. 6] (alt) om. P. 6. z6v] miv FV. dmd zew V. AB]
Bins. m. 2 P. tetpdyovoy slver B. 8. nignvrer Vb, et
dorr. ex sfgnyrar m. 2 F. 9, 6] om. P. Ia BFV., %]
om, b, 10. AB] A P.  Ante Gxsp add. 6 dpe P.  §mee
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monstrauimus, si duo numeri plani similes inter se multi-
plicantes numerum aliquem efficiant, numerum inde pro-
ductum quadratum esse [IX, 1]. ergo inuenti sunt duo
numeri quadrati 4B >< BI" et I'4%, qui compositi qua-
dratum B efficiant. et manifestum est, rursus inventos
esse duos numeros quadratos B 42 et I'4* eine modi, ut
eorum differentia 4 B><BI" quadrata sit, si 4B, BI'
plani sint similes. sin non sunt similes plani, dmo
numeri quadrati inuenti sunt B.4#® et AI%, quorum
differentia 4 B><BI’ guadrata non sit; quod erat de-
monstrandum.

Lemma II,

Inuenire duos numeros quadratos eius modi, ut
numerus ex iis compositus quadratus non sit.
74 Sit enim 4B >< BI" quadratus, uti diximus
1z [lemma I], et I'd par sit et in 4 in duas
©1 , partes aequales secetur. manifestum igitur, esse
E:z AB >< BI' + I'*= B 4* [u. lemma I]. subtra-
hatur unitas 4E. itaque 4B >< BI' 4 I'E? <
7 B dico igitur, numerum quadratum [IX, 1}
AB><BI" addito I'E? quadratum non esse.
~B Nam si quadratus erit, aut aequalis est quadrato
BE?® aut minor quadrato BE? maior autem non est,

#8ss 3cikdh] om. BFVYD, comp. P. 16, 6] netd za F. &)
om. P.  17. o8] (alt) riig P. 18, 7o¥] om, BFb, i P,
Bm 2 dpolwg poveg P, 19, #x] dmd b.  zar] ov P,

BT zerpuyoveg V. tov] (alt) om. BEb, 1P, Bm, 2. Zide-
gy otk tov)] in ras. m, 1 b. 20. tov ] om. BFb, tijs P,
m, 9 B. 91 4] om. b. zo¥] (alt.) om. BFDb, zijc P.  22.
fore P. 28, forex] fore BFb. ~ fotiv B, sed corr.  24. tof]
om. Bb, zi¢ P. ideony] @7 F, flageov by b; Eldosor B,
seq. ras. 1 litt., éldocov: m. rec. zo% — BE] om. V. 109
om, BFb,  oix fous b.

o*
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xel peltov, fve py tpndf 5 povds. Eotw, & dvvae-
1oy, mpdvegov 6 éx tawv AB, BI' pera vov éxd T'E
foog 6 and BE, xal fore tis AE povadog Oimia-
6lov &6 HA énsl ovw Glog & AT Slov wot I'A
dors dumdaolov, dv 6 AH vot AE doti Simdeciov,
xal Aoindg dpe 0 HI Aoumot tob EI dove Simieoiov
Olye don téruyver 0 HI v E. 0 dpu € tév HB,
BI' pera vod dénd I'E loog éotl v émo BE retpa-
yove. diié xel 6 é zdy AB, BI' pera tov amd
TE loog vmoxsiter 16 axd [rot] BE zevpaydve: O
doa éx tdov HB, BI' peré vov dand I'E laog ozl 6
éx tiv AB, BI peta vot and I'E. xal xowvot spai-
eedévrog vov ano I'E ovveyerar 6 AB ioog ¢ HB-
omep dromov. odx &pa 6 #x vov AB, BI' uere tov
éno [zob] T'E loog fotl w6 and BE. léyw &, on
ovd2 {lasoov tov and BE & yap dvvardyv, éorae
t@ and BZ laog, xal 1ol 4Z Simdaclov 6 @A, xal
svveydidetor wehy diwdwolov 6 @I zov I'Z' dare
xel tov I'@ dfye verpiicdo xore vo Z, xoel dia tovro
tov & toy @B, BI' pera vob dno ZI igov plveoda
v@ and BZ. Ominervar 6% xal & éx vov AB, BI peri:
100 dnd I'E l6og v6 amé BZ. dore xel 6 & vov
@B, BI' pera vob and I'Z loog fovas 75 éx tov AB,
BT pere voi amd I'E® Omep dvomov. ovx &po 6 éx
tdy AB, BI" psre vov axd I'E loog forl [A5) éide-

1. peifore (0 et ¢ corr) B; ye. pelfove wpeitvéy fort supra
ger. m, 2 V, @3] pijre Theom (BFVDL), P m. 2.  Post po-
veig add. Theon: pijee & du tay AB, BI" pera tod dnd (rob
add. V) I'd, 6¢ #ouv 6 (om. b, mg. B) dné (rod add. PVDb)
B4 (e corr. m, 2 V, 4B PBb), ldog g t6 éx (¢m6 BV) waw
{om. PB) 4B, BI' pste tov d=o (zov add, PV) I'E (BF VD,

Pm 2. e]cor.exfm2P. 2 wglEP. 8 ig
BE P. tiiec 4E povideg] om. V.  Simldaiog P. 4. HA
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ne unitas diuidatur.) prius, si fieri potest, sit 4B><
BI'{-TE?— BE?, et sit H4—2 AE. iam quoniam
AP=23Td4, AH=2AE, erit etiam HI = 2 EI
itaque HI' in E in duas partes aequales diuisus est.
ergo HB><BI' -+ I'E? = BE® [1], 6]. supposuimus
autem, esse etiam 4B >< BI'4 I'E® = BE® (quare
HB><BI'+ I'E*=4B>BI'} I'E®. et subtracto,
quod commune est, I'E? concludimus, esse 4 B=HB;
qued absurdum est. ergo 4B ><BI'4 I'E® quadrato
BE? aequale non est. iam dico, ne minorem quidem
esse quadrato BE®. nam si fieri potest, sit 4B ><BI"
+ I'E*==BZ7% et ® 4==2 A4Z. et rursus concludemus,
esse @' =2 I'Z; quare etiam I'® in Z in duas partes
aequales diuisus est, et ea de causa @B>< BI'-} ZI™®
"= BZ* {II, 6]. supposuimus autem, esse etiam

1) Nam 4B><BI'4 I'E¥<{ B4’ sit latus x. ergo habe-
bimus BE®* << x* < (BE 4 1)*, h.o. BE <{x < BE+41, ita
ut x fractio b, quod fieri non potest.

tijs AE yomd’og V. b datly P. o 5] 6 36 P,  Simlderog
BFb. 6 xel o BFb. THY. d&xlasiog BFb. 7. Ante
té ine. dwé m. 2 F. HBE] B e corr. F. 8. toé TE V.
to9 BE V. 10. zo¥] om. BFb. 11, HB] H in ras. V.
BIr1BHbB. b TEYV. 12 ] dmd V. ‘rwv} rod P,
AB] Ainras. V. zoi TEYV. 13. tov I'E 6]
% P loog v fom v P. 16. rov I'E] TE BFb, g
TEP. 05 BEV. & omd vav HB, BI lsop t5 éx tav
AB, BI'mg, Fb. & om. b. 16 tiooooy F m. i, v (sed
corr.); fidocors F m. 2, b, Bin ras. o BE V. 17. zed
BZ V. leog) om. Fh m. 2 BV. xelodw o V. nel]
om. V. 19.zdl vov . 20. wév] wip F.  &x] dwé b, sov
Zrv. ylyvesbou ¥, yevéofo V. 21. BZ] ZBB et V
(supra Z ras, est). 22. zov T’E V, BEb.  BZ] in xas. V,
I'E b. Gore — 23. TO] wvuz&naama &ox loog o Theon
FYb). 24, perd] in ras. . Post I'E add. Theon: 6
%ty OB ijEB 1? BI p.eta vob dmd I'Z (BEVL).  26. dorir P.
©$) om. Adzrove V.
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AB><BI'4-I'E*~=BZ? quare etiam @ B><BI'4I'Z*?
== 4B >< BI' + I'E?; quod absurdum est. itaque
AB><BI'-}- 'E? gpatio minori, quam est quadratum
BE?®, aequale non est. demonstranimus autem, ne ipsi
quidem BE? id aequale esse. ergo 4B>< BI'4 I'E?
quadratus non est'); quod erat demonstrandum.,

- XXIX.

Duas rationales inuenire potentia tantum commen-
surabiles eius modi, ut maior quadrata minorem excedat
quadrato rectae sibi longitudine commensurabilis.

ponantur enim recta rationalis 4B et duo numeri

z quadrati I'd, 4 E eius modi, ut eorum
differentia I'E quadrata non sit
» [lemma I]. et in 4B semicirculus

, , describatur 4ZB, ot fiat 4I': T'E
r E 4 = BA®: AZ* [prop. VI coroll], et
ducatur ZB.

quoniam est BA2: AZ? =4I TE, BA* ad 4272
rationem habet, quam numerus 4I" ad numerum I'E.
itaque B.A®, 4Z? commensurabilia sunt [prop. VII.
unernm 4 B® rationale est [def. 4]. itaque etiam 4273
rationale est [id.). quare etiam .4Z rationalis est. ot
quoniem 4 I': I'E rationem non habet, quam numerns

1) dvvaroe lin. 8 - pnndrvopsy lin, 6 Euclides non seripsit;
uncie ea inclusit Auguet JI p. 869. nescio, an idem recte de
ambobus lemmatia totie dubitationem iniecerit. sed satis an-
tiquo tempore interpolata sunt.

16. o] supra gser, m. 1 V. 4] ras. F, 4I'lin rae. m.
1 P. 1T zerpdyower] om. V. '18. o6s] om, P.” 19. 4T
ra V. 2. éoely P.” 28, nal 7] 5 P. 24 4T} 4 F.
o9x) supra scr. m. 1 P. . 25, 8% o V.
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ovdE ©o dmd vijs BA &pu mpog T0 amd vijg AZ Adyov
Eyee, Ov Tergdymvos dpiduds wedg TETEAy@VOV QQuB-
udve dovupcroos dpa fotly § AB v AZ pifxee af
BAd, AZ doa {nral elov Svvdpss pdvoy cvupusrgor.

b xal el [foviv] og 6 AT mpds vév I'E, ovrms 70
and thig BA mpog vo dxd tig AZ, dvastpéyavr dpa
og 6 I'4 mgdg tov AE, ofitmg 16 axd tijg AB mpdg
©0 and tijg BZ. & 8 I'4 mpds vov AE Adyov Exse,
Ov reTpdywvog deududs mdg Terpdyovov dpbudy

10 xal 6 éno g AB &pu mpog vo dwo rig BZ Adpov
Eysi, Sv Tevpdymvog deiduds mEds TeTpdyavoy diBudy
ovupcrpos dpe éovly ) AB vij BZ pime. xel done
©o ano rijg AB leov rolg dmd vov AZ, ZB' 4 AB
&pa tijg AZ petfov ddvarer vfj BZ ovpudrpw favry.

15 Evpmvras bpa 8vo dyral Svvduse povov cvupstgor
al BA, AZ, dovs vqv pelfova thv AB vig éldagovog
tiis AZ petfov Svvaclar T and i BZ ovpuirpov
favr]] wixer Omep Eder Oelkan.

.

20 Evesiv dvo dqvag dvvdusr udvov ovpué-
Teovs, woTe vy usifova rijg éldodovog pelfor
Sdvaadac td and dovppdroov favri pijxse

"Enxslodm ¢nrn 3 AB xal 8vo revpdyovor douduol
of I'E, EJ, mors tov ovyxelpsvoy €& atrav wov I'd
g ui) elvee Tevpdywvov, xal yeypupdw nl viig AB fHui-

1. ABF. &po] supra ser. m. 1 P.  AZ] Z e corr. V.
3. B4 P. 4 AB AZ BYh; AZ, 4B T, elawy B 5,
éorv] om. P. 'mut. in vd m. 2 F. 10, % 26 — 11.

dotfpdy] mg. m. 1 (partem abstulit reparatio pergam.). 12.

m:prétgoc P. louwv P. 14 foved wixee V. 18, nignvras
Wb. 17. uelfove P, ZB Bb,  oqvppérgem F. 18, ﬂb’uae
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xUxiiov 10 AZB, xul memonjobm wg 0 4TI mgog Tov
T'E, otteg 0 amo 1i¢ BA mpdg 1o amd g AZ,
xel dmefevyfo 5 ZB.
Ouoimg 07 delkousy ved meod vovrov, ot af B4, 4Z
5 ¢nrel sloe dvvdpst uovov ovppetpor. xel dwel fotiv
og 0 AT mpds vov I'E, ottwg ©d a=md tijs B.A mpdg
td amd g AZ, dvactpépevr doa g 0 I'd medg
tov AE, ottwg 0 axd tijg AB medg ro axd 1ig BZ.
6 82 4 mgog tov AE Adyov ovx Eys, Ov tevpiym-
0 vog apiBpds meds rergaymvor auiuor' ovd dpw vo
and viig AB mpds 10 d=md tiig BZ Aoyov Exe, B
retpdynvog apifuds xpds tevgaymvoy apidudy” devu-
petgog tpa forly ) AB v BZ wixs. xal dvvare:
% AB tiig AZ pelfov vé daxd vig ZB advppizgov
5 favry.
Al AB, AZ &pa ¢nqral elor Svvaps pdvor evu-
pesgos, kel 5 AB tiig AZ peifov Sdvarar 6 éxd vijg
ZB aovupfrgov fwvrf] wixsi owee E8e dstbeu,

i,

0 Edpelv dvo pfoag Svvdps: piévor evupé-
Toovg (nTdv megiegovdag, wor: Tty uelfova
vig diddcovog petfov dvvecPus v dwd ovu-
pérgov favrf wixer.

"Exxciadocay §do dyral dvvdps: udvov evppergor

s af 4, B, Bote vy A pelfove oveay 1ig éldedoveg
vijg B petfov dvvaoBor vi dmo svupdrgov fovrfj pijwes.

1. Post nat del, émeledybo m. t P. T'A4P. <] om

Fb. 2 BA]ecorr. m 2 V. sz 8. BZP. 4.8,
corr. m. 1. “ag év £@ Theon E‘BFV Bd] e corr. m. 2V,
6. #loiy B. 6. véy] om. B 7. T4 ar'b. 8. I'd]



¢] tj P.

comp. P, Gzxso b.
26, dovmadroov P. et F (d del.).

18, BZ F.
22. amd] -d eras.
nmm'l om. F

dovpuétep F

9

oﬂg £dee deifou]

TR
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xal 16 Umd vov 4, B leov fove to amd vig I pé-
gov 8% o Do tov A, B- péoov dpw xal O amd tiig
I péay dpo xal § I. tg 8% dmo tijg B loov forwm
1o vmd tav I, 4° fqrov 8% ©o amd s B $yrdw

b doo xel to vmd tav I, 4. xal émel domiv ag % A
weog v B, otrwg td Umd tdv A4, B meds 6 and g
B, aile vg plv Und tév A4, B leov dorl vd dmd vig
T, v 0t and 7ijs B idov ©6 vmd rov I, 4, dg dpe
% A mgdg iy B, ofreg o dwd tig I’ medg vo tmd

otew I, 4. dg 8 vd dnd vig I' meds o dmd woow
T, 4, ofrwg % I’ mgos oy 4° xel og doa §) A xgdg
v B, ottwg % I’ melg v 4. avppsrgog 6% 9 4
vfj B dvvdper pdvov: evuuereos dga xal 4 I' o) 4
dvvdper povov. xel dovi péon n I péoy Epo xecl

59 4. nel éwel dorww g N A mpdg Ty B, §) I' wpog
vy 4, § 8% 4 vig B petfor ddverar tep dad ovp-
gévgov Savri, xal 9 I' dga viig A ustfov dvvarar v
and evppérpov favti.

Ebonqvrar épa dvo péoar Suvveper pdvov avpusrpor

w0 el I, 4 ¢neov mepiéyovoar, xal % I' vijg A4 pelfov
Svvdrey T dno cvppérpov fevrf prjxe.

Opolwg 0y Sesybrjoerar xal v dand dovupdroov,
drav 4 A tijg B aeifov ddvnrar vd dwé dovpudroov
fovrf).

1, t@] corr. ex ta¥ m. 1 P. 2. tij¢] corr. ex rod m.
2F. 3. 8]0F 44 corr. ex 4 m. rec. b, 4 o (non F).

b. do fore P, Ante émel ras. 8 lith P. 7. omd] v~ in
ras. V. 8. forl w6 b,  14. domw PB. 15 ofreg y I FV.
16. tfjg E‘ e F. 2] corr. ex 76 F.  devppirgov P, s%p
o ras. 1 tl; B, ovppérgp g.  17. Svwijoeva: Theon (BF b).

ls. co %(‘mP supra ¢ ras. 1 litt. B, svppérgo

ntenvrac doa] supra ser. m. 2 B, 21, aw -
pétgov P, supra. o rae. 1 litt. B. 92 8 FV. t] wd FV.
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dine commensurabilis [prop. XXIX]. etsit I =.4><B.
nerum 4 ><B medium est [prop. XXI]. itaque etiam

I'* medium est; quare I' est media [id.].
T git autem I'>< 4= B% uerum B? rationale
| est. itaque etiam I'>< A rationale est. et
quoniam est 4:B = _4>< B:B? [cfr. prop.
4 B T 4 XXIlemma)], et = A><B, BP=I><4,
erit 4:B==T"%:I">< . est autem I:I'><d=I":4
[prop. XXI lemma]. quare etiam A:B=1I":4. werum -
A, B potentia tantum commensurabiles sunt. itaque
etiam I', 4 potentia tantum commensurabiles sunt
[prop. XI]. et I' media est. itaque etiam ./ media
est [prop. XXIII]. et quoniam est A:B == I': .1, et
A* excedit B® quadrato rectae sthi commensurabilis,
etiam I excedit 47 quadrato rectae sibi commensu-
rabilis [prop. XIV].

Ergo inuentae sunt duae mediae potentia tantum
commensurabiles I, 4 spatium rationale comprehen-
dentes, et I excedit 2 quadrato rectae sibi commen-
surabilis,

Similiter demonstrabimus, I'® excedere 4% quadrate
rectae sibi incommensurabilis, si 4* excedat B* qua-
drato rectae sibi incommensurabilis [prop. XXX].

cvppitpov P, et F, corr. m, 1, 23, 5 4] om. P.  dv-
sriontar B, duyijeston L, fdvnrae 7 4 P. dvppirgov P 24,
Beq. lemma, u. app.
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ig.

Evpsiy 0vo pdoag Svvdper povov cuvupé-
rpovg pfdov megieyovdwag, ddte v peliova
tijs éddocovog peiforv SvvadPur T amo gup-

5 mérgov favry.

‘Exxelouoay toelg dnral Svvdust pdvov oduustpor
af 4, B, I, dore iy A4 vig I' petfov dvvaadar 7
dno gvppérpov feves), xul 1o piv Umo vy A4, B léov
foto 0 4mo vhis 4. uddov dpa 1O amd T A xel

0 % 4 &ga péoy detiv. rg 6% Umo vév B, I' loov iotw
70 vmo vdy A, E. xal iwel daviv g 10 vmo vov A,
B mpdg o 1md vv B, I', ofvag 5 4 mpog iy I,
dAdé T piv Yo ey A, B loov dotl o dmd g A,
vy 8% vmé tav B, I’ loov vo vmé vy J, E, forw

s dou og 5 A mpdg v I, oftws vo and rig 4 mpds
10 Uwd tov A, E. g 0 10 dnd wijs 4 medg 1O v
vov d, E, oftag § 4 mgdg iy B xal ag fga f A
mpog iy I, olrwg 5 4 mpdg =iy E. evppstgog 6%
% A v I dvvdus [pdvov]. edppetoos dga xol 5 A

o 7 E Svvdps pdévov. uden 8t § A upfon doa xel
7 BE. wol Znel dovwv g 7 A mpdg i I'y 0 A mpdg
iy E, 5 6% A viig I' psifov dvverar o amd ovpus-
toov fovrfl, xel 0 o &pu tig E petfov Suvmjosrar vé
and Gvuudrgov fovry. Adywm O, Gve xal udoov ford

5 10 vnd tov 4, E. émel pag loov édori 16 vmd tawv
B, I 16 vmd tév d, E, péoov 0t v6 vmo rov B, I

4. fldzrovos FV.  pedfova L, et B, sed corr.  owppé-
zpov] ¢- add. m. ree. b, & wern L. 8, fyral «f 4, B, " V.
7.l 4, B, T om. V, af 4, Bb.  “peifova L, et B, sed
corr, 8, ovppirgor] &- add. m. rec. b,  zg] vé L. 10
dozd V, comp. Fb. 11. 16 émo zév 4, E] m. 1 b, supra secr.
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XXXIL

Inuenire duas mediag potentia tantum commensu-
rabiles medium comprehendentes eius modi, ut maior
quadrata minorem excedat quadrato rectae sibi com-
mengurabilis,

A Ponantur tres rectae
B d—————  rationales potentia tantum

LB commensurabiles 4, B, I'
¥y ! eius modi, ut 4* excedat

I' quadrato rectae #ibi commensurabilis [prop. XXIX],
et sit 4% = 4>< B. itaque 4* medium est; quare etiam
4 media est [prop. XXI]. sit antem 4 ><E=B><1I.
“ot quoniam est 4> B: B> I'= A:TI [prop. XXI
lemma]?), et ##=A4><B, A><X E=B>TI, erit 4:T"
=A: 4> E. verum S: 4> E==4Ad:E [prop. XXI
lemma]. quare etiam A:1'=: K. sed A, I" potentia
tantum commensurabiles sunt. quare etiam ., E po-
tentia tantum commensurabiles sunt [prop. XI]. 4
autem media est. itaque etiam E media est [prop.
XXTIII]. et quoniam est 4:I'=A:E, et A* excedit
I"* quadrato rectae sibi commensurabilis, etiam .
excedit E® quadrato rectae sibi commensurabilis [prop.
XIV]. iam dico, 4><E etisam medium esse. nam

1) Nam A4:B = 4 > B:B? (cfr. supra p. 92,6}, B: I'=
B:B><T.

m, rec., T dno o6 E. 18 fostv L. 14, fgor dort V. 1o
URO_ 3oy d E] m. 1 b, supra scr. m. rec. v amd vob E. 16,
%0 -vno taov 4, E] m. 1 b, supra scr. vd dwo s06 E. wg 8£]
é o V. 19 povor] om. 22. t65] corr. ex v m. 2 F.

o‘vm&stpovﬂ a- add. m. Tec, b item lin. 24. 24. éaﬂ’y L.

25. #aciy ©0] w5 V, ef b sed corr. 26, 1 Umd Taw
4, E] m, 1 b, eupra ser, m, yec. o dmd zov E. 6] = P.
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[af yap B, I' fnral elor dvvipe uovoy ovuusrgor],
péoov dga xel to vmd Tov 4, E.
Etgnvrai dpe dvo péoae Svviuse uévoy evuusrgor
of 4, E péoov mspiéyovea, dore wny pelfove tijg éldo-
5 Sovog pelfov Svvacder Td amd ovppdrgov fovri.
Opolmg 0% madww dsybidevae xoal 16 axd aovp-
pérgov, ovav § A viig I petfov dvvyrar © dxd dovp-
érpov Sovti).

Afppe.

o "Eero rpiyovov Gpfoydviov vd ABI bedyy Eyov
wy A, xel Grfw xdfevog § A4 Aéyw, Ot vd pdv
tmd tdy T'BA Isov éorl td and tijg B4, 10 0% mo
tov BI'4 loov ¢ ano tijg I'4, xal ©6 omd vdv B A,
AT lgov v and vig A4, xal &t vo vmd vov BT,

5 A4 leov [fol] v vmd vov BA, AT

Kol mpdrov, v 16 tmd vav I'B A loov [dorl] =6
and g BA.

‘Enel yap &v Spdoywvip toiydve amd tis dobijs
povies énl iy Pdow ndberog xror 5 AAd, th ABA,

0 44T dga tolyove Opowst éove v tz Giw t0 ABI
xol GAdjAowg. xel Zmel Ouowby ot 1o ABI tolym-
vov te ABA roiydve, forw dou g 7 I'B meds thv
Bd, ottwg 1, BA mpdg vyv B4 v &po Umé vaw
I'B4 lgov éotl 16 anxd tijg AB.

1. alyde — odppergor] om. LFVb, mg. m.2 B.  slowP.

2. ue!] om. LB, %o ®wo téy 4, E] m. 1b, supra scr. m. rec.
té axbtovE. 8. ydgmyren LFVD, ~ 4. wfppés V. b, cuppd-
zoov] d-add. m. rec.b.  6.¢%] w6 V. ovpudreov L, ot BF, sed
corr. 7. dvwuren Pb.  ovgpérgov L, et BF, sed corr. 8. Post
gavey) add. Smee Edes deifan V. Seq. lemma, u. app. 9. 1ipue]
om. L.  10. fquv P. 11, A] o=d BAT Theon (LBFYVh); yo.
v vmd BA mg. P. 12, I'B4] supra add. BPY. {ociv L.
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quoniam B> I'= 4> E, ot B> T medium est
{prop. XXI], etiam 4 >< E medium est.

Ergo inuentae punt duae mediae potentia tantum
commensurabiles medium comprehendentes o, E eius
modi, ut maior quadrata minorem excedat quadrato
rectae sibi commensurabilis.

Similiter rursus demonstrabimus, * excedere E*
quadrafo rectae sibi incommensurabilis, si 4? excedat
I'® quadrato rectae sibi incommensurabilis [prop. XXX].

Lemma.

Sit 4 BI' triangulus rectangulus rectum habens
angulum A4, et ducatur perpendicularis 4. dico, esse
I'Bx<BA=BA BI'KTTd=IA BAXAT'=A4.4,
BI'' AAd==BA> AT

et primum, esse I'B>< B4 = B.4£,

nam quoniam in triangulo rect-
angulo ab angulo recto ad basim
' perpendicularis ducta est 4.4, trian-

guli ABA, A4AT et toti 4BI" et
~ inter se similes sunt [VI, 8], et
quoniam ABIleo 4ABA, erit 'B:BA=BA:BA
[VL 4]. quare [VL,17] 'B><B A=A B

18. BI'd4] supra add. I PF; BI', I'4 ¢ corr. V. loov)]
supra scr. m. 1 P. t7js] om. Bb. Al ¢. BAT, supra
add. 4 m, rec, P. 14, BI] e corr. V, 15, forl] om.
LBFVb o] om. P, 16 zd»] om. P, I'Bd4] FVbh,
Bm.2; PBLB; 4B P; 'B,BA FV m.2, Pm.rec. {oz(]
om, LBF Vb, 18. sa] corr. ex sz m. 2 B,  4BA]l 4 in
ras. m. 1 P. 20, JAT? L.  Zoxy LPB. 22, ABA) B
in ras. V. 28. BA] AR o. BA4] mut. in 4B V. 24,
I'B,Bd ¢, m.rec. P, m, 2 V.

RXuolides, sdd. Heiberg st Menge. IIL i}
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Az ta atza 87 xel o vmd vov BI'd lsov dorl
td and vic AT

Kol énsi, éav v dpdopovip roiyave axd tig dp-
&g yovieg émi vy Pdow xaderog dxdy, n axbsion

b Tdv Tijg Pdoswg Tunudrey wion dviioydy éetwv, fotw
doou dg 7 B mpdg tqy A4, ottws 7 A4 meds Ty
40 b dpe tmé tédv Bd, AT igov éorl = dmod
tijg AA,

Aéyw, Sti xel td vmo vy BT, A4 taov dotl v6

0 Umd 16y B A, AT. incl pag, og fpausv, Spodv dove
10 ABI ©vp ABA, fovw fge &g 4 BI' mpdg i
r'd, otrog § BA mgog 1y Ad [Zov 6} tioompss
stPsia dvadoyor @ow, td VRS Tdy Fxewv leov Zorl
vi Umd 16y plowv]. v6 &pa vmd tév BI, A4 leov

8 dotl tg tmd vy Bd, A" Omeg #st Osike.

iy,

Edgetv 8vo evPelag dvvdpst covuppérgovg
motovoag td plyv cvyxelpevor ¢x tovdn alrtov
terpaydvar ¢nrdv, o & v edrdv péoov.

¢ Exxclofooay dvo dnral Suvvduse pdvov evpgpergor
of AB, BT, a@ove vy pslfova tiqv AB vijg dhaesovog
tijigc B peifov ddvesder T ard dovppirpov fove,
xol verpnedo % BI dlyu xevte ©d 4, wxal o ag’
omorépeg tov Bd, AT lsov mags v AB mogafs-

6 PAiodo mepadinidygapuoy ZlAsimov &lds revpaymva,
xel Zote 1O Uwd tdv AEB, xel ysypdpde éxl vig

. L. BN TA m rec. P, m. 2V. lotf] om. Fb. 8,
Tetyovo ] suprs ser, comp, m, 2 B, 6. 44) 44 B. 10.
foti] postea ine. F.  11. ABT zplywvoy ¥. ~ 4BA] AT
BFD, et supra ger. Bm. 1 V. 12. T'd] 4 inras. V. 44)
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eadem de causae etiam BI'><I'd = AI",

et quoniam, si in triangulo rectangulo ab angulo
recto ad basim perpendicularis ducitur, recta ducta
media est proportionalis partium basis [V], 8 eoroll.],
erit BA: A= A4:4T. quare [VI, 17y BA4>< 4"
== A4 A,

dico, esse etiam BI'>< 44 = BA>< AI. nam
quoniam, ut diximus, trianguli 4BI', 4B 4 similes
sunt, erit [VI, 4] BI': I'd = BA4: 44. itaque’)
BI'>< Ad=BA>< AT [V], 16]; quod erat demon-
strandum.

XXXIIT,

Inuenire duas rectas potentia incommensurabiles,
quae summam quadratorum suorum rgtionalem efficiant,
rectangulum autem medium.

Ponantur duse rationales potentia tantum commen-
surabiles 4B, BI" eins modi, ut maior 4B quadrata
minorem BI" excedat quadrato rectae sibi incommensu-
rabilis [prop. XXX], et BI' in A in duas partes ae-
quales secetur, et quadrato B.4® uel AI? aequale
parallelogrammum rectae 4B adplicetur figura qua-
drata deficiens [V1, 28] et sit 4E>< EB, et in 4B

1) Terba quae praecedunt damnauni, guia non magis est,
cur haec propositio omnibus uerbis citetur, quam VI, 17, qua
bis in hoe lemmate tacite usus est.

d4 @ 18, dm V.  16] corr, ex vo V. 15, zé] corr.
exzom 1 F 7 g tov| om. Bb. Seq. demonstr. alt.,, u.
app. mee Oz deifeu] comp. Pb, om. BFV. Seq. lemmata,
. app. 19. 8¢ F.  21. dlavroveg b, comp. F.  22. pelfore
P, corr. m. rec. 28. vé] corr. ex zd m, 1 V. 25. meowi-
Anloyoupey P. 26, 4E, EB V, P m. rec.

, -
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AB qpuxvxiiov v6 AZB, xel §y0w v AB weog dpdag
7 EZ, xel émslevyPooey of AZ, ZB.

Kol éxel [0v0] evdelar &vicol eloww of AB, BT,
xel 1 AB tijg BI psifor Svvarar 1 dmo acvupérgov
favrfy, @ O} zmdgre Tob dmé vije BT, rovtéon: to
and rig nuisslag avtig, ooy mage tiv AB magefé-
Binzoe zmapadinddypapuov éAdsimov &ldse Terpayodve
xol motsl v0 Umo vy AEB, dovupergog Goa éotiv
AE zfj EB. xal dovw o¢ 7 AE mpég EB, otrwg
76 ©md vov BA, AE ®medg 1o Umd tov AB, BE, loov
3% v6 udv im0 vov BdA, AE i dmo v AZ, to O}
vnd tdv 4B, BE ©6 dxd vig BZ" devuusrgov dga
éotl 0 amd viig AZ v and vijgc ZB' ol AZ, ZB Gge
dvvdue eloiv dovppstgor. xal émsl § AB §nri fotiv,
$nrdv dpu fotl xel o amd tijg AB' @ore xal T,
Guyxelpevoy éx Toy amo tév AZ, ZB ¢nréy fonw.
xel émel miedww 6 Ym0 wév AE, EB ldov dotl o
and tijg EZ, vméusires 0t 10 vmd tdv AE, EB xol
T6 and tijg Bd leov, ley dga éotlv v ZE fj B4~
duwd7 dga 7 BI tig ZE dore xal to veo tdv 4B,
BI' ovpustgov dori vg vmo t@v AB, EZ. uidov O}
10 vad vdv AB, BI" péeov dpo xal 10 vné vév 4B,
EZ. ioov 0% 10 vnd tdv AB, EZ td Und tiv AZ,
ZB' ufoov égo wual T6 vmd vov AZ, ZB. &dsiydy
0} xal fmrov o ovpxslpsvov éx tov am’ avtov TE-
tpayOvoY.

1. AB] AEBb. ABZP. 3. §vo] om. P, post s68siac

ing. m, 2. ef] m, rec. P, 4. ovppérgov FV, corr. m. 2.
5. 70 (v@ V) 8¢ véragroy BFVD, corr. m. 2 BY (rerdgro m.
rec. b). f¢] vij¢ édagsovos ziig Theon (BFVbh).  rovzés-
v P, ‘F;ﬁ ﬂiril b, corr. ex zo m. 2 B. 6. {gov] om. Fb,
m, 2 B. 1. mogallnldyeaupor] om. Fb, m. 2 B. 8. 4E,
EBV, m rec. P. 9. meégzpv EB V. 10. tév] (alt) om. P,



EB
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Etpyvrar dga 0vo e0dsioe Ovvduer dovppergor
al AZ, ZB mowodoor 1o ply ovpxsipsvov &% tav o
avtoy Tetpeyovov gnriv, To 0 Ux avtdy pédov:
Gwep Edec Osibou.

Ad.

Edgeiv dvo evfeing Svvduer dovpuérgovg
morovoag T0 wiv dvyxslpsvov #x TRV ax’ av-
tav Tergaydrvey pédov, vo 8 Ux’ avvdy §nriv.

"Exxsiadooay 0v0 ufoar Suvvaper govov ovuustoor
ol AB, BI' ¢nrdv mepifyovow 6 Ox avtdv, @6ts
vy AB tijg BI petfov dvvacPar 1 amd dovpud-
Toov fevry, xel psyodpdw énl g AB 10 AAB
Ruixvxdiov, xal tezpijefe § B dya xezd vo E, xal
mepefefiioden magr vy AB td dnd tig BE ldov
mepelinloyoaupoy Eddslinov slde. Tevgoydve To Vwo
tov AZB- dedpusrgog &pa j[éetlv] § AZ i ZB
pijxse. xal fpPe @xd vov Z tfj AB mpdg dobag
Z A, xel énelevydooay af 44, AB.

"Enel dovpucteis éoviv 1 AZ vfj ZB, davppstgov
oo dori xal v6 Umd tév BA, AZ 1 Omd rav 4B,
BZ. igov 8% vo piv Oml vdv BA, AZ vd &nd tijs
AAd, vo 8t vmo tév 4B, BZ ©i and vig 4B dody-
uezgoy dou fotl xal 70 gmd tig Ad vH amd vig 4B.
xel émel pédov fovl 1o dmd i AB, ufsov Fpa xel
td ovyxelpsvov f rov dnd tov A4, AB. nal énel

1. plonyres FV, 3. gnrdw b, corr. m. 1, & BVh.
én’ F. 4. deifoi] edgelv b, mg. m. 1: yo. dsifou; in F
mg. m. 2: yo. edpeiy. 7. z6) corr,exzéy P, 8, d¢ F. 1L
gvppsrgov F, corr. m. 1. 16. dldsimoy £lder rerouydve) om,
Fb, m. 2B, 1d] mowoiw 16 V. 16. té» 4ZB] non liquet F
AZ, ZB V. ¢dupereos o, et B, corr. m. 2. £¢mf€] om. P,
foree 9. ZB] BZP. 18.Z4J) 4Z e corr. m. 2 V. AE]
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dixdij doviv 4 BI vijg AZ, diwidaov Goo xel vo

vxd 1oy AB, BI" vov vno tov AB, Zd. {yrdy 6t

To Umd vhy AB, B ¢nrdv dga xal vd vnd tav AB,

ZA4, 16 0} vmd Ty 4B, Z4 loov v vwd rov 44,
5 4B dots xal 7o Und rav A4, 4B fnriv oviy.

Evgnrrar dpe dvo svelor dvvduer dovppergor of
Ad, AB morotdnr to [ptv] dvyxelpsvov & tdy ax’
wbrdy tergaydvey pédov, to & Un’ avrav nriv-
Onep £0sc Osibou.

0 ac.

Edgziv v edPelag Svvdpst dovppirgovg
LoLoVGag TO T5 GvyRsiusvoy éx Tdv éx avrdv
TeTpaywvor pfdov xel vo O avrov pédov xal
fve dovpperpoy TH ouyneiplve fx tdY dn av-

5 vy terQayeve.

"Exxcledaday 0Uo piow Svvduer udvov evpperoot
af AB, BI" péoov nspiéyovear, dats tiy 4B vijg BI"
psttov Ovvecdur T amod devuufrgov fovrf, xul ys-
yodpbo &l vig AB fuxvxiior ©0 AAB, xal va

0 Aoimd pepovérw volg émdve dpolwmg.

Kol émel devupeteds oviv 5 AZ tfj ZB prus,
dovupcroog fove nal 1§ A4 vij 4B Svvdue. xal émsl
pioov fotl o amd vijg 4B, plaov dgw xal Td ovyxel-
pevov éx tov amd vy A4, AB, xal émsl o vmo

1. dmlf) dumlaciov Theon (BFVD). 2. :ov] e corr. F.
Post Z4 add. dovs nal lmpf.a‘lqnv Y, B m. . Post BI"
add. Theon: dmoxeczor ydg (ovvmg add. V) (BFVb) 4, Z4d]
corr. in BZ m. 2 F, corr. ex BZ m. rec. b. -r.o]ﬂpBF,rqn
8t g b. @] 6 BFb. -mw] om. Pb. 6. maqnwm Vb.
ovpperpor P, corr. m. 1. 7. pév] om. P. 8. rerpdyovor

F et #, sed corr. 8¢ F. 0. omsQ £deu deiton] comp. P,
om, BFVYb, 10, 1g" F, corr. m. 1,  18. zerpdyovor b, etF,
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160y AZ, ZB loov éotl ©g ag’ éxarépeg vov BE, AZ,
lon &po fovlv vy BE tfj AZ* &umdij dpo % BI vig
Z A4 dore xal 0 vmo tav AB, BI' dindcody done
100 Und tov AB, ZA4. péoov 0% o vmd Tov AB,
5 BI' uéoov dpe xal 10 vmd tdv 4B, Zd. xal éevw
loov t Vmo védv Ad, 4B pfeov dge xel ©o Owd
wov Ad, 4B, xel énel aevppereds foniv 7 AB Th
BI' piuee, ovupergog 0t % I'B tfj BE, cevpusrgog
dou nal 7, AB tfj BE uixers Sorvs xel 36 dmwd vig
10 AB 6 Ond tdv AB, BE dovppereor forwv. ddde
T piyv dmd g AB low ol ta and v Ad, 4B,
te 0t vmd vov 4B, BE loov dori 10 Umd tév AB,
Z A4, vovréor 16 vmo vov AA, 4B aevppsrgov dox
dorl o ovyxsipsvov éx Ty dmd tay AA, 4B 16
15 Umd tov A4, 4B.

Ebonvrar dpe 0vo svdele of Ad, AB Svvaps
devupsTeor moLoTBeL 10 Ts Gupxelusvoy & TGV A’
avtov péoov xal to D evvér pioov xal fr daevp-
uergov Th ovpnepdve i tidy dn’ adrdy terguydvov:

20 Omweg £0st dstbau.
A",

Eev 8vo gnral dvvdper udvov gvgueroor
cvvrefdeiy, 7 84y Eloyds fariv, xalslobo Ot

- éx dvo gvoudroy.
25  Supxel6docav pop 0vo yrel dvvduse pdvoyv edu-
petpor af AB, BI™ Aépw, Gvi 84y 1 AT dAoyds éorev.

1. AZ] 4Z b. 6] v @xé P, corr. m. rec. 3, 42
BY¥b. 4.'to%] 6 F, corr, ex 6 m. rec. P, mut. in e m. 1 b,
©6 Om6 — b. Ggu %el] mg.m. 2B. 8 BT]I'BF. IB]
mut. in BT V. 9. 4B] B4 e corr. m. 2 V. 6] ins. m.
2 F. 10 7$] corr. ex 56 F. cdppergoy F, corr. m. 1.  &oe
dotév b, dee supra add, F. 11 feriv P. taﬁvg ins. m. 2 F.
12. 7] com.exte m. 1 F. 18, 4Z B.  rovrdomw P. 14
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quoniam AZ <X ZB = BE* = 4Z° erit BE= A4Z
itaque BI'= 2 Z 4. quare etiam AB><BI'=2 4B
> Zd. verum 4B><BI medium est. itaque etiam
AB ><Z A4 medinm est. et B> ZA=A4>< 4B
[prop. XXXII lemma]. itaque etiam 4.4 >< 4B me-
dium est. et quoniam 4B, BI longitudine incommen-
surabiles sunt, et I'B, BE commensurabiles, etiam
AB, BE longitudine incommensurabiles sunt [prop.
XIII). quare etiam 4 B? et AB>< BE incommensura-
bilia sunt [prop. XXI lemma; prop. XI]. uerum A4*
~+ 4B* = AB® [I, 47] et 4B ZA4 = AB><BE
== AA> AB. itaque 44° 4 4B et 44>< 4B in-
commensurabilia sunt,
Ergo inuentae sunt duae rectae 4.4, 4B potentia
.incommensurabiles, quae et summam quadratorum
suorum mediam efficiant et rectangulum medium et
simul summae gquadratorum incommensurabile; qued
erat demonstrandum.

XXXVL

Si duae rectae rationales potentia tantum commen-
surabiles componuntur, tota irrationalis est, wocetur
autem ex ducbus nominibus,

Componantur enim duae
rectae rationales potentia tan-

y "

tiv] (prius) mut. in g m. 1 b. 16. af Ad, 4B] om, V.

18. adrdv rerpayover V. pigov xal] wg. V.  xel w6
seq. ras. 1 litt. V, v6 06 Fb, o 8’ B. 20, omeg #dsr Ssifor
comp. P, om. BFVh. 8eq. deyyy riv wore ovwdemy EEddor
BFh, mg. V; et in mg. fvreddey dogeroe mopadidivar nore
covPeoy 3§ (éEf¢ V) dloyovg BFVL. 21, i5'] maut. in 1§’ F.

28, {or: BV, comp. Fb. uedeiven P.  26. 31n] om. FVD,
m. 2 B. ARB b, corr. m, 1.
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‘Ensl yap dovpperpos éovev 1) AB vfj BI' prjxs’
Svvdpe yoeo pdvov elol evpucrgor mg 6k 7 AB mpog
v BI, oltwg vo vwd tév ABI 7pdg vd dmd =ijg
BI', dovpusrpov dpo forl td Umo tdy 4B, BI 1o

5 &né vijg BI. alie vé pdv Omd vov AB, BT ovp-
peToy éore o Olg vmd vov AB, BT, vd 8% and tijg
BI ovuperoe éove o and tov AB, BI™ of yap AB,
BT ¢nyzal slor Svvdps: pivoy cUpusror’ davuusToov
dpo éotl 20 dlg Umo vdv AB, BI volg dnd vév AB, BT

10 xal ovv@évre vo Olg vmo rdv AB, BT pera rav and

v 4B, BT, rovtéon 0 dmd vig AL, eavppergoy
dor. v ovyxapbve éx vdv amd vév 4B, BI. {qvdv
0% 70 ovyxeipevov éx oV dnd rév AB, BI* &ioyov
tpa [foxl] ©o dmd vijg A dove xat 5§ A &doydg

15 dorww, xedeloBw 8% éx 8Yo dvoudrov Omep E0m

dzttee.
ig.
Eav 8¢o0 péoar dvvdps: pdvov evppergor
svvteddoe §nrov megifyovoai, § 8An &loydg
o fotiy, xedeloBm 8 £p dug pfowy xgai'ry.

~  Zvprslododav pop 8o udoar dvvdust pdvov evp-
»

93, ¥ pergor of AB, BI' ¢nrov megiéyovon Aéywm, 8vc 8iy

5 AT &loydg detiv.

1. odppsrgog P, corr. m. 1. 8. ¥wd] o in res. in extr.

lin. F. téﬂg g F. ABI']| AB ¥y 4B, BI' & corr. V, m,
rec, P. an vijs BI') seq. a eras. b, tmé v AB, BI' F,
4. ¢wd viv] dwo wig F.  BI'l om. F. 6. dnd 7] oxe
toy AB F. 1, BI'} (prius) AB F, ged corr.? ai — 8. gup-
pazg%] om. Theon FPVb). 8. devppsreoy dgo forl 7] vé
dgu V, daze ael vé BFh, 9. roit) dovppsteor fon voig F.
B dovppergér fows BYD., 10, ovwreevn P ot V, sed corr.;
osvvredév F, corr. m. 1 et 2. rav](alt.) corr. ex 500 m. 2 F, 11,
AB] corr.ex AT V., zovzéeny P, 12. domv P.  13. dloyoc
F, corr. m. 2, 14. {ou/] om. BEVb. 15. éor: PBYV, comp.
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tum commensurabiles 4B, BI. dico, totam AT ir-
rationalem esse.

nam quoniam 4B, BI" longitudine incommensura-
biles sunt (nam potentia tantum sunt commensara-
biles), et 4B:BI'= 4B > BI': BI" [prop. XXI
lemma], etiam 4B><BI' et BI™ incommensurabilia
sunt [prop. XI]. uerum 4B >< BI' et 2 4B>< BI
commensurabilia sunt [prop. VI), et 4B8° 4 BI*, BI™
commensurabilia sunt (nam 4B, BI rationales sunt
potentia tantum commensurabiles) [prop. XV]. itaque
2 AB><BI' et 4B* - BI™® incommensurabilia sunt
[prop. XIII]. et componendo

2 AB>< BI'{ AB®4 BI hoc est 41" [I1,4],
et 4B® 4 BI"™ incommensurabilia sunt [prop. XVI].
uerum A B*- BI™ rationale est. itaque 4TI irratio-
nale est [def. 4]. quare eliamm AI" irrationalis est
[def. 4], uocetur autem ex duobus nominibus; quod
erat demonstrandum.

XXXVIL

Si duae rectae mediae potentia tantum commen-
surabiles compenuntur spatium rationale comprehen-
dentes, tota irrationalis est, uocetur autem ex duabus
mediis prima.

Componantur enim duae mediae potentia tantum
commensurabiles 48, BI" spatium rationale compre-
hendentes [prop. XXVII]. dico, totam AI" irrationa-
lem esse. '

Fb. Ante 8meg schol. est, u. app. Gmep #dec deilae] comp.
P, om. BFVb. 17. 15 F.  19. cvvreddoww BF. 20. dor:
PBY, comp. Fbh, 21, cvynelelodooay b, 22, xal léyo F.
Sly] post ras. 1 litt. P, om. Fh,
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"Emsl pop dovuucrods fotwv ) AB tff BI pnxs,
xel Ta dmd twy AB, BI' doa acdpperpe fore T dOlg
vad 1oy AB, BI xal evvdévr ta amd tov AB, BI
peta Tov Olg Umd vdv AB, BI', omep dorl vé amd

5 tijg AT, aevuucrpov fote T vnd tov AB, BI. fyzov
02 ©d imd vov AB, BI" vmoxswrar pap of AB, BI
gnrov megrégovoar’ Gloyov Gpa Td dmd thg AI™ &ioyog
gge ) AL, xaleiodw 6% éx dvo pédov wowry' Omsp
&z deikar.

10 Ay
'E¢v 8¥o pécar Svvips: pdvov elpusrpor
ovviedwe. pleov megiéyovear, B 6y dAoydg
doTiy, nedelofo OF éx dvo ploay davtépa
nl ZvyxeioBooar yog "§d0 y.e’mu d‘vaez povov ovg-
15 pérpor af AB, BI udooy megiéyovea’ Afym, ote &hoydg
oty 3 AT
Exxsiodo pog gnr 9 AE, xal g and g AT
isov zepe iy AE mapefefiiebm 1o AZ middrog
nowoty thy AH. xal el ©o dnd g AT loov dotl
20 Toig e ¢wo tov AB, BI' xal 1¢ dlg Umd rGv AB,
BT, magafefiijodw O tolg énd trov AB, BI' mapa
my AE isov ©0 E@ loxdy dee o @Z laov fderl
t$ dlg vmd tdv 4B, BI. xal énel péoy oviv éxe-
téga tov AB, BT, péow dge fotl xal 7o dmo THw

L 7j] m rec, P 4T b 2 dom zm’] coiT. ex fore
m, 2 B. 7] corr, ex w6 F. 8. xnel Theon (BFYD).
cvwte®éver P, e ve Theon (BFV ) wvw V. 4
fotiv P. 10 gmo] in ras. m. 1 P. 5. ovupsrea F, sed. corr.
fonv P.  BI'] posten ins. F. gyrév — 6. BI‘; (pnus) om. Fb,
m 2B 6 yoelm 2B, 8 Fb, Bm. 1. «i] af dxo zas b,
1. &loyog — 8. 4T'] mg. m. iP. 8. mpait7;] seq. sehol,
n. app. omee £de Jszémﬁ comp. P, om. BFVb,” 10. & F.
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nam quoniam 4B, BI" longitudine incommensura-
biles sunt, etiam .4 B} BI"™ et 2 A B >< BI" incommen-
4 g p Surabilia sunt [cfr. p. 108,1¢q.]. et com-
+——+——1 ponendo AB® -+ BI® - 2 4B >< BI,
hoe est A [II, 4], et 4B >< BI' incommensurabilia
sunt [prop. XVI]. uernm .4 B>< BI rationale est; sup-
posuimus enim, 4B et BI spatium rationale compre-
hendere. itaque 4I irrationale est. ergo 4 I irratio-
nalis est [def 4], uocetur autem ex duabus mediis
primea; quod erat demonstrandum.

XXXVII

Si duse mediae poientia tantum commensurabiles
componuntur medium comprehendentes, tota irratio-
nalis est, uocetur autem ex duwabus mediis secunda.

Componantur enim duae mediae potentia tantum
commensurabiles 4B, BI' medium comprehendentes
[prop. XXVIII}, dico, AT irrationalem esse.
ponatur enim ra-
A = \r tionalis 4E, et qua-

4 ' e H dratc A4I® aequale
| rectae AE adplicetur
! AZ latitudinem effi-
E Z

ciens 4H [I, 44]. e
quoniam AI* = 4B* 4 BI? 4 2 4B>< BI' [1i, 4],

12, opvre@Gory PF. 18, dore BV, comp. Fb.  17. yde]
om. F¥b, m. 2 B. 7] comr. ex & V. zgh] corr, ex to m,
2 P, ol Post BI" add. Theon: o 8% dno zrg AT lgov fori
9 AZ, xal 10 JZ n:pu loov dotl tolg (e add. V) dmo zaw
4B, BI nal 76 dlg dmo v 4B, BT’ (BVb F mg. m. 1)

811 mEQx THY ‘4E V. woaga n}v 4E V. 29, éorl]
m2F 24 pémB corr. m. 2, ar{]m 2V,
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AB, BI. péoov 0} dmoxszer xal vo Olg vmwod v
AB, BI. xal éove voig pdv and tdv AB, BI' loov
d E®, tg o 8lg md tdv AB, BI' loov =6 Z6&-
péaov &po Exavegov tav E®, @Z. xal mapa v
iy AE moapdxeiver (yvy doa fotly ifxavige tav
40, OH xal devuuergos tff AE pixs. émel ovv
aovupcvedg éotiv n AB vij BI' pixer, xoi é6tiv ag
1 AB mgdg v BI', otrmg o amd tijg AB meog o
im0 toy AB, BI', devpperpov &pe dorl vo amd vijg
AB 16 tmd v AB, BI. dli& tH pdv amd g
AB ovuuergéy dovi 16 oupxstpsvov éx THv amd TdY
AB, BT verpaydvov, te 8t 9o tov AB, B odu-
pezpov T vo Oig vmod tor 4B, BI. dovuustgov &pa
éotl 10 ovpxslpuevor éx Todv ané vov AB, BI' o dig
tnd tov A B, BI. alie voig piv dno tav AB, BI'
loov fovl v6 E@, vd 0t dig vmo zédv 4B, BI loov
dotl 76 OZ, dovppsrpov &ga éorl vo EG g OZ:
wors xel ) A0 tvff BH foviv dovppetpog pijner. af
48, OH dpa ¢nvel elo. dvvaps pdvov cvuupstor.
wore 3 AH &Adoyog favw. fmry 0t ) AE 16 8% vmd
gAdyov xml (g mspisydpsvov dpdoyaviov &loydv
doviv: &doyov dou forl 160 AZ yweiov, xal B dvva-
pévy [atee] dlopdg doriv. ddwverw 8% ©0 A4Z 4 AT

1, xe/] om. BFb; 76 ¢xd vdv (om. Fb) 4B, BI' pécoy
&pwx Bb, postea ins. ¥'; wsipevoy: o dlg vmo tay 4B, BI'
ufooy doo mg. m. rec, B.  dmé vay] spat, uac. F, 3. Z6]
corr. ex ®Z V, b, mogixevrar V. 6, dmel ovw] wal dmed
Theon (BFVb). 7. xaf— 9. BI":{ om. Theon (BF V). 9.
dovppetgoy — 10, BI'] punctis del. V. 9. dea] om. FVD,
m. rec. B. fovtv P.” dwo tiig AB 18] cvyrelpevoy ix tdv
énd tiv AB, BI' 16 84 Theon (BFVE). 10, didé — 15
AB, BT (prius)] om, Theon (BFYb). In mg. sef fomw lin. 7

- AB, BT lin, 16 addito »efuevoy et sigmis >< [y ad locom
suum relat. V (lin. 10 é¢=é pro ¥xd), eadem B mg. m. 2, nisi



B. 19, &(oww I'D. 2V, éoTe BY, comp. KD, 22, &0ty L.
nol] dore xel V. 23, adré] om. P.  Zome PBV, comp. Fb,
82 ) AZ ©6 AT doo &loyog éotv F,

Euclides, edd. Heiberg et Menge. IIL. ?
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#loyog dpa éotly ) AT, xedeiobw 6t éx dvo uéonv
devrépa. omep E0ei_ deltau.

CA.
'Eev 0vo ev®elar dvvdper aovppergor svy-
b redaoL moroDoaL td piv cuyxelusvov éx rav
e’ adrdv reTpaydvev §nTiv, 10 & U7 avrev
péoov, n Odn evdelo dloydg éativ, nalsoho O

Svyxeiodwcay yep 0vo svdelar Svvdps dovuus-

10 vpor al AB, BI' mowodear ta mpoxsiusve: Aéyw, Ore

&hoyés éoviv v AL

’Emsl yio ©d Umd tiv AB, BI' péoov éoriv, xal
10 dig [dow] vmd vév AB, BI' uéoov dewiv. to Ok
ovyxelpevoy dx tav and t@v AB, BI' ¢nrov dovu-

16 pergov &gu éorl 1o dlg vao tradv AB, BT 6 ouvy-

xaputve € rov dxd vGv AB, BI" movs xel va dnd
vy AB, BI" pere vod Olg vwd vév AB, BI', 8nep
dorl 7o amd vijg AT, davpuerodv foti T Svpxapive
éz Tov and tov AB, BI' [yzov 0} v svprsiusvov

20 & tov and tov AB, BI'" #doyov dga éorl td dmd

tijg A @ove xal 5 A Eloyds foniv, nedelofo Ok
p&ltov. Omep &s detbou.
w.
‘Edv 0vo edPelar dvvaper aovppsrgor ovv-

25 TeB@ 0L moroDOaL to WiV GUyxElpEvoy £x TOV

3 3 y_ w r ¢ \ ? ¢ 3 3w
G UiV TETpaYy Y oY [.IEGO’U, To 6 v avteov

2, dsvrépe] seq. schol., u. app., Omep #deu deifer] comp.
P, om. BFVL. 8. 1&Jom b, &' F. 4. ovveefany PBF.

™
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autem ex duabus mediis secunda. quod erat demon-
strandum.

XXXIX.

Si duae rectae potentia incommensurabiles com-
ponuntur, quae summam quadratorum suorum ratio-
nalem efficiant, rectangulum autern medium, tota recta
irrationalis est, uocetur autem maior.

—_ Componantur enim duae rectae
4 B I potentiaincommensurabiles 4B, BT,
quae proposita efficiant [prop. XXXIII] dico, AT ir-
rationalem esse.

nam quoniam 4B >< BI'medium est, etiam 2 AB><BT"
medium est [prop. VI, XXIIT coroll.]. est autem .4 B?
~+ BI'® rationale. itaque 2 4B><BI et AB*4 BI™
incommensurabilia sunt [def. 4]. quare etiam .4 B 4
BI*+ 2 AB><BI hoc est AT [I1, 4], et 4B*+BI®
incommensurabilia sunt [prop. XVI]. ergo AI irra-
tionale est; quare etiam 4I” irrationalis est [def. 4];
uocetur autem maior. quod erat demonstrandum.

XL.
Si duae rectae potentia incommensurabiles compo-
nuntur, quae summam quadratorum suorum mediam
efficiant, rectangulum autem rationale, tota recta irra-

B. uév]'ze V. 6. zerodywvov b. o 8¢ BF, Jito b. 7.
éoms V, comp. Fb. 12. éozd PBV, comp . Fb. 13. &eu]
om. P. fez{ PBV, comp. Fb. 16. m] 76 B.  18. foviv P.

ovpuetgoy b, corr, m. rec.  douvr P. 19, Jprév — 20.
BI'] om. P. 20. dloyog F, corr. m. 1. 21. {6 PBYV,
comp. Fb. 22, psdfwr] seq. scbol u. app. omeg #0ee deifai]
om. BFb, comp. P.  '23. pe’ F. 24, svyrsidtdeer BF. 26,
8¢ F.

%9‘
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¢nTov, 5 OAy sUBsle ZAoyds éariv, xedelodm O}
,)( ¢nzoy xalpuidan dyvepiny.
Zvpxelodacay yep 0o evdeinr dvvaus: advp.y.srpm
't af 4B, BI" mowovear t& mooxsipsve Aéyw, Ot &Aoydg
5 éouew » AT

'Enel yag vo cvyxelpevoy éx tov amo tov AB, BT

udaov éoriv, to 0k Olg vmd tév A B, BI gyrov, aovu-

psrgov dow £otl T0 ovyxelpsvov éx vov axd tdv AB,

BI 16 8lg vmd tév AB, BI'" dove xal o amd vijg

10 AT acvupeTody éore To dlg o tdv 4B, BI. (yrov

0% 76 dlg Ym0 vdv 4B, BI" dhoyov &pa 16 dmo Tijg

AT, &hoyog dgo f AT, xakeloBw Ot dqrov xal pé-
cov dvvauévy Omsg Edes detfac.

pet'.

16 'Eav 0vo svBslar dvvdpss dovpuperooi duy-
1:9061 WotovOaL TO TE SvynElEvoy éx TV an
avridy tirpayovor uédor xal td Ox adrdy pé-
dov xal Evi dovupetpor v cvyxsLpéve éx Tov
ex adriv reroay@vewv, N 0An svbsle &loydg

gy 720 6Ty, nalsicBe O dvo piow Svvapiuy,
14 Lo, Zvyxelodwany yap BTo svdelus Svvius aﬂupp,s-
TQoL of 4B, BI' mowovoa: ta mpoxeipeva: Adywo, Ot
5 A aloyog éoriv.
‘Exxslofo $qrn § AE, xel mepefsflicdo mapa

1. §ntév, 7] in ras. V.  dow BY, comp. Fb.  xededro: P,
3yu}‘supra.acrm1b 4a]aupmm 1P mpoos-
RneluEve sed corr 5. AB, corr. m. rec., P. 6. omo F,
corr. m, 2. 1. p#uwlrp!u- in raa. V. 361:[ PBVb, comp. F
34g] supra ser. m. 1 dnrér] corr. ex pécoy m. 2 V. avp-
pergoy B, corr. m. rec. 8. domy P.  10. 16 — BI'] bis b,
mg. m. 1 P.  Post nal add. evs@évr: Theon (BFVD), P m,
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tionalis est, uocetur autem spatio rationali et medio

aequalis quadrata.

-4 Componantur enim duae rectae potentia incom-
mensurabiles, quae proposita efficiant, 4B, BI’
[prop. XXXIJV]. dico, 4TI irrationalem esse.

B pam quoniam AB? -1 BI™ medium est, 2 4B
>< BT autem rationale, 4B® - BI'* et 2 4 B><BI’
+r' incommensurabilia sunt. gquare etiam AI'? et

2 4 B><BI incommensurabilia sunt [prop. XVI]. verum

2 AB><BI rationale est. itaque AI? irrationale est.

quare .4 I irrationalis est [def. 4]; uocetur antem spatio

rationali et medio aequalis quadrata. quod erat demen-
strandum.
XLIL

Si duae rectae potentia incommensurabiles com-
ponunter, quae summam quadratorum snorum mediam
efficiant, et rectangulum medium et simul summae
quadratorum incommensurabile, tota recta irrationalis
est, uocetur autem duobus spatiis mediis aequalis
guadrata.

Componantur enim dunae rectae potentia incommen-
surabiles 4B, BI', quae proposita efficiant [prop.
XXXV]. dico, AT irrationalem esse.

ponatur rationalis A E, et rectae A4E quadratis

rec. 12. aloyng — . 4I' mg. m. 1 P. 13, Svvapivy] seq.
schol,, w app.  Omep Eder deifa:] om. BFb, comp. P. = 14,
pe’] m rout. Jn pf’ m 2 F 15. dvrre@dow PBF.  17. xal
76 o’ wvtey péoov] supra ser. m. 2 V. 19, rstgayawm
PYV. #lm 2F. 20 fort PBV, comp. Fb.  22. 7a mgo-
xedpeval to T2 ovynElpevoy i Tow mro tiv 4B, BT pédov nel
70 o Ty AB, BT pfcoy nel é'ﬂ dovpuetgoy TG ouyreLnive

éxvzmv dnd Tov AB BT zerpoydivoy Theon (BF Vb, zerpaydva
b)
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v 4E volg piv dxé tdv 4B, BI lsov ©0 AZ, t¢
0t ol vmo 1y AB, BT icov vo HO®' Giov &ga 1o
46 loov gotl 16 dmo tig AT verguydve. xel fmel
ufoov dotl =6 ovyxelpsvov éx tov amd rov 4B, BT,

6 xal oviv [Gov v AZ, pédov &oo dotl xol vo AZ,
%ol mepa nryy v AE mepdxetest §nqvy oo fotly
1 AH xal éodppusrpog 14 JE pixer. g va avra Oy
xel 1 HK gnri) éote xal aovpperpos =) HZ, vovr-
dote 1) AE, wixer. xel émsl devpustod éom va dxd

10 tév AB, BI v¢ d8lg vmo vav 4B, BT, aovpperodr
dori 10 AZ v HO' dovs xal 7 AH vfj HK édovppe-
toog éoviv. xei el gyl of AH, HK dge yral
elor Ovwapsr pdvoy oUppetgor’ &loyog oo doriv %
AK 7 xedovpdvy éx Ovo dvopdrov. gnry Ot § AE-

16 &Aoyoy dpa Zotl 16 A6 xal 5 Svvapdvy atro &loydg
éoriv. Svvarer 8% 10 O4 § A &loyoz Gpa feriv w
AL, xedsiofo Ot 600 puioa Svvapdvn. Omep &0se
Setbar.

Afjupe.

20 ‘Or 0} of elpyuéver doyor woveyds diaigotvras
elg Tog svfelag, & dv GvyxsvTaL moLOVIBY TR mEo-
usipeva &ldn, 'Oelbopsy #0n mposuBipevor Anuudtiov
ToL0TTOY"

ExxsloPo c0dele v AB nul verpvedo 7 Oiy &g

25 dvice kol Exdrepov vov Iy d, vmoxsiode 0} uslfov

1, 4dE] corr. ex 4Am. 2P, 3. 84 P, 6 JE] corr.
exdm.rec. B. 7, fid — 9, pijxee] mg.m. 2 F. 8 dour B.
wovreoniy B, 9. dedpperoiy dori vé BY. 10. v — BT
mg. m. 1 P (zf corr. ex vé m. rec.). 11, apw el P. JH
Hd4b, 12, éort Vb, comp. F m. 2. elav B.  Post ai
del. 38 F, doe] m. 2 F, 13, sloev P. 14, 4K] K e corr.

m, 1h 18 édori V, comp. bet m. 2 F. @4]'in ras, Vb,
48 corr.ex 4Hm 2B § AT m. 2B, &l yee B.

"
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FVb. 19. ifppc] om. BV, m. re
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3 AT ths 4B Aéyw, 6ti va anwd toy AI, I'B usi-
tove dovi tdv amd tov Ad, 4B.

Teturjedm yap v AB 0iyo xere ©o E. xel Zmel
usifov fotlv 5§ AT ziig 4B, xouwn dgnoeiedeo § AT
doiwyy dpo § AA Aoumijs tijg I'B psliov fotiv. oy
0t 7 AE 7i] EB* éidviev &pa 5 AE tiig EI* 1a
I, 4 &go anuste ovx loov dméyovoe vijg Ouyoroules.
ual énel 10 Dm0 tov AT, I'B uste tov dmd vijg EI
lsov Zotl te dmd tiig EB, dike pyv xal o vmd vov
A4, 4B pera tov dnd AE loov dovl g amd tig
EB, ©o dpe vmd vdv AT, I'B pete tod dnd tijg EI
foov fori t@ Umd tov Ad, 4B pere vov dxd vijg
AE ov v and vig AE Elusocv fove to¥ and vijg
ETI" xal Aoumov dge 70 vmé tov Ay I'B fladsadv
doti Tov Vo Tov A4, AB. @ove xel vo Glg Umd oV
AT, I'B #lecedv éovi vov dlg Uxd védv A4, 4B. xal
Aoumdy dpa TO ovpxeipcvov €x tov axd tov AL, I'B
pelfov éori to¥ gvyxapdvov éx tov amd Tov A4, 4B
omsp £0s0 Oeifa.

uf.

‘H ¢z 6vo dvoparov xarve v udvov anpsiov
deacpelrar el Ta dvopera.

"Eote éx 8vo dvopdtav 3 AB Simonudvy el ta
ovduara xave o I af AT, I'B dga $nral slor dvvd-
p&e povov ovuuerpor. Aéyw, dti 5 AB xer &Aio on-
uelov ov Ouwugslrar sly dvo (yzag Jvvduss udvov
SuuuETEovS.

2, 44] AT corr. in 4B m. rec. b, 4. Poat xoww del.
8iV. AI'1 ATYb, AT wai P, 8, dldoowy P. &g daciv P.
7.4, I'F. 9 wippjom P, 10 g 4E V. «ti] tot b.
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Ponatur recta 4B et tota in I', 4 in partes in-
aequales secetur, et supponatur A" > 4 B. dico, esse
AT+ T'B* > A4 + 4B nam AB in duas partes
aequales secetur in E. et quoniam 4I' > 4B, sub-
trahatur, quae communis est, A4I. itaque relinquitur
AA4>TI'B. vernm 4 E==EB. itaque 4E < ET. itaque
puncta I', 4 a puncto medic aequaliter non distant.
et quoniam AI'>< I'B -+ EI'* = EB* [II, 5], et
Ad>¢ 4B+ AES — EB? [id.), erit AT'><T'B -+ EI*
== A4 4B+ 4E*. quorum 4E*< ETI™. itaque re-
liquum A I'><I'B <A d>< AB, quare etiam 2 4I"><I"B
< 244> 4B, ergo etiam reliquum') 417 + I'B?
> A4+ 4B% quod erat demonstrandum.

XLIL

Recta ex duobus nominibus in uno tantum punecto
in nomina diuiditur.

Fx duobus nominibus sit 4B in punecto I' in no-
mina divisa. itaque 4 I, I'B rationales sunt potentia
tantum commensurabiles [prop. XXXVI]. dico, 4B in
pullo alio puncto in duas rationales potentia tantum
commensurabiles dinidi.

1) Nam
AT 4 B4+ 2 AN < TTB=AB' =AM+ 4B -} 24 d><dB
(1, 4),

11. I'B] inras. F.  12. =7s] %ostea ine. F. 18, dv — A4E]
om F. flesor V. ldon] om 14, Flovror BVD, comp.
F (in B eopra scr. peifoy m. rec sed del) 1tem lin. 16. 186.
xal] supra scr. F. 18. a:wj corr. ex tmd m. 2 V. 19,
Anta omsp add. elmep ovvappirsoe fsa fotl td (tdv b) dmd
tii¢ AB Theon (BFVb), m. rec. P. 21 mad’ b, 24, xard]
supra ser. m, 1 P. tliz PBY.
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E¢! yagp Svvoatdv, digorjodw xal xate to 4, dove
ual Tog Ad, 4B fnris elvar Svvdpse povov cvupud-
Tpovs. wpavegoy 81, ove § AT 1] AB odx Eorv ¥
avry. & yap dvvardy, forw. Eavow 0% xal § Ad T
I'B 5 avey® xol foven dg AT mpos v I'B, ovrag
% Bd mpdg vy AA, xel forar  AB xaze o avrd
tfj xave to I’ Ouaplose Siaipsdsion xel xera td 4°
Gmep ovy vmixeitar. ovx dpu 7 AT th JB forwv %
adr). Ouk Of vovve xal va I, 4 onusia ovx lGov
dméyover tijs digoroplag. & Fga Siaplps Ta Amd THW
AT, I'B t@v éxd vév A A, 4B, votre Suepios xal
o dig Umd tov A4, 4B vod dlg vmd rév A, I'B
dik 70 xal ra axo vov AL, I'B pera voi dlg omd vaw
AT, I'B xol T dmd tov A4, 4B psta ot dig Omo
riév A4, 4B low elver ©¢ drxd tig AB. Al ta dwd
1dv AL, I'B tév démo tdv A4, 4B dwpéper §yres:
énre pag apporepn” xal to dig doa vmd tdv 44, 4B
tod dlg tmd v AT, I'B Sxgios onrd péoe Svre:
Omep aromwov' ufoov yhp uésov ovy vmepéyes fnre.

Otx Gpa 3 #x 0vo dvopdray xer &Ado xal &ilo
anusiov Sugetren xa® Fv &ga pdvov: Omsp #a
detéar.

W'
‘H ¢x dvo péoov mewry xa® ¥v udvov oy-

petov raepsiree.
1. Siigelofio V %ol movet] wave BFVb. 8. 4B] B4
egcorr.m. 2 V. ;]rcon- ex 86 V. Ad] corr.ex AV,
SPB]muthI" ag ) — 8. foreu] m. 2 B. 8.
Tjv] om. Fb' %] oe q b {corr.), og SUpra scr. m. 1 F.
av76] ed- @ cOIT. V; aved tuhpe P, tpfpe supra &or. m.
2 V. 7. vf ware] m. ree. P Post xee/ add. =jj sopra m.
1V. 8 4E] 4B 10. dxégovary B.  zob digoroplov P,

corr. m. rec. o] mc @ 12, AT, ’'BP. 1o¥] corr. ex ov



ELEMENTORUM LIBER X. 123

Nam, si fieri potest, in o diuidatur ita, ut
etiam 44, 4B rationales sint potentia tanfum
commensurabiles. manifestum est igitur, 4T et
AB easdem non esse. sint enim, si fieri potest.
itaque etiamn 4.4 et I'B eaedem erunt. et erit
tp A''TB=BA:44, ¢t 4B etiam in A eodem
modo ac in I" diuisa erit, id quod contra hypo-
thesim est. quare AI', 4B eaedem non sunt.
"B ea de causa I', 4 puncta a medio puncto
aequaliter non distant [efr. lemma]. quo igitur
AI® - I'B? ab A4 4 AB differt [u. lemma], eo
otiam 244> 4B a 2 AI'>< I'B differt, quia A1
G+ I'B2 24 TB=AR* =AML+ AB*|-2 44
>< 4B [11, 4]. verum AI? -+ I'B? ab A 4* -} 4B
apatio rationali differt; nam utrumque rationale est.
itaque etiam 2 44>< 4B a 2 AT'>< I'B spatio ratio-
nali differt, quamquam media sunt [prop. XXI]; quod
absurdum est; nam spativm medium non excedit me-
dium spatio ratiomali [prop. XXVI].

Ergo recta ex duobus nominibus non diuiditur in
punctiz diversis; itaque in uno tantum dividitur; quod
erat demonstrandum,

XLIIIL

Recta ex duabus mediis prima in uno tantum
puncto diniditur.

m. rec. P.  wiv] em. P. AT, I'B] 44, JB P. 15. 48]
supra scr. 4 b. 16, Post I'B ras. magna V. rds] corr. ex
z@pb. 17, doo] suprascr. m.2F. AJEB P, corr. m, rec. 18,
ATB Pb, corr. m. rec.  19. émeg &romwor] om. Theon (BFVD).
ig] #i Theon {(BFVD). 21, degecron P, corr. m. rec.
oxeg £3er deifon] com‘g. P, om. BFVb., 25, Swoipeirar elp
s ovépeze Theon (BF VD).
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"Eorew &x dvo ufowy mpwry § AB Sigonudvy xare
0 I', dove tag AT, I'B péoes slver dvvipse pcvov
cvupétpove $nrov mepieyovdug Adyw, Sti ) AB xor
diko anuciov ov diaipelrat,

5 El yap dvvardv, dingricBae xal xete 10 4, dots
xul t0g AA, 4B uéoag elva Svvdus povov quppé-
teovg nrov megegovons. dnel otv, & Sl 7o Slg
Dmd Ty A4, AB tov dlg imd vév AT, I'B, zovro
diagpéper ter dad vy AT, I'B tév dno rdv A4, 4B,

10 §nres 0% diagpéper TO Olg vwo vdv A4, 4B rov Ol
vmo tdy AL, B {yra yap dugpdrsga” {nre &ou
diagpéper xal 1o and tov AT, I'B tav dnd rav A4,
4B péox Svia: Omeg dzomov.

Ovx dga 7 éx dvo péowv mpdry xat HAdo xal

15 &Ado enusiov Siagslvar &lg ta dvdpore* xe® Bv dge
wovov: Omeg Ede detbas.

pd',
‘H éx 8vo péocwv devidpa xa® Fv povov a-
peloy dracpeltet,

20 “Eotm éx dvo péonv devrépa §) AB dinonuivy xore
w0 I, dore vag AT, I'B péoag elver Svvdusr pdvov
ovpuérgovs HECOV MEQuEyOVGNs” Qavsgdy O, dre vo I
ovx &6 nevé thig Siyoroplug, dvi ovx slol wijxer ovy-
uevgor, Adywm, oti  AB xet %AAo onuelov 0¥ Ouou-

25 peiTot.

E¢! yap dvvatdy, dupriofe xol xazd té A, dors

1. %4 4B] supra scr. F, corr. ex 4 44 m. rec. P. 4. o¥]

om, b. b, xxf{] om. Fb. 9. zé¥ dmwd] in ras. m. 1 P. 10,
4B)] supra ser. m. 1 F. 13, Post Svra add. péoor pécov
omepéyes gned @, 16. Smep £ds: Seifeu] comp. P, om. B%Vb.
17. ud’] mut. in ue’ F. 19. depeicon £l ta dvipoara
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Sit 4B ex duabus mediis prima in I ita diuisa,
ut A", I'B mediae sint potentia tantum commensura-
\ — , biles spatium rationale com-
4 4 r B prehendentes [prop. XXXVII].
dico, #B in nullo alio puncto diuidi.

nam, si fieri potest, in 4 ita diuidatur, ut etiam
A4, 4B mediae sint potentia tantum commensura-
biles spatium rationale comprehendentes. iam gque-
niam, quo differt 2 4 4>< 4B a 2 A< I'B, eo differt
AI? + I'B* ab 44 4 4B? [prop. XLI lemma], et
244> A8 a 2 AT >< I'B spatio rationali differt
(nam utrumque rationale est), etiam AT -|- I'B? ab
AL 4 4B spatio rationali differt, quamquam media
sunt; quod absurdum est [prop. XXVI].

Ergo recta ex duabus mediis prima in nomina non
diuviditur in punctis diuersis; itaque in wuno tantum
diuiditur; guod erat demonstrandum.

XLIV.

Recta ex duabus mediis secunda in uno tantum
puncto diuiditur.

Sit 4B ex duabus mediis secunda in I’ diuisa,
ita ut 4TI, I'B mediae sint potentia tantum commen-
gurabiles spatiom medium comprehendentes [prop.
XXXVIIT]. manifestum est igitur, I" punctum medium
non esse, quod longitudine commensurabiles non sunt.
dico, A B in nullo alio puncto diuidi,

nam, si fierl potest, etiam in o diuidatur, ita ut

Theon (BFVh). 238. foruv B. z}g‘v Segovoploy V. ott]
- Emsidnimep Theon (BFVL). eloty P 26. »ef] om. Theon
(BFVb)
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v AL ©ff 4B uy eves vy obrge, dAle pelfova
xed vmoPeow Ty AI" dflov Oif, St xal va dxd
t1év A, AB, i nive cifapsy, élassova tdy ano
tdv AT, I'B- xal tag Ad, 4B péoas elvar Svvips
povor ovpudtpovs uéoov meQueyovons. xul fxxelodw
$ney ¥ EZ, xol v plv dxo vijg AB lsov mapa Ty
EZ nupadinioypappov dpdoydvioy mapufefiicda 1o
EK, toig 6% and vév AT, I'B loov conereda o
EH' Aowmov &ge 10 OK loov fovl 26 dlg mo zow
AT, I'B. meiw 0% volg amd vov Ad, 4B, Gncp
éAdocove Edelybn vov and vov AT, I'B, lsov agpy-
prigfw 0 EA- xel Aowxwdy dpa t6o MK loov zg dlg
6 twov A4, AB. xal énel péoa forl Te dmd ToV
AT, I'B, upéoov dge [xal] v0 EH. xol moge ¢yeiy
viy EZ mogixaitas $nri &oa fovly © EO xol dodu-
wergog tff EZ prxee. Owa zec avmee 0% xel ) @N fnog
éore xol aovppstgog v EZ pims. xal éxsl of AT
I'B péoac slol Svvdusr pdvov ovuusrgos, devupsrgog
toe éotly ) AT tf] I'B urust. ¢ 8% § AT mpdg
v I'B, ovtwog t0 and g A mgds 10 Tmd tow
A, T'B* acvppstoov &gu fotl 10 dwxd vig AT 16
om0 vdv AT, I'B.” alié v pdv amd vijc AT ovupe-
tox fote té dmo vavy A, I'B' dvvdust ydp &los

1. AT] I inras. K. 2. woee P Sflov 8%, 6ud] Onledy
Theon (BF Vb); O‘ﬂ add, B m. 2. 3. 4T, I'B peiffove tov

and tdv 44, 4B, dg éndve ideifapey Theon (BFVb) 4. Ante
aced add. Zoreo 84° V, et in mg. m, 1 "éldgoova Tdv dmd AT,

I'B. 5. nelafew V, corr. m. 1. 6. zg] corr. ex 7o V. T,
uapallﬂlquappov og&oymwov] om. Theon (BFVb). 9. 8X]
in rae, V, 0. &ngg — 11. I'B] om. Fb, mg. m. 2 BV. 11

flarrova V. 12, EA] om6 zéy AT, I'B B. Deinde add. maliw
5 vois &no viv Ad, 4B Flacdoy, 5055’18'71 zdy ano tov AT
I'B B, Imsl uol (xul el V) vd amd tov Ad, B i1dadove
(élanavm F) 8slydn tov amo vav A, I'B FVb, in V del.
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AT, 4B eaedem non sint, sed 4" maior supponatur
(manifestum est igitur, esse etiam A4 SB*< 4T?
-+ I'B? ut supra demonstrauimus [prop. XLI lemmal),
et ub 4.4, 4B medise sint potentia tantum commen-
surabiles spatium medinm comprehendentes. et pona-

e
4I' B

A
5 M @ N

tur rationalis EZ, et quadrato .4B® aequale rectae
EZ parallelogrammum rectangulum EK adplicetur [I,
44], quadratis autem A4I7 4 I'B® aequale auferatur
EH. itague quod relinquitur, @K == 2 A" >< I'B
[, 4]. rursus quadratis £.4% 4+ 4 B? (gquaec minora
esse quam 41" 4 I'B?, demonstrauimus) aequale aufe-
ratur Ed. itaque MK = 2 4 4>< .4B. et quoniam
AI* 4 I'B* media sunt, EH medium est. et rectae
rationali EZ adplicatum est. ergo E@ rationalis est
et rectae EZ longitudine incommensurabilis [prop.
XXM]. eadem de causa etiam @N rationalis est et
rectae EZ longitudine incommensurabilis, et quoniam
AT, I'B mediae sunt potentia tantum commensurabiles,
AT et I'B longitudine incommensurabiles sunt. sed
AN T'B= AI'*: 4T'>< I'B [prop. XXI lemma). itaque
etiamn AI™ et 4TI >< I'B incommensurabilia sunt [prop.

dorl 6 P.  13. dovd] inras. m. 1 b, doviy B. 14, el 1]
©6 BFVb. 16, ®N]EHDb, ENinras. m, 1 F. 17, forew P,

18.. glaiv B. 19. I'B] BI' B. 20. I'B] in ras. V. 21,
adpperger V, corr. m. 1. AI'l 4 e corr. V. 22. alla]
supra ser. m. 1 V. @] corr. ex zd m. 1 F. T6H wiv] e
corr. V.  28. I'B] B eras. B.
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ovppstoor «f AT, I'B. vg 8% vwo vdv AT, I'B oty
usvgoy for vo Olg vmd rdv AL, I'B. xel e dmo
tov A", I'B &ge davupevpa iove 1 Olg vmd tav
AT, 'B. dlAda toig iy and tdv AL, I'B leov Zotl
5 0 EH, 1 6t Olg vmd vdy AL, I'B loov 10 6K
aovpusrgoy &pa fotl 1o EH v OK* dorve xal 7 E6
tfj @N covpusrpde d6te pnxes. xal elor dnral ol
E®, ON dgu gnral slo dvveus uévov evupergor. dav
82 dvo fyrel Svvdust povev evuusTeor SuvTilmoLY,
10 § 61y &loyds devwv % xadovpévy éx 8o Svopdrow-
% EN &pa éx 0vo dvopdrav éovl dugpnuévy xave to
©. xave ve avre Oy Saybidovvar xel of EM, MN
¢nral dvvduet wovov ovuustgor xal fovar 7 EN éx
dvo dvopdrwy xer &Ako xal &ido Suponuévy vo te @
16 xol 70 M, xal ovx Eerwv § E@ tff MN 3 adry, 6z
1a awo vov A, I'B uslfove édove vov and tov A4,
AB. dida 1 amo tov Ad, 4B uslfove éovi zov
Olg tmo A4, AB* moAdp dpo xol t¢ amd iy AT,
I'B, rovtéor. 10 EH, psitév fori tot dlg Omo v
20 A4, 4B, vovtéors vov MK* dove xal 3 EO g MN
uelfoy éovly. % &po E®@ tff MN odn d6rwwv %) adri
Omsg Edee Betba.

1. Bupra avgpsrpor add, & Fb. @ 8¢ — I'B] m

m 1P 2. t6] corr. ex tp Vb zet] supra ser. m. 2
3 wy.parpu b, ot B, corr. m. 2; a&- del. F. 4. I'B
pneL V (sit.) I' o corr. V. 5. loov dozl P. 8.
fartv P, EH Hin raa. V. 8. EO} "@'EF. siav P
9. {vzePaoy B, corr, m. 8, 10, #u] In oy F. 11, &pe
om. P. dovtv P. 12 €K b. 16, forw] foron V. 1}]
supra ser. m. 1 F. 4] postea ins. F. oﬂ] =nednree Theon
(BFVDh). 17. Mg. m. 1: yg ta dt dmo (zov A, 4 F) Fh.
18. tiow 44 FV, 19. rovriort 20. rovtéory P. zod]
.l e corr. V. MK} M seq, ras, 1 l1tt B. 4] supra scr. m.
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XI). verum AI™® et A% 4- I'B? commensurabilia sunt;
nam AT, I'B potentia commensurabiles sunt. et
Ar><I'B, 2 AI'><I'B commensurabilia sunt [prop.
VI]. quare etiam 4" - T'B? et 24 >< I'B incommen-
surabilia suat [prop. XIII]. werum EH = A4I"*4 B,
@K =2A4I>=TIB, itague EH, @K incommensurabilia
sunt, quare etiam E®, &N longitudine incommensu-
rabiles sunt [VI, 1; prop. XI]. et sunt rationales.
itaque E®, ®N rationales sunt potentia tantum com-
mensurabiles, sin duae rectae rationales potentia tantum
commengurabiles componuntur, tota irrationalis est ex
duobus nominibus, quae nocatur [prop. XXXVI}. itaque
EN ex duobus nominibus est in & diuisa. eodem igitur
modo demonstrabimus, etiam EM, MN rationales esse
potentia tantum commensurabiles. et EN, quae ex
duobus nominibus est, in punctis diversis @ et M
dinisa erit (quod absurdum est; prop. XLII], et E®, MN
eaedem non sunt, quod AI™ 4 I'B*> 44% | 4B%;
verum 4 A% -} 4B > 2 4 A >< 4 B.") quare multo magis
AT+ TB*> 2445 AB, hoc est EH> MK. quare
etism E®@ > MN [VI, 1]. itaque E®, MN eaedem
non sunt; quod erat demonstrandum.

1) T. prop. LIX lemma,

1b. 21 peifor V, sed corr. jj] wije b, Post avey add.
57 EN dea éx 000 ovopatwv mlov,uav‘q st Filo ual dilo on-
peioy t?;mpswm omee Gromov. ovx qgﬂ: én 8o y,srmu devriow
um: dilo xel &llo onusiov disgeizen 7 xad’ Bv govor F. 22,
Gmeq #3e 3eifar] om, BV,

Euclides, edd. Helberg et Menge. IIT. 2
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us'
‘H peitov xata £0 a¥1d povov enpelov Srac-
gsltac.
"Eorw pelfov 5 AB duponpévy xota o I', dore
5 vag A, I'B dvvape aovupdrgovg elvar mowovdag ©o
udy ovynsipsvov & vov awd rov AT, I'B tergaydvay
éyzov, o & vwd vdv AT, I'B pleov: 1éym, 3te %
AB xa? &ldo enuciov ov Sougelroe.
Ei yig dvvardy, dipprode xel xetd 6 A, Bore
10 %al tég A4, 4B dvvdus dovpudrpovs elvar Torot-
oag vo ply ovyxslusvov éx tdv amd tév A4, AB §1-
tov, 16 & U avrdv ploov. xel émel, & Sagpldpa
10 dné vav AL, I'B tdv and vdv A4, 4B, totvp
diegpéper xal o 8lg vmo vov A4, 4B rov Olg Dmd
15 tov A, I'B, diie e dnd tov AT, I'B rav dmd
iy A4, 4B imegéyer g’ e yag dupdrsea
xel 0 Olg Omo rov A4, AB doa rov Slg vmd rdy
AT, T'B {nspéyee v péoe Svea Smep dotly ddv-
vorov. ovx &gu 1) pelfwy xar &lho xal &ldo onpstov
90 Sangstras xeTe ©0 avrd &oe plvov Simpslrar’ Omep
et Osito. .
: us’.
‘H ¢nrov xal péoov dvvapévy xad Ev gdvov
orluelor draipelzas.
es Eorw {nrov xal péoov_dvwvaudvy v AB dipenudvy
xeve: ©d I, dors tég A, I'B Svvdpe dovuudrgove

1. ps” F. 2 Supra 16 add. m. 2 xel By P, Srepriten
efs v& dvdpora Theon (BFVD). 5. I'B] supra secr, B. upra
moLovseg Ber. #o/ m. 1 V. 6. AT} I'4 Fb; mg. m. 1 4B,
BT b, teTouydvoy] supra ecr. o b, -we in ras. V. 1.
¢neég F. 8¢ BF. 9. wef] om. Theon (BFVD), 10. év-
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XLV.

Recta maior in une tantum puncto diniditur.

Sit 4B maior in I ita dinisa, ut 4T, I'B potentia
incommensurabiles gint efficientes summam 4 I' 4 I"B®
rationalem, AI'><I'B antem medium [prop. XXXIX],
dico, 4B in nullo alio puncto diuidi.

-4 nam, si fieri potest, etiam in o diuidatur,
ita ut 4.4, 4B potentia incommensurabiles sint
14 efficientes summam AA4% 4+ A B? rationalem,
- A4 > 4B autem medium. et quoniam, quo

A - I'B* ab 4.4% 4+ 4B* differt [prop. XLI
lemma], eo etiam 2 44> 4B a 24> TB
~B differt [cfr. p. 122,10 8q.], et AI? + I'B? excedit
A4* + 4B? spatio rationali (nam utrumque ratio-
nale est), etiam 244 >< 4B excedit 24I'><TB
spatio rationali, quamquam media sunt; quod fieri non
potest [prop. XXVI]. itaque maior non diuiditur in
punctis diuersis. ergo in uno tantum diuiditur; quod
erat demonstrandum.

. XLVL
Recta spatio rationali et medio sequalis quadrata
in uno tantnm puncto diuiditur.
Sit 4B recta spatio rationali et medio aequalis
quadrata in I" ita diuisa, ut 4T, I'B potentia incom-
mensurabiles sint efficientes AT 4+ I'B? medium,

vapeg P, corr. m. 1, 11. tév dnd] m, 2 V. dnedv F.
12, 85 B, deaw P, corr. m. 1. 14, vd] corr. ex roi V.
17. 0} v V.  20. omep £dee deifos] comp. P, om. BFVb
24. Post Siargeiren add. elp za dvdpera Theon (BFVD), P

m. 2.

a%
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elver motovoag o piv ovyxelusvoy éx TOV 4mo TGV
AT, T'B péoov, to 6% dig vmd wov AL, I'B gyrdv:
iéyw, 61i 5 AB nor ko onustov ob Snpeivas.

E(l yep dvverdy, dipprode xel xare to A, dere
xel vig Ad, 4B Ovvdps dovppérgovg elvar moLov-
Gag 10 pdv oupxelpevov éx tdv amd tov Ad, 48
pécoy, to 6} Olg Pmo trav Ad, AB $nrév. émel oy,
& dnpéper 1o Olg vad vy AT, I'B o dig vmd tdv
Ad, 4B, rovre Suwpépe xal va amd tdy A4, 4B
td@y énd tov 4T, I'B, 10 8¢ dlg vwé vov AT, I'B
vov O8lg Um0 tdv Ad, AB vmepdyer nre, xel i
and rov A4, 4B dga vév dmé tiv A, I'B dm-
spéyer GnTe péoa Svve Omeg forlv advvarov. ovx dou
7 Onrov xal péoov Svveudvy xer &Alo xal &Alo ay-
peioy dumigeivas, xere Pv Gga onuelov Siargelven
onsp #0cr detbou.

g

‘H dvo uéoa Svvepdvy xal Fv udvov oy-
peioy Scaigeitoe.

"Eetw [0v0 ploa Svvaudvy] 7 AB Sionuévy nera
70 I, dots tag A", I'B dvvdusr dovpudtgove sves
moLoVGag TO ts ovyxelusvov éx tov axd tov AT, I'B
uéoov xal vo vmd rév A, I'B uéoov xal &ru aovu-
peTQoy e ovpxapive fx tdv ax albtdv. Aéyw, Su -
n AB xat &llo onpeiov o diugeitor morotor va
MQOKELPEV L.

2. I'B] in1as. V.  8¢] 8" B, ovyxelusvoy éx vaiv V.  84]
om. Theon (BFVD). D] corr. ex dmo V. 8. Post 1éym
ras. 1 litt. .  AB edfria V. 4. ua(J om. Bb, postea a d
FV. 5 wol] supra ser. V. 6. dwo véy — 7. gnwov] in
ras. m. 1 F. ~ 8 4B) 4B, KZb. 1, 3{] & BFbh, & ovy-
xefuevoy éx gy V. 84%) om. Theon (BFVb). 10, &¢] om.
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2 AI'>< I'B autem rationale [prop. XL]. dico, 4B in
nullo alio puncto dinidi.

nam si fieri potest, etiam in . ita diuidatur,
ut 44, 4B potentia incommensurabiles sint ef-
14 ficientes 44° 4+ 4B medium, 2 4 4>< 4B autem
7 rationale. iam quoniam, quo differt 2 4I'><I'B
( a244><AB,eoetiam 44+ 4B ab AT* 4+ I'B?
differt, 2 4"'>< I'B autewm 2 44 ><¢ 4B excedit
spatio rationali, etiam AA4% 4+ JB* excedit
AI? 4+ 'B® spatio rationali, quamquam media
sunt; quod fieri non potest [prop. XXVI]. itaque recta
spatio rationali et medio aequalis quadrata non diniditur
in punctis diversis. ergo in uno tantum puncto diui-
ditur; quod erat demounstrandum.

XLVIL

Recta duobus spatiis mediis aequalis quadrata in
uno tantum puneto diuiditur.

Bit 4B in I ita divisa, ut 4I', I'B potentia in.
commensurabiles sint efficientes 4I'* } 'B* medium
et A'><I'B medium et simul quadratis AI'® 4 I'B?
incommensurabile [prop. XLI). dice, 4B in nullo alio
puncto diuidi, ita ut proposita efficiat.

BY. dlg doa V. 11. roEI]’ ¢ P, 12, 1dv] (alt.,) cOIT,
ex z¢ m. 2 F. 14, onpeie P, corr, m. 1. 15. xed®” BFD,

%oze — 16. Seifor] m. 2 V. 16. éweg &8ss deifoe] comp.
P, om. BF. 17. u¢'] e corx. F, 18, 9 ddo pésa] in ras,
m. 1 F. 19, Jreugsizo ele 1o ovduxre Theon (lgFV ). 20,
8do péon dvyepsyn] om. P. 23. xal zé — péoer] mg. m.
1P, 0] 70 ovynslpsvoy fx riw V. 24, T ovprspérm)
ego; o ovyxelpsvoy PBFVD,  Post edrov add. ro (corr. ex
76 m. rec. P) ﬂvyuu,us'vw (corr. ex -pevev m. rec. P) 2 waw
ox’ (corr. ex dx’ m. 2 V, ax’ b} adrdv (rergeydvoy add. b,
Fm. 2) BFVb, P mg. m, 1,



134 ETOIXEI®N ¢

E¢ yog Svvardy, dinpnede xarte to J, dase waiy
Onhoviwe vy AL ©ff 4B py elvae Ty adrqy, dlic
peifova xed Onddeoww iy AT, xal éxxclodo §nry
% EZ, nal mepufeflicde mage v EZ volg uiv dmo

5 v AI', I'B lgov o EH, té 6} dig vao rdv AT,
I'B igov 16 @K' Ghov dpa 16 EK Ivov éotl 1 dmo
s AB tergeydve. mediw 8 wepafsfiicPe maga
iy EZ toig dmd tiov AA, 4B isov 16 EA* lowmdv
dpo 10 Olg vmo tdv Ad, 4B lomg t(p MK laov

10 foriv. xoi émel pddov Vadnsiren Td ovyxelusvov éx
oy amo tav AL, I'B, péoov &ge éorl xel 20 EH.
sl mage gy v EZ magaxsitart $nry doa forly
7 OF xal dovuusrgos tff EZ wixer. Oie o adra oy
xel 5§ ON $nrr éove xal dovpusrgos tfi EZ pijuer.

16 xol dmel dovpueroov 0T vO cupxelusvov éx Tdv dwd
v AT, I'B =g dlg omd zév AT, I'B, %al vo EH
dpe 9 HN acvppergov fovwv’ dors xel  E@ f
ON govpusrgds éotiv. xal elor dnyrals of E®, ON
doa gyral elor dvviper povov evuuerpor’ % EN dga

20 & dvo dvoudrwv Zotrl dipenuévy xerd To O. duolwg
oy dslbousv, Ove xal xare 10 M dujeyrar. xel ovx
foviv % EO tfj MN 5 adri 4 dpa éx 000 Svopd-
tov xet iAo el dhdo onusiov dujenras’ Omep fovly
dromoy, ovx dgo 7 Vo péoe duvvapdvn xer &Alo xal

25 ¢Ado onuslov Simgsiver xa® Bv Goo udvov [onuelov)
Seeepeite.

1. xel sxore V, 8. xelsbm P. 6. EX] corr. ex 8K
m 2P 10 4ax{ BV, comp. Fb. 13. @E) E€& P. 14.
dorwr P, 16. 6 — 16. =] in ras. m, 1 F. 16. ﬂgﬁl %
ovyxeipbyp dx tév (zob F) FVb,  8f5) supra ser. F, vmxd
in ras. F. TIB] BI"F. EN b. 17 dge] om. V. 1o
maut. in ¢dy m. & V. HN] @K BFb, 8K é&ea V., 18,

N’] comp. Fb, donr priner V. sloew PB. 19, elmv PB.
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nam, si fieri potest, in 4 ita diuidatur, ut scilicet
rursus 4I', 4B eaedem non sint, sed supponatur maior
Me AT, et ponatur rationalis EZ,

-4 E N )
et rectae EZ quadratis A"+
I'B aequale adplicetur E H, rect-
14 angulo autem 2 AI'><I'B ae-

quale ®K. itaque EK =— A4B*
I [11, 4]. iam rursus rectae EZ
quadratis 4.4* + 4B? aequale
B 4 H adplicetur EA4. itaque quod re-
linquitur, 2 44 > 4B = MK, et quoniam suppo-
suimus, AI? 4 I'B' medium esse, etiam EH me-
dium est. et rectae rationali EZ adplicatum est; itaque
@E rationalis est et rectae EZ longitudine incommen-
surabilis {prop. XXII, eadem de causa etiam @ N ratio-
nalis est et rectae EZ longitudine incommensurabilis.
et quoniam AT - I'B! et 2.4 '>< I'B incommensura-
bilia sunt, etiam EH, HN incommensurabilia sunt.
quare etiam E®, @N incommensurabiles sunt [VI, 1;
prop. XI]. et sunt rationales. itaque F'®, ®N ratio-
nales sunt potentia tantum commensurabiles. ergo EN
ex duobus nominibus est in @ divisa [prop. XXXVI],
similiter demonstrabimus, eandem in M diuisam esse,
et E@, MN eaedem non sunt. itaque recta ex duobus
nominibus in punctis dinersis dinisa est; quod fieri
non potest [prop. XLII]. itaque recta duobus spatiis
mediis aequalis quadrata non diniditur in punctis diversis.
ergo in unc tantum diuiditur.

K

21. dixigeitar V, 22. MN &ex b. ix tav P. 23.
&tonoy fomv V. 24, ) corr. ex #x V. 25, Eva F.  anpeios]
om, P,
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“Ogo: devrego
‘Trmoxsipsvng $nrng xal thg éx dvo Jvopdraw
dupenuivng &ls Ta dvdpaza, g vo peifov Svope rov
éAdosovog pelfor Svvarer v dmd ovppérpov fovry
5 wiwer, fov ulv o pelfov Jvopa ovpusroov 1 mifxs
v} éxnsipdvy Gy, xalsiobo [ Gin] éx dvo dvopa-
tov TowEy.
f. ’Eév 8% td éidocov Svoupe odpperoov 3 mrjre
] buxeipdvy Qnrf), xeieloBw éx dvo Svopdreow
108 .sv'.':.s'pa
y ‘Eav 6% ynaétepov ThY SvoudTOY dvpperpov
N pjxee v dxxsepdvy ), xedelofo éx 6vo dvopd-
Toy Tolty.
8. Hudww 0n dov o psifov dvoue [Tad éladaovog]
16 peifov dvvmrar v dmd dovpudrpov favri wixer, fov
piv to pstiov Svopa ovpperpov § mijxer v dxmepévy
¢}, xedelobw éx dvo dvopdrov terdery.
¢. 'Eav 0} zd Eloosov, méuxzy.
§. ‘Eay 8t pnbéregov, fxty.
20 “-
Etoety vy éx 8vo dvopdrov mparyw.
"Eaxsiowony dve dguBuol of AT, I'B, ders vov
ovykslpevor éE avriv tov A B moog piv vov BI Adyov
Eysv, Ov TeTQuymvog deuipds mEOS TETEEY@VOV dgi-
26 Budv, mpog 8 tov I'A Adyov um Eew, Ov teTpdya-
vog aoiduds mpds Terpdywvov dobudv, xal éxx:lcdwm

1. Sgos Sevregot] mg. B, m. 2 V, om. F, gp’ b. numeros
om. codd. 4, Elat-:ovog EFb. am:p B, corr. m. rec.; et
supra scr. o b - e corr. V. & perrec] (a.lt) om, V, m, 2 F
(erns.). 6. &rwy prinse FV. 75 §in] supra ser. m. 2 P éln B.

|
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rov élccoovog] m. 2 P, zod Eldrrow
corr. m. 2.  fewrjj] supra scr. o b,
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Tg onry 5 A, xal T 4 ovpuergog Eorm e n EZ,
gy Gpa dovi xal § EZ. xed yeyovére wg ¢ BA
doituds meds tov AT, otrwg 70 amo tvis EZ meig
70 éxd viig ZH. 6 8% AB mpog tov AT Adyov &ya,
Ov dputuds mpdy apiBudyt xel v and s EZ épu
7weog 10 amo tijs ZH Adyov éyer, Ov aguduos meos
detdpudy dgre adppstedy fdome TO amd the EZ g
amd tig ZH. xof éove §urh + EZ- ¢y e xal 9
ZH. xol émel &6 BA xpog tov AI Adyov odx &yet,
Ov rerpdyovog apuBuds mpog Teredymvov aguiudy,
o0t 10 dmd tig EZ dpa mpdg vo dmd vijg ZH Adyov
éyet, Ov veTpdywvog doiduds mpdg Tevpdywvoy agibudy-
davpusrgog dpa fotly § EZ vff ZH wixet. ol EZ,
ZH &goa §qrat sloc Svvous: povoy obupperpor’ €x dvo
dgu Svopdrov dorlv 4 EH.

Aéya, Gv xal xpory.

‘Exel ydp foriv g 6 BA agbuds mpdg vov AT,
obtwg T0 dmo g EZ medg t0 dmo v ZH, uelfov
82 6 BA vov A, peifov dpo xal 10 and vis EZ
rot dmd vijg ZH. Zotwm ovv tg amo i EZ low ta
énd vov ZH, ©. ol énel foriv g & BA mpdg vov
AT, otrwg 70 dmd vijg EZ meds ©o dmo vijs ZH,
avaargépavte dpa éorlv g 6 AB mpog tov BT, otrwg
to ano tiig EZ mplds ¥0 amd vijg ©. 6 0 AB meog
zov BT Adyov &gz, Ov Terpdymvog dgiiuds meog Tevpd-
yovov ¢giduov’ xel 0 and vig EZ dga mpog To
amo tijg © Aoyov Eye, Ov Tevpdywvoes dpidudg meds
TeTpdyevoy aputudy. ovppstgog dou fotlv § EZ v

1. r1g] supra ser. m. 1 V. 2. #otl xal] fotiv B. 3.
A"l I'4A FYb, Dein add. ¢eedpdr V. 4, ZH] H erus. F.

b 8¢ — b, debudy] mg. m. 2 B. 6. 8vé F. 8 leuvB.
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nalis aliqua 4, et rectae 4 longitudine commensura-
bilis sit EZ; itaque EZ rationalis est [def. 3]. et fat
BA: A= EZ*; ZH*

- ) I 2]

E ' [prop. VI coroll.). uerum
' Z H AB: AT rationem ha-

4 r B bet, gquam numerns

[} A1

ad numerum, itaque
etiam EZ?:ZH*® rationem habet, quam numerus ad
numerum. quare EZ®, ZH? commensurabilia. sunt
[prop. VI]. et EZ rationalis est. itaque etiam ZH
rationalis est. et quoniam B.A:A4I" rationem non
habet, quam numerus quadratus ad numerum qua-
dratum, ne EZ? quidem ad Z H* rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
EZ,Z H longitudine incommensurabiles sunt {prop.IX].
quare EZ, ZH rationales sunt potentia tantum com-
mensurabiles. ‘ergo EH ex duobus nominibus est [prop.
XXXVI]. dico, eandem primam esse.

nam quoniam est BA: A N=EZ*:ZH® et BA> AT,
erit etiam EZ?>ZH?® [V, 14]. sit igitur ZH® 4 6°
= EZ* et quoniam est BA4: A I'= EZ*: ZH?, conuer-
tendo [V, 19 coroll] est 4B:BI'= EZ!:®%. uerum
AB:BI rationem habet, quam numerus quadratus ad
numerum quadratum. itaque etiam EZ?:6° rationem
habet, quam numerus quadratus ad numerum quadratum.
quare EZ, ® longitudine commensurabiles sunt [prop.

9. B4] mut. in 4B V. otx] postea ins. F. 14. ZH —
Svvdape] w. 2 B. elow P. 15 deu] m. rec. b.  17. 4]
inras. m. 1 P, AB F. ‘; (prius) supra ser. m. 1 P.

peifoy F. 20, z6] corr. ex ro 21. AB P. 2B, tdv]
om, BFb, BI'l I’ supra scr. V, 26. EZ] ZE corr. ex
ZB F. 27. @] seq. ras. 1 litt, F.
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@ wine 7 EZ doe vijg ZH ustlov dvverer vé and
ovppérpov fovrfj. xel eloe ¢nrel of EZ, ZH, xeal
ovppergog § EZ 1 A4 pajxsi.
‘H EH éiga éx 0vo dvoudrov forl meaty' Omep
& &0t detbat.
pd’.
Ebgeiv tav éx 8vo dvopdrmr desvrégar.
‘ExxeloBocay dve dgidpol of A, I'B, Gote tov
svpnsipevoy & avrdv tov 4B meog plv vov BIN Ac-
10 pov &gav, Ov verpdymvog Gebuog mpds TETEAy@VOY
apuducy, meog 0t tov AL Adyov py Eysw, Ov Tevgd-
yavos Goududs medg Terpayavev dQiiudy, xal dxxslo-
8o $nry 1 4, xel tf 4 ebupsrpos forw §) EZ piper
¢y dpa éovlv 1) EZ. ypepovéire 8y xal dg & I'4
16 gouduodg 7edg Tov AB, ovrwg v0 dmo vig EZ mpdg
to dxo ¢ ZH' ovupergov dga fovl 10 amo vijg EZ
v amd vijg ZH. ¢nryy dpo dovl xel 5y ZH. xol el
0 I' 4 ¢giBpdg xpdg tov 4B Adyov otx Eyei, Ov Tetpd-
yovog doifuos meds tTerpdymvov deidudy, ovdE To
20 amé tig EZ mpds 16 dnd viig ZH Adpov Eyer, ov ve-
Tpdymvos Geiduds meog TeTpdywvov deiBudy. dovu-
pergog dou fotly ) EZ vy ZH piner: of EZ, ZH
tpa ¢nral slei dvvaps pdvov cvpusrgor fx dvo Ggo
ovoparov fotlv § EH.
25  Adauzéov 01, Ot xal Jsurépa.
2. elav PB, 3. dovppergog F, d- eras.; deinde add.
sixes, del. m, 1. Post pquee dol. doduperpor m, 1 F, 4,
Exep #8er deitor] comp. P, om. BFVbL, 6. #" F, et gic dein-
ceps. B. ro»] corr. ex o m. 2 V., 11. '4 BVb. 12.
rereiiyovog ¥, 13, EZ] ZH BVDb, inras, F, m. rec. P.  14.
e — EZ) wal ) ZH &ou fmrr onuy F. EZ}] ZH BVb,

m, rec. P. yeyovérw 81 xocl| xal form V, ¢ F, supra
ser. 47, 156. EZ) HZF, et ¢corr. ex ZH V, ZH Bb, P m,
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IX]. itaque EZ® excedit ZH? quadrato rectae sibi
commensurabilis. et EZ, Z H rationales sunt, et EZ, 4
longitudine commensurabiles.

Ergo EH ex duobus nominibus est prima [def.
alt. 1]; quod erat demonstrandum.

XLIX.

Inuenire rectam ex duobus nominibus secundam.
Exponantur duo numeri 4I', I'B eius modi, ut
AB ad BT rationem habeat, quam numerus quadratus
ad numerum quadratum, ad 4TI autem rationem non
habeat, quam numerus quadratus ad numerum gqua-
4 - -E dratum [prop. XXVIII lemma]. et po-
’ IQ natur rationalis o, et rectae o longi-
r |d I = tudine commensurabilis sit EZ; itaque
- T EZ rationalis est. iam fiat etiam
I'd: AB=EZ?:Z H* [prop. VI coroll.].

itaque EZ? Z H*® commensurabilia sunt

~H [prop. VI]. quare etiam ZH ratio-
nalis est. et quoniam I'4: 4B rationem non habet,
quam numerus quadratus ad pumerum quadratum, ne
EZ? quidem ad ZH?® rationem habet, quam numerus
quadratus ad numerum quadratum. itaque EZ, ZH
longitudine incommensurabiles sunt [prop. IX]. quare
EZ, ZH rationales sunt potentia tantum commensu-
rabiles., ergo EH ex duobus nominibus est [prop.
XXXVI]. iam-demonstrandum, eandem secundam esse.

~B

rec. 16, ZH] ZE BFVDb, m. rec. P; item lin. 17 bis, 20, 22,
16. EZ) HZ Bb, et corr.ex ZH V, ZH F, Pm. rec.  17.4oz(v B.
18. I'4] in ras, V, 19. 098" dpe Theon (BFVD). 20

EZ] HZ BFV, et € corr. m. 1 b, 22 EZ] HZ Bb, P m.

rec.; ZHV,ZH' F. «vig b 23. #loww B. 25. 84 P.
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Ensl yop avinedly éonv dg 6 BA dot®pog moog
vov AT, otrwg to axd tig HZ mpog 10 ano tvijg ZE,
pellory 68 6 BA tov AT, pelfov dpo [xel] 76 dmd
vig HZ rov and wig ZE. iotm v and vig HZ loa
t& and tév EZ, O quaorpédevn &pa fotly og 6 AB
wpog tov BT, otrwg o and thg ZH wpds 10 dmd
tiig @. aAl O AB mpog Tov BI Adyov &yer, Ov Tevpd-
yovog deududg meog Terguyavoy deidudy’ xel vod dmo
¢ Z H et mpog 16 amd vijg @ Adyov Eyer, Ov Tevpd-
yovog apidpds meds terpdyavov dedudy. ovppstpos
tow dotly 1, ZH ©f; ® pixs dore 1 ZH vijg ZE
psifov Svverar T amd ovpuérgov favry. xal sloc
yral af ZH, ZE dvvaper povov ovupsTeot, xal v
EZ Eeooov dvopw tjj uxcipdvy §nrij avpperooy dove
vi] 4 uixee.

‘H EH #ga éx 8¥0 dvopdrov éovl devrépe Omep
£0e deitau.

’

v,
Edgetv tqv éx 8vo dvopdrav toltyv.
Exxelodocay dvo apiduol of AT, I'B, ders tov

ovyxelpsvoy £ abrdv vov AB mpog pdv vov BI Ao-

yov Egew, Ov terpdywvos apuiuds mog TeT@aymvov
aguduov, medg 0t vév AT Abyov i ¥yeww, Ov terpd-
yovog doidpds meog TeTgdywvoy dgidtudy. dxxslodw
8¢ vig wel GAdog pn vevodymwvog agudpdg 6 A, wal
mpog Exursgov vav BA, AL Aéyov pi éyéve, Ov te-

i. 4B P. epdpog] om, b. 2. HZ] EZ BFVb, m:

rec. P, item lin. 4 bis. ZE]) ZH BFVb, m, rec. P, item
lin. 4, 11. 3. pelfoy — A') mg. m. 1 P (ueifoy, sed corr.

m 1), Bd] 4 ecom V. ] om P. 5 EZ] HZ
BFVb, m. rec. P. %] % bgp (non ). 6 ZH] EZ BFVD, \
m. rec. P, item lin. 9, 11 bis. 8. xe/ — 10. dodpdr] mg. m. -
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nam quobiam e contrario est {V, 7 coroll] BA: 4T
= HZ*:ZE® et BA> AT, erit HZ*>ZE* [V, 14].
git HZ* = EZ? + @*. conuertendo [V, 19 coroll.] igitur
est 4B: BI'=ZH?: 6. uerum 4B:BI rationem
habet, quam numerus quadratus ad numerum qua-
dratum. itaque etiam ZH?®:@®* rationem habet,
gquam numerns quadratus ad numerum quadratum.
itaque Z H, & longitudine commensurabiles sunt [prop.
IX]. quare ZH® excedit ZE? quadrato rectae sibi
commensurabilis. et rationales sunt Z H, ZE potentia
-tantum commensurabiles, et minus nomen EZ rationali
propositae 4 commensurabilis est longitudine,

Ergo EH ex duobus nominibus secunda est [def.
alt. 2]; quod erat demonstrandam.

L.

Inuenire rectam ex duobus nominibus tertiam.

Exponantur duo numeri 4I', I'B eiug modi, ut
ABad BI' rationem habeat, quam numerus quadratus ad
numeruwm quadratum, ad 4 I"autem rationem non habeat,

A I B
f—

Ei—— K A |
Z H @

quam numerus quadratus ad numerum quadratum. ex-
ponatur autem etiam alius aliquis numerus nom qua-
dratus 4, et ad utrumque B 4, AI" rationem ne habeat,

1F. 12. eloev B. 13. EZ, ZH BFVb, m. rec. P. 14,

EZ) ZH BFVb, m. rec. P.  flwzror BVD, comp. F. evp- -

pergoy fors vj Theon (BFVDL).  otppereor deni] om. Theon

(BFVDL), 18. Gmeg £0e¢ Seite] comp. P, om. BFVb, 20

xelo@woey, sapra scr. éx, V. 8do] corr. ex of m. rec. P,
25. aqidpos] om. V.




10

15

20

26

144  ETOIXEIRN (.

Tpdyavog dotdudg meds Tergayovov apiBudy xal fx-
xeloPw g gyry evdela § E, xel psyovéro g o A4
nedg Tov AB, olrwg 16 dmd Tijs E meds to dmd zig
ZH' evppetgov &pu fotl vo émd tis E 16 amd vijs
ZH. xal ot $yry n E° dyryy doa dorl xal v ZH.
xal émel 6 4 medg Tov AB Adyov olx Eysi, Ov vevpd-
yovog Goiduos medg teredymvor agifudv, o008} o
and zijg E npdg 1o dnod viig ZH Adyov &y, Ov rergd-
pavog doubuds meog TeTedyvOY deLiudy” acvppergog
oo éorlv §) E v} ZH pijnes. pepovire 87 mdliv o
7 BA dpiBuos mpds tov AT, otrwg v6 dmo vig ZH
meog T6 amd v HO' ovupergov dpa ozl To dnod
tig ZH g and vijg HO. ¢nwy 0t 5 ZH' (e éou
xel ) HO. xol émel 6 BA mgog vov A Adpov odx
Exet, OV veTpdywvog apiBudg meds Tetpdymvor doLBudy,
000t 70 dmo zijg ZH mpog T0 amo tijs @H Adyov
Eyer, Ov teTgdymvos agiuds mpog TETQEy@VOY dQL-
Buov: dedppergos e fovlv ) ZH tfj HO pixs.
af ZH, HO dpo yral sloe Svvduss povoy orpuerpor’
% Z@ Gpa & dvo dvoudrav dotiv.

Adyw 87, ove xal Tl

‘Enel ydg foniv g 6 A mpog tov AB, ofrmg 1o
and vig E medg 10 amd viig ZH, dg 6% 6 BA medg
tov AT, obrwg 10 dad tijg ZH mpds 7o amd 7ijs
H®, 8 foov dga éotiv dg 6 4 mpdg vov AT, ovreg
1o amd ziig E mpdg 10 dmo vig HO. 6 0k 4 mpdg
rov AT Adyov odx Exe, Ov rsrpdywvog deiduds meodg
reTpaywvoy deiBtuov: otdd: o dmd tig E dpa mpdg
10 axd vig HO Adpov &1e, 0v revpdymvog &giduog

2 ¢yl m.2F. 3.z ZHDb. 4. 76 — 6. Z H]{prius) m.
2 B. 5. xaf dour §qen}) gnry 86 B,  deuiv B. 10. 84 V.
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quam numerus quadratus ad numerum quadratum; et
ponatur alique recta rationalis E, et fiat J: 4B =
E*:ZH? [prop. VI coroll.]. itaque E? ZH*® commen-
surabilia sunt {prop. VI]. et E rationalis est; quare
etiam Z H rationalis est. et quoniam :.4B rationem
non habet, quam numerus quadratus ad numerum qua-
dratam, ne E* quidem ad Z H* rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
E, Z H longitudine incommensurabiles sunt [prop. IX].
iam rursus fiat B4: A'=ZH*: H&[prop. VI coroll.].
itaque ZH®, HO*® commensurabilia sunt [prop. VI].
uerum ZH rationalis est; itaque etiam H® rationalis
est. et quoniam B.4: AT rationem non habet, quam
numerus quadratus ad numerum quadratum, ne ZH?
quidem ad H®® rationem habet, quam numerus qua-
dratus ad numerum quadratum. itaque ZH, H@ lon-
gitudine incommensurabilés sunt [prop. IX]. quare
Z H, HG rationales sunt potentia tantum commensu-
rabiles. ergo Z® ex duobus nominibus est [prop.
XXXVI}. iam dico, eandem tertiam esse. nam quo-
niam est 4: AB=FE":ZH? ¢t BA: A=ZH": HG?,
ex aequo [V, 22] erit 4: AT'=: E?: H®®, nerum A: A
rationem non habet, quam numerus gquadrates ad

11. B4] 4B F. tév] om. B. 14 I'4 F. 16. ©H]
inras. V, HOF. 18. foviy] dotl wal F. ZH]J e corr. m. 2
(ex HZ®) V. =zfjm. rec. P. &HF. 19 HO] inras V.

elewy B, 20. dor{ BV, comp. Fb, 22, dig] supra ecr.
m 1F 28 ZH) HZF. BA] ABP, AB' F. 24 tév]
om. P. AT] corr. ex 4B m. 1 F. 256. H@®)] Z© P, corr.
m. rec. (euan.}. 28. rerpaywres F, corr. m. 1.

Enclides, edd. Heiberg ot Mengs. III. 10
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n@ds TETEEYmVOY dpiducy’ devuperpog oo ZoTiv 4
E tfj HO pnxe. xel émsl éotwv wg & B A meds tov
AL, ottwg o amd s ZH meog 6 amd tijg HO,
pslov &pa vo damod vis ZH tov amd tijg HO. #oro
ovv 1o amd tig ZH loa vé dmd vév HO, K ave-
orpépevte tpn [foriv] wg 0 4B meds vov BI, otirmg
0 and tig ZH mgos 10 axd g K. 6 6t AB mpdg
tov BI' Adyov Eyer, Ov revpdywvog dpiduds medg Te-
roayavoy aeuBudy: xel to dno g Z H dpa mpdg to
dxno tig K Adyov &ya, Ov terpdymvoeg dpidudg moos
rerpayovoy doidudy: ovuustgog pa [forlv] 4 ZH tff
K wixe. 5 ZH Gpa viig HO psifov 0vvarar td dwo
ovpustpov favril. xel slow of ZH, HO ¢nral Svvd-
pel povov evpustgor, xal ovlerépa avTdv gUMusTEds
éovs T E prxe.

‘H Z6O dpn éx dv0 dvopdrov fotl zglrn: Omep
#0zc Otk ’

’

ve',
Evosiv tnv éx 0v0 dvopdrov rsrdprny.

"Exxsiedwoay dvo agidpol of A, I'B, dore tov
AB mpos vov BT Aopov un Eyswv wijrs pnv meog wov
AD, 6v terpdyovog deidudg meog rerpdymvov dpi-
Buov. xal uxelodwo Ty § A, xal tff 4 evpperpog
éovm pnxe n EZ° $noy doe éovl xal § EZ, xal pe-
yovérw g 6 BA apPudg weog tdv AT, ovrmg vo
axd tijg EZ mpog 1o dno rviig ZH' ovpperpoy dpe
1. dotiv] m. 2 F, om. B, 8. ‘I!(;J (alt.) om, b. 4. =7
(alt.} om. b. 8. foziy] om. P. tor] om. Fb. 11, Zozdv

om. BFVb, 12 &qu} m 2V, Jvrezer] -ve- in ras.
13, dovppérpov F, corr. m. rec.g- ¢-supra scr. Fm. 2. H®

doa V. 16, domv B. 1 E forw F. 16, vefrn] corr. ex
énty; m. ree. by dnwj F, mg. ye. telry m. rec. meq E8e1
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numerum quadratum. itaque ne E? quidem ad H®?
rationem habet, quam numerus quadratus ad numerum
quadratum. quare E, H® longitudine incommensura-
biles sunt [prop. IX]. et quoniam est BA: Al =
ZH?:H®®, erit ZH*> HEG* [V, 14]. sit igitor
ZH®*=H® 4 K* itaque conuertendo [V, 19 coroll.]
AB:BI'==ZH?®: K*. uerum A4B:BI rationem habet,
quam numerus quadratus ad numerum guadratum. quare
etiam ZH®: K*® rationem habet, quam numerus qua-
dratus ad numeruvm quadratum, itaque ZH, K longi-
tudine commensurabiles suunt. itaque Z H? excedit H@*
quadrato rectae sibi commensurabilis. et ZH, H®
rationales sunt potentia tantum commensurabiles, et
neutra rectae E longitudine commensurabilis est.

Ergo Z® ex duobus nominibus tertia est [def. alt. 3];
quod erat demonstrandum,

Ll

Inuenire rectam ex duobus nominibus quartam.

- E Exponantur duo numeri 4T, I'B etus
modi, ut 4B neque ad BI' neque ad 4T ratio-
nem habeat, quam numerus quadratus ad nu-
merum gquadratum [prop. XX VIII lemma]. et
5 ponatur rationalis o, et rectae 4 longitu-

T dine commensurabilis sit EZ, itaque EZ

| rationalis est. et fiat B4 : A= EZ*: ZH?

= [prop. VI coroll.]. itaque EZ* ZH? com-
mensurabilia sunt [prop. VI]. itaque etiam ZH ra-

Seiko:] comp. P, om. BFVh. 2t. vwov BIN Extxuou'u avrav
Theon (BFVL).  BI'] cort. ex 4I' m. 1 prre — 22,
AI"] om. Theon (BF VD). 24. Zordy B. 25. B4] 4"B" T.

gotdpds] om. V. ra4 F. 26. evupergog P, corr. m. 1,

1(}"‘
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ot vo dmd tig EZ 1t amo vig ZH' {nry) dga dorl
xel 1 ZH. xal mel 6 BA mpog rov AT Adyov otx
Eyet, Ov teTpdymvog doiduds meds TeTgdywvor dgid-
pov, oUd: o amd Ty EZ mpdg to 4md tig ZH
Abyov Exe, Ov Tergayovog douBudg meds TTgdymvov
doupcy” agvpusrgog pa fotlv § EZ vii ZH pyxe.
af EZ, ZH cpe gnrai eloy Svvdpe wovov cvpusrgor
dete y EH éx 070 ovoudrav dotiv.

Aéyw 89, Ote el revdgry.

’Ensl ydo éotiv dg 6 B.A mpog tov AT, otrag 1o
ano 1ijg EZ mpdg ©o dmd thg ZH [usitov 0 6 B4
tov AT, peibov Zgu ©0 amd tijs EZ tov emd i
ZH, oto olv 76 amd tijs EZ loa va axd tov ZH,
@ dvaorpéyave. Gpa g 6 AB agiduds medg oV
BT, obrwg 6 and rijg EZ meog 10 amd vijg ®. & 8
AB mgdg Tov BI' Adyov odu &gz, Ov Terpdymvog doid-
pog medg rergiywvov agidudy' odd’ dga O amo
tiig EZ moog 0 amd vijg ® Adyov #ys, Ov TETQUym-
vog cQutuds medg TerQaywvoy coududv. &ovuuergog
dga éforlv 1 EZ < @ wixs' 7 EZ dge tg HZ
petfov Gvwvarar v dwo acvppérgov éfnvefl. xwl slow
of EZ, ZH ¢nral Svvdus: pdvor ovppsrgoi, xal %
EZ tff 4 ovppetgds v pijxac.

‘H EH &ga éx Vo dvopdrav dotl tevdory' Omep
e Oetbar.

1 Post Z H add. gy 8 (seq. ras. 1 lith. F) 5 EZ o
éneny Zou) f EZ §nry dee V m. 2, fno dovr dome b,

£o~u’] om. b, éozly PB. 2. nal] (prius) om. BFb. Bd4]
AB P. odx] postea add. m. 1 F. ~ & zf] g b. 7. edow B.
B. éov¢ BY, comp. Fb. 9. §f] supra scr. m. 1 P.  xa)
m. 2 F 10. BA) corr. ex AB té»] onr Bb, corr. ex
¢ m. rec. P, 11, pelfor — 12. AI"] mg. m, 1 in ras, P.
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tionalis est. et quoniam B .4 : AT rationem non
habet, quam numerus quadratus ad numerum quadra-
tum, ne EZ* quidem ad ZH?® rationem habet, quam
numerus gquadratus ad numerum quadratum. itaque
EZ,Z H longitudine incommensurabiles sunt [prop. IX].
itagque EZ, Z H rationales sunt potentia tantum com-
mensurabiles. quare EH ex duobus nominibus est
[prop. XXXVI].

Iam dico, eandem quartam esse. nam quoniam est
BA: AT =EZ*:ZH*, erit EZ*>ZH* [V, 14]. sit
igitur EZ* = ZH*- @, itaque conuertendo [V, 19
coroll.] 4B:BI'= EZ7Z%:@® uerum 4B:BI rationem
non habet, quam numerus guadratus ad numerum qua-
dratum. itaque ne EZ® quidem ad ®* rationem habet;
quam numerus quadratus ad numerum quadratum.
quare EZ, @ longitudine incommensurabiles sunt [prop,
IX). EZ® igitur excedit ZH® gquadrato rectae sibi in-
commensurabilis. et EZ, ZH rationales sunt potentia
tantum commensurebiles, et EZ, 4 longitudine com-
mensurabiles sunt.

Ergo EH ex duobus nominibus est quarta [def.
alt. 4]; quod erat demonstrandum.

1. B4] 4 e comr. V. 12. 7#s]) (prins) om. P. 13, ]
ré F. 16, z6¢] om. BFb.  18. @] &4 b. 20, {6zv] om,
Fb. doa] om. F. T7i5] corr. ex i V. HZ] corr. ex
ZHV, EH'F. 21. gvppéreov b, corr. m. rec., et F, cor.
m. 2. favry pruer F. 24. dmegp £dee deitar] comp. P,
om, BFVh.



150 ZTOIXEION /.

v

Edgeiv zqv éx 8vo dvoparwv mépzny.
‘Exnclodwooay dvo agiduol of AT, I'B, dore vov
AB 7mpog éxdregov avtav Adyev uy Eyewv, Ov TETQA-
b yavog apiftuds medg Teredywvov doiitpov, xel fxxel
¢fa éqnﬁ Ty evdein a'] 4, xal f} 4 evpupstgog fo‘zto
[unxe] 7 EZ- g'q-m G 1] EZ. xal ys}-ovs’rm mg o
' 4 mgog 1ov A B, ovrwg o and g EZ :n:@og b dmo
this ZH, 6 0t I'4 mgog tov AB Adyov ovx &ysi, ov

10 TeTQdyvog Geibuds meds TeTQEywvoy aguBudy: 0vdY

10 and tiig EZ dge mpog to ano tijg ZH Adyov Eyee,
ov TeTpdyovog aguduog meog teTguymvov agidudy. al
EZ, ZH #pa ¢nral eloe Svvdps udévov aduustgor’
éx Ovo dgo dvopdtav doviv ¥ EH.

15 Aéyw 87, Ore xal mépmen.

‘Exel pdp iotww wg 6 I'd mgog tov AB, offtwg
To dno tig EZ medg 10 amd vijg ZH, dvdmadw ag 6
BA mpdg tov AT, otrwg 0 dnd vijg ZH mpog ©o
ano wijg ZE' petfov dpa o amd tijg HZ 107 amd

20 vijg ZE. #orw ovv T amd vig HZ loa vo dnd vov

‘.

EZ, & dvagrodpavr. fge fotly og & 4B deuBuds
7go¢ ov BI', ofrews 10 dmo vijig HZ mgog o 4md
g @ 0 0 4B mpdg wov BI' Adyov ovx &ys, ov

3. zév] corr. ex o V. 7. pijes) om. P. EZ] ZH
Theon (BFVb), HZ m. rec. P. ner dpu fi EZ) $ney o
% ZH V, mg. ¢ney; th dpe HZ m. 2.  EZ] ZH Theon (BFh),
HZ P m.rec. 8 EZ] Tpoat ras. 1 litt. V, ZHF, HZ Bb,
P m, rec. 9. ZH] ZE heon (BFVh), m. rec. P. Deinde
add. odppevgoy dou forl vo dmo vijc HZ v d=d +iis ZE- fney
Gou fo me % ZE. wel éxel Theon (BFVb), P m, rec. (ZH
pro HZ). 6¢] om. Theon (BFVhL), tév»] om. BFb, 11,
tig] (prius) m. 2 B. EZ] HZ FVb, m. 2 B, m. rec. P.

ez om. B.  mpdg t6 émd] m. 2 B.  ZH] P, 'ZE BF Vb,
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LIL

Invenire rectam ex duobus nominibus quintam.
Exponantur duo numeri 4, I'B eius modi, ut 4B
ad neutrum rationem habeat, quam numerus quadratus
ad numerum quadratum [prop. XXVIII lemma], et
ponatur recta aliqua rationalis 4, et

™ rectae 4 commensurabilis sit EZ. itaque

L* 4 ‘ EZ rationalis est. et fiat

‘ 2 r4:4B=EZ*: ZH*

LT [prop. VI coroll]. I'4 autem ad 4B ra-

-B tionem non habef, quam numerus qua-
© |, dratus ad numerum quadratum. itaque

ne EZ® quidem ad ZH? rationem habet,
quam numerus guadratus ad numerum gquadratum.
quare EZ, ZH rationales sunt potentia tantum com-
mensurabiles [prop. IX]. ergo EH ex ducbus no-
minibus est [prop. XXXVI].

iam dico, eandem quintam esse. nam quoniam est
Id: 4B=EZ?:ZH%, e contrario [V, 7 coroll.] est
BA:AT = ZH*:ZE*. itaque HZ*> ZE* [V, 14].
sit igitur HZ® = EZ® + 6" itaque conuertendo [V,

m. rec, P. 12, wergoyoveg F, corr. m. 1. dg:ducy] m,
2 V. Deinde add. dedpusroog &eo forly § HZ = ZE (tf ZE
om, V) pijxee b, mg. m. 1 F, m. 2 V. 13. eloev PB. 14,
&pa] om. P. EH] Hecorr.m, 1 b, 15. #of] m. 2 F.

17. EZ) P; HZ BVb, Pm. rec.; ZH F. ZH] P, ZE
BFVDb, P m.rec. Ante og add. dex m. rec, P.  18. evrag)
om. BVb, ZH] P, EZ BFVb, P m. rec. 19. ZE] P,
ZH BFVb, P m. rec. Dein add. 6 8% BA o9 AT psifwr
{corr. ex peitov) dorl{ V; pettov (peifor m. rec. b) §t 1o (6 m.
roc. b) B4 rod A b, in ras. F.  peifor dpe] sustulit rep.
inF, Zewdor{ V. 1] m. 2F. HZ]P, EZ BFVD,
P m, ree.; item lin. 20, 22. 20. g om. P.  ZE]| P, ZH
BFVb, P m. rec. +o) supra ser. m. 1 b, postea add. m. 1 V,
corr.ex 10 Fm.1. 21 EZ|P, HZ BFb, m. rec. P, in ras. V.
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Tergaywvog auiuds modg TeTgiyavor aguitudy: ovd’
dge T0 amd tig ZH mpog 10 amd tig @ Adyov Eye,
Ov tTergdywvog deudpdg mpds veredyavov dptdudy.
asvppergos oo fovly n ZH tff @ pgus mere %
ZH vijg ZE usttov ddvera vo dmd dovppirgov fav-
tfj. xefl sow of HZ, ZE dyral dvvause povov ovp-
pergot, xal 0 EZ Eavvov Svopa evupevody fori vi
dxncipdvy fyrq v 4 pixee

‘H EH &go &x 0%0 dvopdrov éorl méumey' Omsp
Eder Detkar,

2

vy

Evgeiv viv éx dvo dvopdrov Exryy,
‘ExxcioBaday 000 agidpol of AT, I'B, Gote tov
AB mpog Exaregov avrov Adyov un fpew, Ov tergd-
yovog agiduos mpog tergayavov agududy: fdarem O}
nal Erepog doiducs & 4 uy terpdywvoy ov undk meodg
éxdregoy 1oy BA, A ioyov &yov, Ov vetpayovog
doiBuds mpos TeTpdymvor doiBtpdy xal éxxelefo rig
énrny eddeln 5 E, el ‘yeyovére &g & A meds tow
AB, olrog 1o ané tis E mpds ©o and tig ZH' avp-
pergov dpeltd &md i E 1o amd vig ZH. xal don
onen § E° ey dpa xel § ZH. xal Zmel ovx Eqee

1. zezodymyoy] corr. ex rergymvos m. 1 b, 2. ZH] P,

EZ BFVYH, P m. rec.; item lin. 4, 6. @] ras. 1 lith. V,
4, dotly] om, BVh. . zig) corr. ex zij Vh. ZE] P,
ZH BFVD, P m. rec. guppérgov F, corr. m. 2. 8. glox V,
comp. Fb. wl]m. rec. P. «f HZ, ZE] om. FVb; of EZ,
ZH supra ser. m. 2B. 7 EZ] P, ZH BFV)b, HZ m. rec. P.
9. Gmep Eer Seifmr] comp. P, om. BFVb, 18 4I'] 4,
seq. ras. 1 lith, F.  zév] corr. ex zéd m. 2 B.  16. psjze P.
17. B4] supra ser. "' m. 1 b, AB F ot V, sed corr.  fyawv
V, sed corr. 18. xa/] m. 2 F. 20. oftmg xal V, ¥~
pereog Theon (BFVb), P m. rec. 21 &px facty FV. w6—
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19 coroll] 4B:BI'= HZ®:®. vuerum AB:BI ra-
tionem non habet, quam numerus quadratus ad nu-
merum quadratum. itaque ne ZH? quidem ad ®*
rationem habet, quam numerus quadratus ad numerum
quadratom. itaque ZH, @ longitudine incommensura-
biles sunt [prop. IX]. quare ZH?® excedit Z E? quadrato
rectae sibi incommensurabilis, et HZ, Z E rationales
sunt potentia tantum commensurabiles, et minus nomen
EZ rectae rationali propositae 4 longitudine commen-
surabilis est,

Ergo EH ex duobus nominibus est quinta [def.
alt. Bb]s quod erat demonstrandum.

LIII.

Jnuenire rectam ex duobus nominibus sextam.
Exponantur duo numeri AI', I'B eius modi, ut
AB ad neutrum rationem habeat, quam numerus qua-
dratus ad numerum quadratum, sit autem etiam alins’
numerus 4 non quadratus neque ad alterutrum B4,
AT rationem habens, quam numerus quadratus ad
v 7 numerum quadratum [prop. XXVIII lemma];
r 4 |g et ponatur recta rationalis E, et fiat
i 4:AB=E%*:ZH*®
] 7Z ~  [prop. VI coroll]). itaque E%, ZH? commen-
ip _surabilia sunt [prop. VI]. et E rationalis est;
K itaque etiam Z H rationalis est. et quoniam

™ 4 : 4B rationem non habet, quam numerus
quadratus ad numerum quadratum, ne E?
- quidem ad ZH® rationem habet, quam nu-

ZH] % E vf (v¢ ano vijg F) ZH dvedpse Theon (BFVD), P
m. rec. ouy B. 22 Imel] m, 2 B, om. F.
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6 4 mpog tov AB Adyov, Ov rzetpaywveg apL¥uds
7wpog TErpaywvov agududyv, ovd: o awé vis E dga
wpds 0 and i ZH Adyov Iye, Ov terpdymvog doi-
fuos medg TeTodywvov deududy dovuuergog doe %

5 E v ZH wixs. peyovéra 34 mdiow o¢ 6 BA mpds

10

16

20

25

tov AT, otrwg 70 dno vijg Z H medg 10 and vig HE,
cvupsTgoy figa ©0 and vijs ZH vé axd rig @H. §y-
Tov dpw 10 dmd tiig OH $qry dpe § OH. xal &xsl
6 B.A mpds tov AT Adyov odx Egs, Ov Tevpdymvog
dotduds meds Terodywmvov dguduov, ovdd vd dwd Tig
ZH mgdg o amd vig HO Adyov &yer, Ov tetodpmvog
apiduods mpos TETEEY@VOV AQLBNOY dEVUuETgog Epo
dorlv 5 ZH vy HO wixsi. of ZH, HO Goa ¢nral
el6r dvvdpsr plvov cuppsrgor: éx Vo dga dvoudrov
dotlv 5 ZO.
Adsixvéov 84, Gve xal Eury,

_ Enel pdp foniv ag 6 A mpdg tov AB, otrwg 1o
and tig E mpds td amd tig ZH, Zéti 0% xal ag 6
BA mpds tov AT, otrwg t0 dmo tijg ZH meds ©d
and tiig HO, 8¢ loov dga dariv dg 6 4 medg tov AT,
obtwg ©0 and vig E mpds 1o awd tijg HO@. 6 8t 4
mgdg Tov AT Aoyov ovx Eysi, Ov Terpdywvos doidpds
moog TeTgdywvoy apuuéy: ovdd: 10 axd tig E &oo
mpog T0 dmd tijc HO Adyov &yer, Ov tetodyavog doid-
pog wpos TeTedymvoy dpdudy aovuuergog Goa dotly 3
E v} HO pyxa. 20clydy 6% xal v ZH deduusrgog’
éxavépn pe vov ZH, H® dovpperodg dove i E prjxse.
xel émel dorww dg 6 BA mpdg vov AT, ofrtmg 76 dmd
m']g ZH moog td and vijg HO, pelfov dga 70 dnd Tijg

7 mugzy.srpov F, sed cort. ®H] in ras. V, H® Fb
Deinde add. ¢nréw 8¢ 16 dné tijg Z H Theon (BFVb) 8. doux
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merus quadratus ad numerum quadratum. itaque E,ZH
longitudine incommensurabiles sunt [prop, IX]. iam
rursus fiat BA: A= ZH*: H®? [prop. VI coroll.].
itaque ZH®, @ H® commensurabilia sunt [prop. VI,
itague ® H* rationale est; quare ®H est rationalis, et
quoniam B.4: AT rationem non habet, quam numerus
quadratus ad numerum quadratum, ne ZH?® quidem
ad H®® rationem habet, quam numerus quadratus ad
numerum quadratum. itaque Z H, H® longitudine in-
commensurabiles sunt [prop. IX]. quare ZH, HO ra-
tionales sunt potentia tantum commensurablles itaque
Z® ex duobus nominibus est.

iam demonstrandum, eandem sextam esse. nam
quoniam est J: AB=E*ZH* et BA: AI'=ZH*: H®?,
ex aequo erit [V,22] 4: 4= E*: H®®. verum 4: A"
rationem non habet, quam numerus quadratus ad nu-
mernm quadratum, itagque ne E*® quidem ad H@&*
rationem habet, quam numerus quadratus ad numeram
quadratum. itaque E, H® longitudine incommensu-
rabiles sunt [prop. 1X]. demonsfravimus autem, etiam
E, ZH incommensurabiles esse. itaque ufraque ZH,
H® rectae E longitudine incommensurabilis est. et
quoniam est BA: A'— ZH*: H®, erit ZH*> H®?
[V,14]. iam sit ZH?*= H® + K% quare conuertendo
{V,19 coroll.]) erit 4B: BI'==Z H®: K®. verum 4B:BI'
xaf Theon (BFVb). ényep — O 111 mg. V. HOP. o9
BA) 4B" F. 10, 093] 068" dgx FVb, odx doa B.  14]
v F, 14, ¢lowy B. 18. 5’61:;1* B. 19 BA] 4B P, oL
6] m. 2 F 23, 0vdé] obd” oo Theon (B¥Vb). aqug
om. Theon (BFVb). 26. HZ F. 27, fxoréipe — E] 4
&oa fxavépy tdv ZH, HO fouy ao’vg‘uugog V. édpa] supra

scr. F, 28 ovrms] om. b, m 2 29. Post H® add.
pslfoy 8t 6 AB tod AT V. peifov] bis F.
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ZH tov amo vijg HO. &ovw ovw td dmo [vig] ZH
loe ve amd vav HO, K' avesrpépavie &po og &6 AB
npdg BT, otrwg ©d dwo ZH mpds 70 dmd g K. &
02 AB mgog vov BI Aoyov odx &yet, Ov Tereayovog
dpiduds modg veTpdymvov deuBudy: dovs o0dd o
ano ZH mpog vo and vijig K Adpov &yer, Ov tevpdyw-
vog doidudg meds Terpdymvoy deidudv. dovupstgog
dpe dorlv § ZH vij K wirse' 7 ZH dpa 1ijg HO
usifov dvwerter te amd devupdrgov favril. xel slow
af ZH, HO {nral Svvdps pévov evpuergol, xal ov-
detége avrdy evppcreds fore pqmer Ty xxsipdvn
¢ntij  E.

‘H ZO #pa éx dvo ovopdrov fotly Fxtq® Omep
&8s Ok,

Aqppe.

"Earm dvo tevgdyove té AB, BI' xal xelafwcoy
@ore ' svPelag slvon iy 4B i BE' i eb®slag
&pe dovl xal of ZB vy BH. xal evumemiqpdodw o
AT megelinddypappov: 1éym, Otc tergiyovdy fote
76 AT, el 8t vy 4B, BI péeov dvdioydy éor o
A H, xel & tiv AT, I'B ufoov dvdioydy deti vo AT
 ’Ensl yag len éoriv v piv 4B vjj BZ, 6 BE
vij BH, 8An &pu ©§ AE 8y ©ij ZH oy loy. ald
% ptv AE fnavépe tév 4@, KI éovev lon, 5§ 6% ZH
éxariga tov AK, O donv ion xal Exovépn oo
tiv 48, KI' ixavépe tav AK, OI éorw ioy. (od-
misvgoy dpa éorl 10 AT mogalinidypapuov: Eari 0%
xal dpDoydviov: rerpeywvov dga fovl 1o AT

1. ZH} 20 b, tig] om. P.  <ig) om. Pb. 8. wéw
Bl V. tig ZH FV. 4 =meog toy Bl mg. m. 1 P. 6.
tiig ZH FV. 7. devppetge P, corr. m. 1, 9. oug-
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rationem non habet, quam numerus quadratus ad nu-
merum guadratum. quare ne ZH? quidem ad K°®
rationem habet, quam numerus quadratus ad numerum
quadratum, itaque Z H, X longitudine incommensura-
biles aunt [prop. IX]. itaque ZH® excedit H&® qua-
drato rectae sibi incommensurabilis. et ZH, H®
rationales sunt potentia tantum commensurabiles, et
neutra earum rationali propositae E longitudine com-
mensurabilis est.

Ergo Z® recta ex duobus nominibus est sexta [def.
alt. 6]; quod erat demonstrandum.

Lemma.

Bint duo quadrata 4B, BI" et ita ponantur, ut 4B,
BE in eadem recta sint. itaque etiam ZB, BH in

K H p eadem sunt recta. et expleatur paral-
lelogrammum AT dico, 4I" quadratum
4 5 B esse, et 4 H medium esse proportionale
inter 4B, BT, et praeterea 4 I medium

-8 . .
4 z esse proportionale inter 4T, I'B.

nam quoniam 4/ B~ BZ, BE=BH, erit AE=HZ,
werum JE=A4@=KI'y, ZH=AK =0T (I, 34].
quare etiam
A@—=EKI'= 4K=—0T.

pérgov F, corr. m. 2. foavej winer F., 11. adrov] oy

ZH, H® Theon {BFVb). tgcmv P éyxupévg F. 12,

ElEHbD Hadd. m 2F. 13 5] om. b.  omep £dx: Gei'Eaé]

comp. P, om. BFVD. 18. éovlr B. 19. dnt to AD V.
fory P, 20. 76 A} om. V.  &rc] #me BF, supra ser.

on m, 2. 21, fomv P. 22. ZB B. 24. Post fen del.

e’ % ptv JE fwerépe m. 1 P,  HZ BFV, 2. TIe V.
&ou] om. h. 26. A@ll A postea add. V. 27. doxiv P
fouiy PB. 28, dosiv D,
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Kel émel éonwv og § ZB mgdg tyv BH, otrog 4
4B ngos iy BE, ail &g piv §) ZB meog v BH,
olrwg ©6 AB mpog 10 AH, g 8 % 4B mpés i
BE, ovtwg ©0 4H mpdg 10 BI, xal og &pe 6 AB

5 mpog t0 A H, otrwg vo AH medg o BI. vav 4B,
BT épa p,.s'do'u dvdioyov ety vod AH.

Aeyr;o 07, Ote xal tawv AT, 1" B uéaov avdloyiv
[do2c] w0 4T

‘Enst pip dotwv g ) Ad mpos vy AK, odreg

10 3 KH npog =iy HI™ loy yeg [éotwv] éxavépe éxeré-
e nal ovvdévr. wg 1§ AK medg Kd, ottog § KT
ngog I'H, @il g ulv 3 AK mpog KA, obrag
10 AT modg vo I'd, wg 8% % KI mpog I'H, otrwg
td AT ngog I'B, xal g dgn 10 A mgog AT, of-

16 tog t0 AT mgdg 6 BI. rav A, I'B dpa uéoov
avdioyov dove vo AI" & mpoéxszo Seltui.

vd’.
'Edv yoplov mepiéynrar vmd §qriis xal t1g
éx 0vo Svopdrev mewrng, § 10 ywelov Svva-
20 pévn adoypég doviv % xalovpdvy €x Yo dvo-
pdrov.
Xwglov pag 10 A mepusyéodm Umo Jyrijs siig
AB xal tiig & 8vc Svopdrev mpatng tiis A4 Adyw,
6te 9 10 AT yoglov dvvepévy Fioydg éovwwv % xadov-
o5 pévy & 8vo dvoudrov.

3.7iw BE— 5. BI"] postea ine.m. 1 F. 4. oz B. ]
m.2F. v BI'lcorrexwjy BI'm. 2B. 5 otrw B, 6.
dpe] om. b. 8. fow] om. 1‘ 10. wjv} ow. BFb.  douy
om. P.  éxeviee] om. P. 11, mpp K4 12. oy I'H
omy K4 V. 18, iy CH V. 14. =60 T'B V seq. ras.
1litk AP] w6 T'd V. 1. 4P T4V, BI'] Br
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itaque parallelogrammum 4 I" aequilaterum est; est
autem idem rectangulum. ergo 4I' quadratum est.

et quoniam est ZB: BH=AJB:BE, et ZB: BH=
AB: AH, 4dB:BE=dH:BI [VI, 1], erit etiam
AB: dH= AH:BI. ergo 4H medium est pro-
portionale inter 4B, BI.

Jam dico, 4I" etiam medium proportionale esse
inter 4T, I'B.

nam quoniam est AA4: 4K = KH:HI (pam
utraque utrique aequalis est), et componendo [V, 18]
AK:KAd=KI':T'H, est autem AK: Kd = AI:T'A,
KI':TH= AT":I'B, erit etiam AI': 4T"'=AT":BT.
ergo A4I" medium est proportionale inter 4I', I'B;
quae propositum erat demonstrare.

LIV,

Si spatium recta rationali et recta ex duobus no-
minibus prima comprehenditur, recta spatio aequalis

4 HE Z quadrata irrationalis est ex duo-
bus nominibus, quae wocatur.

B 5T Spatium enim A4I recta ra-

tionali 4B et recta ex duobus

;—13“)11 nominibus prima 44 compre-

M; w—E hendatur. dico, rectam spatio

| AT aequalem quadratam ir-

I rationalem esse ex duobus no-

z o minibus, quae uocatur.

B, I'B Fb. 18. &] oxep Theon (BF VD). Post Seifau
add. o> :p=P, 18, =i m. 2 B.  22. ywelor — 25. ovo-
potoy] mg. m. 1 F.  22.°4I'} ABT'd Theon (BFVh)., 23.
AB] A4 F.
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‘Exel yap éx 8vo dvopdrav dovi mewvy 7 A, Suy-
pfiodw £l ra Svopara xare 1o E, xal forw to uelfov
dvope ©o AE. gavepdv &, ot ol AE, EAd {nyrel
slor Ovvdper ucvov @vpuergor, xai § AE tig EA

5 psifov Ovvarar Te dwd ovppirpov favef, xal § AE
ovupetedy dote v buxspdvy byrf vff AB wixee.  Te
tpiedw On 9 Ed diye nave 1o Z enpsiov. xal dmwsl
% AE tijg Ed peifov 8vverar 16 amé ovpustov
fovrf], dav doa T vevdpro ufpes tob &mo tijg ddo-

10 Govog, TOUTEGTL 16 Gnd thHg EZ, loov maga v pelfova
v AE megufindy #Adsimov elder revpaydre, sig
ovupctpa oty Oiaigel. mogaPefliodm otv mepd
v AE 765 ano tijg EZ loy to tmé AH, HE' evyu-
petgog &pu dorlv  AH v EH wps. xal fyfosay

16 axd tov H, E, Z bmorépe tov AB, I' A magdlinio
of HO, EK, ZA' xol 16 plv AO megeiinloppdpue
lgov zerpayavov ovvesrdrem to XN, g 8t HK leov
70 NII, xal xel6dw dove in eoBslag slvar iy MN
v NE- ér eddelag don fotl xal § PN tf; NO. xal

20 ovpmendnonotn 1o XII meguiinidppoppor Tered-
yovoy doe forl to EII xal émel 6 Omd rdv AH,
HE loov Zotl v and tijs EZ, forwv Goo dg 1 AH
ngds EZ, otrwg i ZE moog EH xal dg doo t6 A9
#00g EA, 75 EA mpdg KH' rav 40, HK &pe ploov

26 avaloyoy éove 10 EA. dlda tvo piv A® [eov forl

2. E] e corr. m. ree. P. 8. &j] corr. ex 3¢ B, 4.
elory P. HOVLUETQOL F, ged oorr. 5. uo‘-uppérpov b, sed
corr.; in F supra add. ¢-m. 2.  wef] om. F. EAF.
d7] 8¢ V. 8. dovppézeov b, sed corr. 9. rzrdgra] 4 b

to0] tét B.  w#g] e corr. Y. 12. cvppergoy P. — diély
Vb, dufdme corr, in dedei F, diedei B. Dein add. prixec V. 18,
bmd zav FV. HE] H6 P. 14, AH] Hecorr. m, 1 V.
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nam gquoniam .4 4 ex duobus nomintbus prima est,
in E in nomina diuidatur, et maius nomen sit AE.
manifestum igitur, 4E, E rationales esse potentia
tantum commensurabiles, et 4E? excedere EA* qua-
drato rectae sibi commensurabilis, et 4E rationali
propositae 4 B longitudine commensurabilem esse [def.
alt. 1}, iam EA in Z puncto in duas partes aequales
secetur. et quoniam A E? excedit E4?® quadrato rectae
sibi commensurabilis, si quartae parti quadrati minoris,
hoc est quadrato EZ? aequale maiori 4E adplicatur
parallelogrammum figura quadrata deficiens, eam in
partes commensurabiles diuidit [prop. XVII]. adplicetur
igitur rectae 4E quadrato EZ? aequale 4H < HE.
itaque 4 H, EH longitudine commensurabiles sunt. et
ab H, E, Z alterutri 4B, I'd parallelae ducantur
H®, EK, ZA4. et parallelogrammo 4@ aequale qua-
dratum XN construatur, et NII = HK [II, 14], et
ita ponantur, ut MN, NZ in eadem recta sint; quare
etiam PN, NO in eadem sunt recta. et parallelo-
grammum XIT expleatur; itaque ZII quadratum est
{u. lemma). et quoniam est AH >< HE = EZ? erit
AH:EZ =Z2E: EH [V], 17]. quare etiam

A0 :Ed=EA: KH [V], 1].

EH)HE inras. V. 156, H) m. 2 F.  4B] 4 eras. F.
I'd]l in ras. V, B4 F, 4T B, 16. EX] E postea ins. m.
1 F. ZA] mot. in AZ V, 4Z BFb.  wagelinliypappor P,
corr.m, 1. 17, EN] Z corr. ex E BFb. 18, xeloBooey V.
MN] corr.ex Nm. 1 F. 19 4oty B. NPP. 20
ZI] corr. ex EII B, itewa lin. 21. 21, 28] t¢ V. A HE b,
et corr. in AH, EHm. 2V, 4H F, et B, corr. m. 2, 22.
W) w V. 23 wmeostip V. ZE] EZP. EH] wup H,

ante H ras. 1litt. V. 24 meog vd, seq. ras, 1 litt,, V. EA]
Eeras, V, 10 KH V. dpu] postea add. m, 1 P.
Euelides, edd. Haiherg ot Menge. TIL A\

el
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t ZN, 6 0 HK loov ¢ NII' vév EN, NII &gu
pédoy avilopdy dori 10 EA. Eoru 8% vdv avrav vdv
ZEN, NIT péaov avedoyov xal 6o MP: [gov Goa éoxl
70 EA v¢ MP dors xol t¢ OF laov dotiv. Eore Ot
xal v A®, HK votg N, NII low" Blov doa v AT
toov fotly 8im te XII, vovréon ta and v M te-
roaydve” 10 A dga Ovveser § MA,

Aéyo, 6t 3 ME éx b0 dvopdrov detiv.

'Enel pag oUpperoos éorww v AH tff HE, ovppe-
1pog dote xal | AE éxaripa rdv AH, HE. vmoxsi-
rar 0% xel ) AE tfj AB gvupergos” nel of AH, HE
doe th AB avpusrgol slow. xel f6ri nry 7 AB-
¢ntn dpa éotl xal Exarépn tdv AH, HE' ¢nyrov &pu
éatly Exavsgov viv A, HK, xal éori olppstoov 7o
A® g HK. alde o piv A0 1 EN loov {oviy,
o 68 HK w9 NIT' %al za ZN, NIT age, rovréon
te dnd tov MN, N, ¢yee dore xal ovppstoa. xal
énel dovpustpdg foviv %) AE tff Ed pijxer, ¢id 4
utv AE f AH {ore evupustgos, n 0 AE 1if EZ
avppETgos, aovppsreog dou xal  AH vij EZ- dars
xal 70 A0 t§ EA dovppsrodv fonv, adda 10 ulv
A6 g IN éorwv laov, 0 02 EA 169 MP =xal 16
ZN dpa t6% MP davupstodv dotwy. dAX ag véo EN

1. ZN] (bis) corr. ex EN B, item lin. 3, 5. 2. EA]
corr. ex Am. 1 F. ferw PB. 3. docdv P. 4. 2d] cormr.
€x tf mw. 1 P, MP 1 EA Theon (BFVD) Bore wel © }
nllu 7o piv MP w6 O.& (corr. ex FO V) faov fovl (dordy B
10 02 EA (Ed F) w6 ZI', Glov dpa w6 EI toig MP Theon
(BFVb).  <g] corr. ex vé m, 1 dsvly] postea ine. m.
1F. 5. EN, IIN F. 6. tovedouw P. 9. AN F, corr,
m 1. HE]corr. ex EHm 2V, E"H' F. 10. E4 Iy
eavF, 11 m;p,p,upug— 12. 4B] (pnua) mg.m. 1F. 11 sel]

prxer walV,Bm. 8. of]H EF,inras.B. EHTP. 13 sn
V, comp. Fb. éousB. 18, doriv PB. 14, doctv] donl xal V.
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itaque E.4 medium est proportionsle inter TN, NII.
uerum etiam MP inter eadem EN, NI medium est
proportionale [u.lemma). quare E_4==MP. itague etiam
E A==0 5[I,43]. verum etiam 4@+ HK=XN-- NI
quare totum?) 4I'= 211 = ME?. ergo ME quadrata
spatio AI" aequalis est.

dico, ME ex duobus nominibus esse. nam quoniam
AH rectae HE commensurabilis est, 4 E utrique rectae
AH, HE commensurabilis est [prop. XV]. supposui-
mus autem, eliam AE, 4B commensurabiles esse.
quare etiam AH, HE rectae 4B commensurabiles
gunt [prop. XII]. et 4B rationalis est. itaque etiam
utraque AH, HE ratiopalis est. quare etiam 4@,
HK rationalia sunt [prop. XIX], et 4@, HK commen-
surabilia. nerum 4@ = XN, HK = NII. itaque etiam
ZN, NI, hoc est MN?®, NJE?, rationalia sunt et
commensurabilia. et quoniam A E, E A longitudine in-
commensurabiles sunt, et 4E, 4H commensurabiles,
et 4E, EZ commensurabilea, 4H et EZ incom-
mensurabiles sunt [prop. XIII]. quare etiam 4@ et
E A4 incommensurabilia sunt [V, 1; prop. XI]. uerum
A0 = EN, E4d= MP. quare etiam XN, MP in-
commensurabilia sunt. est autem EN: MP==ON: NP
{VI, 1]. itaque ON, NP incommensurabiles sunt

1) Nam EA=ZT

156. ZN] corr. ex EN B, item lin. 16. 15. fomwv loov V.

dovi PBD, comp. F. 16, 1d¢] vé F. NII dga] v NII F.

17. dovpperga B. 18. dile Bb. 19. AH] corr. ex
AB V. EZ] EZ douc V. 20. xaf] Z0uev V. ~ Post EZ
add. "fj"" ¥b, m. 2 B, 21, éoniv] om, BFb. 22. TN
NX F.

1
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npdg MP, ; ON ngog tiy NP acvppergog &ga Sotly
7 ON vij NP. loy 0t 5 ptv ON tfj MN, 5 % NP
tij N5 devppsrgog dpa éorly ) MN zff NE. xuel
dot vO dxd tiig MN abupergov @ amd i NJE, xal

5 ¢qrov éxdrsgov' ef MN, NE &oo $qrel sior Svvdpe
udvov GUppETQOL.

‘H ME dga é& dvo ovopdrov éotl xal Ovwarm
10 AT Gmep £0e Oetkar.
ve'

10 ‘Eav ymelov mepiégnrar vmo §nrig xel g
éx dYo dvopdtwv dsvrigag, % To ywelov du-
vauévy dioydg éotiv % xalovudévy éx 8vo pé-
cov TYATY. '

Hzpuegdodm yap ywplov ©o ABIA Do Grrijg

16 tg AB xal vijg éx 8V0 dvoparey dsvrépes viig A4
Afyw, Bve 5 v0 AL ywelov dvvepdvy éx dvo ufowy
npaty f0Tiv.

'Enel yip & dvo Svoudrov dsvtipa otly 9 A4,
dinerioda el ta Svipere xerd 76 E, dore to peifoy

20 Svopn clvas ©0 AE of AE, EA Gga ¢nral eloi du-
vapse povov evpueroos, xul § AE tig EA petfov dv-
verer 6 exd cuvppérgov fwvrij, xel vd flarrov Gvops
% EA evppstgéy fovi tf) AB pijust. verpiodm % EA
Olye xave ©0 Z, xol 16 axd vig EZ loov mepa toy

26 AE magafefiioBe Adtizov elbe terpuydve to vmd
riv AHE' otlppevpog dge 7 AH vff HE pijeer, xal

1.6 MPV. otwwgn V. tjy] om. BFb. MPF,
forv Zex F. 2. PN P. NMP. 4 rig] (prius) om. Fh,
m 2B NEIMEF. b slav B, 6 povesoy P. 1, éx]

% éx Pb. 12, dx] %) éx b. 14, Post yag del. vé B. 18,
yig] om. Fb, m. 2 B, 20. 4E] (alt) E4 P, corr. in 4
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[prop. XIJ. nerum ON = MN, NP= NJE. quare
MN, NY incommensurabiles sunt. et MNE, NS5?
commensurabilia sunt, et utrumque rationale. MN,
N igitur rationales sunt potentia tantum commen-
surabiles,

Ergo MZE ex duobus nominibus est [prop, XXXVI],
et ME® = AT"; quod erat demonstrandum.

Lv.

Si spatium recta rationali et recta ex duobus no-
minibus secunda comprehenditur, recta spatio aequalis
quadrata irrationalis est ex duobus mediis prima, quae
nocatur.

Spatium enim 4 BI'Ad rationali 4B et recta ex
duobus nominibus secunda 4.4 comprehendatur. dico,
rectam spatio 4I' aequalem quadratam ex duobus
mediis primam esse.

nam quoniam 4. ex duobus nominibus secunda
est, in E in nomina diuidatar ita, ut 4 E maius nomen
sit. itaque AE, E. rationales sunt potentia tantum
commensurabiles, et 4 E? excedit E? quadrato rectae
sibi commensurabilis, et minus nomen EA rectac 4B
longitudine commensurabile est [def. alt. 2]. iam E.o
in Z in duas partes aequales secetur, et quadrato EZ*
aequale rectae 4 E adplicetur 4 H>< HE figura qua-
drata deficiens, itaque A4 H, HE longitudine commen-
surabiles sunt [prop. XVII]. et per H, E, Z rectis
AB, I'4 parallelae ducantur H®, EKX, Z 4, et paral-

m, rec. slowy PB. 21 ¢ E4] mg. m. 1 P. 22, flesoor
P, comp. F. 23. AB] 4 ins. m. 1 F. 24, 7di] corr. ex
o m 1F. 25. 16] 7o V. 26, AH, HE V e corr.



10

16

20

166 ETOIXEIRN /'

dwt zov H, E, Z magalinio fy@wcdev valy AB, I'd
of HO, EK, Z A4, xal tp plv 49 magalinioypdpup
leov weTpdywvov svwedtate ©6 EN, vd 03 HK leov
revpdywvoy 10 NII, xal xeloBa dove én’ edPslag elvae
vy MN tjj NE éx edbelag fpa [foti] xal 4 PN
v NO. xel evumewingmedo to XII vergeywwvov
pavegdy O €x tov mpodedaypdvov, ote v0 MP uéooy
dvidoydv éori vav EN, NII, xel loov 1¢¢ EA, xal
ors 10 AT ywpiov dbvaven § ME. Saxvéov 84, on
n MJE & 800 ploov éotl mpdty. Zmel aovppergds
éoavwv § AE 1) EA pyxer, odupergog 8 n EA =y
AB, aovupstpog dpe 4 AE tfj AB. xel émel ovpus-
teog fovw § AH tff EH, ovpusteds éove xal § AE
énatépy tov AH, HE. dike % AE devppergog vy
AB pixe’ zel ol AH, HE &pe actppergol sloe Tf
AB. of BA, AH, HE dga ¢nral elo Svvausr povoy
ovuuetgor’ dore péooy fotly éxdregov Téy A6, HK.
dors xel swdrspoy vav EN, NIT ufeov foriv. xal
aof MN, NE &go péoo elofv. xel émel evpuerpog 1)
AH tjj HE pixe, odppergov o xal ©0 46 rg HK,
toveéore ©0 EN = NII, vovréor o ano tifig MN
T'd] BI, I'd P, corr. m. 1; 4I'Bb. 2. Z4] mut. in

AZ 'V' AZ Fh. 3. Post zezgdyovor del. 26 NIT m, 1 P,
EN B, sed corz. 5. NE] mut in NZ V. Etm’] om, P,
dorly B.. 8. NI]IIN Fefinras. V. 9 ME ]'MNN.E'
corr, ex MNE V; mg. m. 1 yo. MN, N& b. & V. 10.
péoor F, corr. m. 1. &mel yéo F. 12 doa] oo xal V,
&ou doziv ¥.  Post AB add. piwer V, m. 2 B, “éwel] om, P

1. EH] HE F. dgus B. 14, alld — 15. xal] xaf doxe
(fdrw B) $ney 5 AE- $neyy doa xal énaréoa viy AH (4E F),
ol éwel Godupereog bomv | AE v AB, evuuergog di

n AE Enceréon TaY A4H, HE, el (om. B) qlheon (BFF‘}‘
dge] m, 2 F, wmmszpo; BF, sed corr. slow PB. 16
Post 4B add. prxe: m. 2 B.  B4] om. P. sfaw B. 18
dor/ PV, comp. Fb. 19, elef V, comp. Fb.  Ante % add.
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lelogrammo 4 & aequale con-

4 strustur quadratum X N, par-

B r allelogrammo HK autem
8 K 4 NII, et ponantur ita, ut MN,

P o N5 in eadem recta sint;

itaque etiam PN, NO in
eadem sunt recta. expleatur
quadratum XJI tum ex iis,
quae antea demonstrata sunt

z o [prop. LIII lemma], adparet,
MP medinm esse proportionale inter XN, NII et
= E 4 [p. 162, 1], et esse MJE* = AT [p. 162, 5].
iam demonstrandum est, M5 ex duabus mediis primam
esse. quoniam AE, EA longitudine incommensura-
biles sunt, et E4, 4B commensurabiles, 4E, 4B
incommensurabiles erunt [prop. XIII]. et quonmiam
AH, EH commensurabiles sunt, etiam 4E utrique
AH, HE commensurabilis est [prop. XV]. uverum
AE, AB longitudine incommensurabiles sunt. quare
etiam AH, HE rectae 4B incommensurabiles sunt
"[prop. XIII}). itaque B.4 et 4 H, HE rationales sunt
petentia tantum commensurahiles. quare utrumque 4@,
HK medium est [prop. XXI]. quare etiam utrumque
ZN, NIT medium est. itaque etiam MN, N5 medize
sunt. et quoniam A4 H, HE longitudine commensura-
biles sunt, etiam 4@, HK, hoc est ZN, NII siue
MN?*, NE® commensurabilia sunt [VI, 1; prop. XI]
et quoniam A4E, EA longitudine incommensurabiles
sunt, et 4E, 4H commensurabiles, et E4, EZ com-

dorev BVb, m, 2 F, 20. xel 70 48] eras. V. @] o P.
MK F, corr. m. 2,
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T0) dmo vig N5 [Gors dvweper slol avupergor afl MN,
NE] xul énsl aovpperods oty §) A E zff EA prjnet,
@il n ptv AE adpustods éove vff AH, 1) 8t EA vf
EZ ovuusrgos, aovupergos dga § AH v EZ* dore

5 xel 0 4@ td EA aodppsrody forwy, tovtéore vo N
t@ MP, roviéory %) ON tfj NP, zovréory 9§ MN
=) N5 aovpperpds fote unxes. é8elydnoav 8 el MN,
NE xel péoor oboat xal Jvvips odppsroors of MN’
NE doo pioar slol dvvaue povov evpustgor. Aéyw

10 01, Ori xel gnrov meqidyovow. fmel yeg n AE Dmo-
xecor Exarépn tév AB, EZ dvppstgog, avpucrgog
dpa xal § EZ vy EK. xol dnvn &xevépe adrav: ¢n-
Tov dpa t0 EA, tovréore v60 MP' ©6 6% MP éori o
vno tov MNE. fav 8} dvo pfoar Svvdpss pdvov

15 OVppETQoL OUVTERGOL $nTdv wepidyovau, 1) 0AN EAoydg
éoviv, xalelvar 6k & Ovo péoav meawry.

‘H dge ME éx dvo péomv fotl_mowtn' Omse Edu
dste,
ve'.

20 ‘Eav ymeflov megifynrar vmd fnris xal Tig
éx dvo bvopdtwr rolrng, % td ywelor dvva-
pévy &loydg éotiv ) nadovuévy éx 8vo pédwmv
dcvtépa.

Xwolov yag v0 ABI'A mepisyéoda vmo Jnriig ths

26 AB xal tig & 0vo Svopmrow teltng tiic AA dinew-
pévng &l ve ovduera xare vo E, ov lusitév dove zo

1. dote — 9. NX] om. P.  dets xal F, sed corr, 3.
ciﬂ:loi V. 4. o¥puszeos] om. FVb, dodpuergog] corr. ex
cvpupergos m. 2 F. 5. aodpperpos F, corr. m. 2. 6t BV,
comp. Fb. XZN]corr.ex ENB. 6. NP]inras. V. 7.

domy P. 8. dvwvdper povor V. of — 9, gipperpor .
m, 2V, 9. efely B. 10, JE] in ras. V. 11, AB]] c?g.
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mensurabiles, 4 H et EZ incommensurabiles sunt [prop.
XIIT]. quare 46, E.A, hoc est ZN, MP, incommen-
surabilia sunt, siuve ON, NP, hoc est MN, NX, lon-
gitudine incommensurabiles [VI, 1; prop. XI}. demon-
stranimus autem, MN, NX¥ et medias esse et potentia
commensurabiles. itaque MN, NE medise sunt po-
tentia tantum commensurabiles. iam dico, eazdem
spatium rationale comprehendere. nam quoniam sup-
posuimus, 4 E utrique 4B, EZ comensurabilem esse,
etiam EZ, EK commensurabiles sunt. et utraque
rationalis est. quare .4, hoc est M P, rationale est
[prop. XIX]). uerum MP= MN > NE. sin duae
mediae potentia tantum commensurabiles componuntur
spatium rationale comprehendentes, tota irrationalis est,
uocatur autem ex duabus mediis prima [prop. XXXVII).

Ergo MY ex duabus mediis prima est; guod erat
demonstrandum.

LVIL

Si spatium recta rationali et recta ex duobus no-
minibus tertia comprehenditur, recta spatio aequalis
quadrata irrationalis est ex duabus mediis secunda,
- quae uocatur,

Spatinm enim 4 BI'4 comprehendatur rationali 4 B
et recta ex ducbus nominibus tertia 44 in nomina
in E diuiza, quorum maius est AE. dico, rectam

ex EBm. rec. F. EZ] in 1as. V. evpusreos] om. F. 12,
dow for/ P. EZ) mut. in ZE V, ZE P. 13, rovréonw P,
14, MN, Ng V. p.(ivov& om. BFYV. 15, ovvreBaow
PB. flm2F. 16 fons V, comp, Fb. 17. ME] MHZ,
del. Z, F.  dor{] m. 2 F. 24, ¢neig] supra scr. F. 25,
tolrng] supra scr. F. 26, é»] dv =6 P, fora BFD
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AE 1léyw, 0t 5 t0 A zoelor dvvapdvy &loyds
dovww 7 xalovpéyvy éx dvo pioov devrépa.

Kotsonevdofo ypep va atré toly medregov. xal
énel éx Svo Svopdrov ot tpitn ) A4, ol AE, EA
dpe fnral siow dvvepst pdvov avupsrpor, xal % AR
tijc E4 petfov Svverar v and gvpuéreov feveij, xal
ovdsrépa védv AE, EA ovpueteog [éori] vff AB ujxe.
opolmg d tolg mpodsdeypévorg delfopev, ovi n MJ
éoniy 9 16 A ywelov Svveufvy, xal ol MN, NE
uéoay slol Svvdper pdvov ovuperpors dovs 1 MJE éx
dvo pioar dariv.

Asixzéov 87, ote xal devripe.

[Kal] émel aovupcreds éovww ) AE tf; AB pine,
vovtéor: v EK, ovapetpos 0 § AE vfj EZ, aeou-
petgog doa Zotly 3 EZ v EK pixes. xof elou $qral
of ZE, EK oo ¢nrvel sior dvvaus povov cvppsergor.
uéoov dpa [orl] v EA, tovtéor. to MP' xel msgui-
yetee vmd oy MNE péoov tga dorl td vmo tdy
MNE.

‘H MJE dpa éx 0vo péowy forl devripe Swep Edu
delo.

1. %) empra scr. m, 1 b. 8. waraoxevdofw Vh.  ydg]
86 V. "5 sloww P.  Post AE del. EA dpu $nral eloy m.
1P 1 .‘;G"tl% om., P. B. roiy modregov dzdeiypérosg Theon
(BFVDL). #] m. rec. P. 9. %] postea ins. F.  wal du
af BFV, 10. eloiy B. ME] MZ FV, 11. dovf BV,
comp. Fb,  18. xa/| m. 2 BF, om. Vb. =gl od» V. 18,
EZ]ZEP. EK)EHP 16 siow PB.  17. dorf] om.
BFVbL.  tovséomy P, 18. MN, NE b.  pésoy — 19,
MNE]mg m 2F. 2. MZ] MN, add. % m. 2 B; MNX
FVb.  ape] supra ser. m; 1 F.  for/] om. P. 8xep #on
§eifer] om. BFVh.
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spatic 4I" aequalem gquadratam irrationalem esse ex
duabus mediis secundam, quae uocatur.

Comparentur enim eadem, quae antes. et quo-
niam A4 ex duobus nominibus tertia est, AE, EA

A HE 2 rationales sunt potentia tan-

tum commensorabiles, et

AE® excedit E4* quadrato
K 4 | rectae sibi commensurabilis,
1 et neutra rectarum AE, EA
rectae A B longitudine com-
mensurabilis est [def. alt. 3].
iam eodem modo quo antea
demonstrabimus, esse

z 0 ME: = AT

{cfr. p. 162, 5], et MN, N5 medias esse potentia
tantum commensurabiles [cfr. p. 166, 10 sq] guare
ME ex duabus mediis est.

iam demonstrandum est, eandem secundam esse.
quoniam 4 E, 4B, hoc est 4E, EK, longitudine in-
commensurabiles sunt, et JE, EZ commensurabiles,
EZ ot EX longitudine incommensurabiles sunt [prop.
XIII]. et rationales sunt; itaque ZE, EK rationales
sunt potentia tantum commensurabiles. quare E 4,
hoc est MP, medium est [prop. XXI]. et rectis MN,
N comprehenditur. itaque MN >< N5 medium est.

Ergo MY ex duabus mediis secunda est [prop.
XXXVIII]; quod erat demonstrandum,
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vf.

‘Edv yoplov mepiéyntas vmd fnrig xal vijg
éx 8vo dvopdrwy tetdgryg, § 10 gwelov dvva-
pévy ddoyog éoziv 7 xedovpdvy peifow.

Xawplov yap 0 A mepusyéodao tmo §nrije g
AB xal tig ix 8%0 dvopdrev terdetyg vijc A Suy-
eupérns &ls ta dvépare xerd vd E, dv pstfov Zoto
20 AE" Aéyw, onr 5 10 AT ywglov Svvapivy aloyis
éoniv 1 xedovpdvy pelfov.

Emsl yag 5§ Ad éx 0vo dvopdrav fovl zevdery,
al AE, EA dpu énrel tlor dvvdpe: pévov odpucrpor,
ael 9 AE tijc Ed petfov Svverar v ano dovpudrpov
favri}, xel § AE ti; AB ovpperpog [fove] pyxer. Te-
tujedo § AE 0y xave to Z, xol vd dwd tvijg EZ
ioov mope iy AE megepcfiiode nagedindéypappov
0 Uwd AH, HE' covpustpos &oo Zovlv 7 AH 13
HE pixei. ny@moav magalinlor v AB of HO, EK,
Z A, xal te: lowxa Ta avre vols wed rovrov yayovérm:
pavegdy 81, 8u § ©v0 AT ywglov dSvvapévy fotiv 4

5. Saxréov 04, ou § MJE &loyis dovwv 7 xalov-
pévn peltov. énel devupergog dotwy  AH tff EH
prinet, aovppsredy fove xel to A v HK, vovedown
v XN g NII' af MN, NE &oa dvvaps eloly

2. megedgsree P. &, wslfo V, sed corr. 8, 5] om. Fb.
AE P.  ywelov i Fb. 10 factv P. 1L slar P, 13,
zqc{-n] b. =] corr. ex 6 V.  ovupfreov, d- add. m. g,
18, £rm om. P. 15. AE) supra d ser. 4 b, E in

ras. V. 16, vmo 1ov V.  AH] corr. ex AEm. 1 F, 17
EHYV. 18 Z4]in ras, seq. ras 31itt. V, Z in vas. m, 1 B.

Jlouxa] supra ser. V. zd] om. FV. awru] om. F. 21
ovppereos F, corr. m. 2. Zsmiv] om. B. 22, rovréomizeons P,
corr. m. 1. 23. 7p) corr. ¢x w6 F V. doa] om. b,  eldl

sUpgeTgot V, corr. m. 2.
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LVIL
Si spatium recta rationali et recta ex duobus no-
minibus gquarta comprehenditur, recta spatio aequalis
quadrata irrationalis est maior, quae uocatur.
Spatinm enim 4I" rationali 4B comprehendatur
et AA recta ex duobus nominibus quarta in E in
noming diuisa, quorum maius sit 4E. dico, rectam
spatio AT aequalem quadratam irrationalem esse
maiorem, quae uocatur,
nam quoniam 4 ex duobus nominibus quarta est,
AE, EA rationales sunt potentia tantum commensu-
A HE Z rabiles, et 4E? excedit E*

o quadrato rectae sibi incom-

mensurabilis, et 4E, 4B

B &K 4 L longitudine commensurabiles
P o sunt [deff, alt. 4]. secetur

A4E in Z in duas partes
aequales, et quadrato EZ?
aequale rectae 4 E adpli-
cetur parallelogrammum

‘ 0 AH>< HE.

itaque 4 H, HE longitudine incommensurabiles sunt
[prop. XVIII]. rectae 4B parallelae ducantur H8, EK,
Z 4, et reliqua eodem modo, quo antea [p. 166, 1 sq.],
fiant. manifestum igitur est, esse M 5% == AT iam demon-
strandum, M5 irrationalem esse maiorem, quae uocatur.
quoniam 4 H, EH longitudine incommensurabiles sunt,
etiam A4®, HK, hoc est N, NII, incommensurabilia
sunt {VI, 1; prop. XI}. itaque MN, NE potentia
incommensurabiles sunt. et quoniam A4 E, 4B longi-
tudine commensurabiles sunt, 4 K rationale est [prop.

M N
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aovpperpor. xwl émel ovuperods forw ) AE ti] AB
uixse, gnrov fov to AK- xal o leov tols éxmd
tav MN, N5 ¢yrov dpa [fatl] xal v oupxelysvoy
i tov dxmd rov MN, NE xal éwel aevpuerds
[dovv] §§ AE vij AB wijxes, toveéor. vij EK, dlda
7 AE ovupstpds ot tfj EZ, dovpuergog dga 1 EZ
tfj EK wixer. of EK, EZ &ga $nral &lor dvvdps
wévor ovpusTgor: ufoov dpe to A E, vovréeri vd MP.
xal megufysten Umo vov MN, NE* péoov doe dotl
0 Uxd tdor MN, NE. xal fnrov wo [ovyxslpsvov)
éx tov and toy MN, NE, xal elow devppergor af
MN, NE dvvdpe. dav 0 dvo eb@eiar Svvaper deovy-
HETEOL SUPTEDBAL WoLoBawL TO ukv Gupnsipsvov dx oY
ax evrov rergoyavey ¢nrdy, 10 & Un elndv uécov,
7 8An &doyos fowv, xadsivar 0% pelfow.

‘H ME &po dhoyog Zoviv f xelovuévy pelfow,
xel dvverer 1o AT ywelov: Omep Eer detbou.

vy

Eav gweiov megidynrar vmd $yrig xal rijg
éx d0vo dvopdrtov méuxtyg, f vd yoolov Svvea-
uwévy adoyds éativ 1) xalovuévy fnrov xal pé-
gov dvvapdvy.

Xoglov yop 1o AT negueyfodo Omo Gymis vijg
AB xal vijg éx Svo dvopdrov méumins tig Ad Bey-
enuévng &l ta ovdpare xere vo E, dote to wstfov
Svopa stver 10 AE- Adym [07]), Ove 5 70 AT ywelov

1L.EAP. 2. 4ow] éouv P, deindel. 3 AE ¢ ABm.1, 1o
ecort. m. 1V, 8 MN] NMP. édc/] om. BFVh. uul]
om. b, & dovy] om. P, rovréomy P. a1’ F. 6.
dorviv P. ] g P. 7. elow P. 8. tovréoniy b.  zd]
corr. ex v m. 1 F. 9. plooyr — 10. NF] mg. m. 1 P. 106
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XIX]. et 4 K=MNZ-}- NE2 quare etiam MN%4{- N5?
rationale est. et quoniam A E, 4B, hoc est 4E, EK,
longitudine incommensurabiles sunt [prop. XIII], et
AE, EZ commensurabiles, EZ, EK longitudine in-
commensurabiles sunt [prop. XIII]. itaque EKX, EZ
rationales sunt potentia tantum commensurabiles. quare
AE, hoc est MP, medium est [prop. XXI]. et rectis
MN, N5 comprehenditur. itaque MN>< N5 medium
est. et MN? 4 NE? rationale est, et MN, N5 po-
tentis incommensurabiles sunt. sin duae rectae potentia
incommensurabiles componuntur efficientes summam
quadratornm suorum rationalem, rectangulum autem
medium, tota irrationalis est, uwocatur autem maior
[prop. XXXIX].

Ergo MY irrationalis est maior, quae uoccatur, et
MPE? = ATI"; quod erat demonstrandum.

LVIIL

8i spatium recta rationali et recta ex duobus no-
minibus quinta comprehenditur, recta spatio aequalis
quadrata irrationalis est spatio rationali et medio
aequalis quadrata, quae uocatur.

Spatium enim AI' comprehendatur rationali 4B
et 4.4 recta ex duobus nominibus quinta in E in no-
mina dinisa, ita ut 4F maius nomen sit. dico, rectam
spatio AI' aequalem quadratam irrationalem esse

o] ovyxelpewoy Ex V.  cvyselpevor] om. P. 11 #x zav]
supra scr. F.  xaf dorwv dodppergog § MN fj N5 Theon
BFVb). 18, cvvrefdowr PB. 14, 8¢ comp. F. 15, éons

V, comp. Fb. 19. xal zfg] bis b.  26. 8§] om. P. 7]
supra ecr. m, 1 P,
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Svveudvy HAoyds foriv 7 xadovpdvy $nrov xal udoov
dvvepdvy.

Kereoxevioda pag to avra volg mpozegoy dedeiyué-
voig' gpavepov 87, Gt 1 10 AT yweiov Svvapévn fotly
% ME. Odaxvéov 01, 6w § ME édonv ) $qrov xal
uéoy Svwapdvy. émel pag ddvuusteds dotiv 1 AH
i HE, daovuustgov dpo dotl xel 10 40 1¢ OF, rovr-
gote 1o and g MN 1 ano tijg N5 of MN, NE
dpe Svvdusi elolv dovuperpor. xol fmsl § Ad
dvo bvopdrov otl wéumry, xaf [fotwv] Flascov avrrg
tufun 10 Ed, ovppsrgog dga u EA v AB pyme.
alie § AE vfj E4 dovv aoduustgog xel 7 AB
Gpe 1 AE éouv acvuperpog pixer [ef BA, AE
gnval sloe Svvops udvov dvppergor]” uésov dgua doti
16 A K, rvovrdor. vo ovpnelusvor éx vav dnd roy MN,
NE. xel émel ovpperpos dotw 3§ AE tff AB pixe,
rovtéor vfj EK, dida %) JE tij EZ evpusrpdg fotiv,
sl § EZ dopa tf) EK ovppereds iotv. xal nry 4
EK* ¢nrov doa nal t6 EA, tovréer. 16 MP, rovr-
fore 6 vmd MNE' of MN, NE &pa Svvips cevp-
peTgol elor mowotows 1o piv ouvpxelusvoy dx tov an
avTdy TETQRYYOY pédov, vo O Un avrev Jyrév.

8. aoraowrvdobe V, sed corr.  yog] o0 V.  7oiy mo-
Beduypévors Theon (BFVDL), 5, 8¢ F. 7. HE] corr. ex
EH V, Zotiv PB. 8. tig NZ)] rév N5 P. 9. ovp-
uerpor V, corr. m. 2, AA] 4 e corr. V. 10, écﬂvi'l om. P.

12, ail’ F. 13, BA] mut. in ABm. 2V, 4B F. 14.
efar B. 16, dedupstges B, corr. m. 2. 17. dii" F. 4E]
corr. ex BI', ut uidetur, V. dam PBV, comp. F'b, i8,
Ante odpuszgoc ras. 1 litk V. »al §nrn) §nrd) 82 BF VD,

19. Post EX add. ¢nry dpe xal § EZ V. E.A] supra add.
dm 1b vovréony P, vovidorww P. 20. Ywé vdy FV,

MN, N® B. 2L siow PB.  92. 8¢ F.



ELEMENTORUM LIBER X. 197

spatio rationali et medio aequalem quadratam, quae
uocatur.
comparentur enim eadem, quae in superioribus de-
monstrationibus. manifestum igitur est, esse ME == AT
A HE 2 [p 162, 1 8q.). ism de-
monstrandum est, M5 ease -
rectam spatio rahon'ali ‘et

B ® K 4 1 medio aequalem quadratam.
P o nam quoniam 4 H, HE in-
commensurabiles sunt [prop.

M i =

XVIIl], 46, @E, hoc est
MN?, NE?, incommensura-
bilia sunt {VI, 1; prop. XI].

< 0 itaque M N, NS5 potentia
incommensurabiles sunt. et quoniam A .4 ex duo-
bus nominibus est quinta, et minor pars eius est
Ed, Ed et AB longitudine commensurabiles sunt
[deff. alt. 5]. uerum AE, E A incommensurabiles sunt.
quare etiam 4B, 4E longitudine incommensurabiles
sunt [prop. XIII].")} itaque 4 K, hoc est MN?® | NJ5%
medium est [prop. XXI]. et quoniam 4E, 4B, hoe
est 4K, EK, longitudine commensurabiles sunt, et
AE, EZ commensurabiles, etiam EZ, EX commensu-
rabiles sunt [prop. XII}. et EK rationalis est. itaque
etinm E A, hoc est MP sive MN><NE, rationale est
[prop. XIX]. itaque MN, NE potentia incommen-
surabiles sunt summam guadratorum suorum mediam
efficientes, rectangulom autem rationale.

i) Cum lin. 13 dowx, ?uod edd. post 4 E habent, in codd.
omittatur, malui delere af BA — lin. 14 sdppuereo:.

Euclides, edd, Helberg et Menge. IIL A
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‘H M5 dou ¢nrov xal péooy dvvapdvy dovl xal

dtvarar 10 AT yweiov: omep #der deikar.
v,

‘Eay gweiov megiéynrat vmo $nris xal zijg
éx 8vo dvopdroy Exryg, § 10 yoplov dvvaudvy
Zloyodg doviv ) xalovpéyy dvo ufoe Svvapdvy.

Xagiov yap to ABI'A megiexéofo tmd $nrijg tig
AB xel tijg éx 8vo dvoparov Efxtng Tig Ad dipey-
pévng &g ta Ovdpuare xeré td E, dove vd usifov
Svope svar 10 AE" Adym, ot ) 10 AT dvvepdvy 4
dvo péon dvvapivy éoviv.

Koveoxsviobw [pao] ta adve vols mpodedeiyudvorg.
povegoy 81, 6te () 10 A dvvapdvn lorly § MK,
xal Ote dovpuergog foviv 5y MN v NE dvvdus. xal
énel aovpusreds foniy § EA i AB pixe, ol EA,
AB dpa $nral glor dvvaps povov Gvuustgor’ ufooy
doa fotl 10 AK, tovtéore 1o ovyxslusvov éx Thv 4md
tdv MN, NE  xzdhw, énel dovppergds doniv 4 EA
] A B wixe, aavpusrgog &pa ol xal § ZE v EX-
ef ZE, EK &ga gnrel siow Svvduss pdvor aduusrpor
ufoov dpa forl vd E A, vovréors vd MP, vouréor o
Um0 vy MNE. xal énel aodppergos § AE +fj EZ,
xal t0 AK v EA dodpusroov foviv. alda v plv

1. éecdv PB. 6. #] postea ins. F.  pdoeg P, corr. m. 1,

7. ¢yuijg) om. F. 10 1 — dvvauévy] mg. m. 1 P, :'E
(alt.) &loyds dorw % walevpévy Vb, e corr, F.  1i. dozis] d
F, om, Vb, 12, xoreoxcvéoba V.  yde] om. P. 18, 7]
om. PF. 16. EA) AE FVb. EA] AE' F, in ras. V. 16,
eloww B, 17. dotty P.  “dnd viv "éx viw F. 18. NE]
mut. in FN V. 19, Post 4B add. rovcéonrf EX V. douly B.

ZE] EZP.  20. af] »al of BFb, :?aw P, 21 MP

corr. ex ME m. ree. b. ~ rovréoms P.  29. 3] domv 4 FV.
23. dovppsroog F.
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Ergo ME recta spatio rationali et medio aequalis
quadrata est [prop. XL], et ME® = 4I"; quod erat
demonstrandum.

LIX.

Si spatium recta rationali et recta ex duobus no-
minibus sexta comprehenditur, recta spatio quadrata
aequalis irrationalis est duobus spatiis mediis aequalis
quadrata, quae uocatur.

Spativm enim ABI'4 comprehendatur recta ra-
tionali 4B et recta ex duobus nominibus sexta 4.4
in E in nomina dinisa, ita ut maius nomen sit 4E.
dico, rectam spatio 4I" aequalem quadratam rectam
esse duobus spatiis mediis aequalem quadratam.

comparentur eadem, quae in superioribus demon-
strationibus. manifestum est igitur, esse M52 = AT,
4 HE 2z et MN, NE potentia in-

commensarabiles esse [p. 176,

B P 6 sq.). et quoniam E4,

K 4 A B longitudine incommen-
surabiles sunt [deff. alt. 6],
EA et AB rationales sunt
potentia tantim commensu-
rabiles, itaque 4K, hoc
est MN® 4+ NE%, medium

< est {prop. XXI]. rursus quo-
niam EA, 4B longitudine incommensurabiles sunt
[deff. alt. 6], ZE ot EK incommensurabiles sunt [prop.
XIII]. quare ZE, EK rationales sunt potentia tan-
tum commensurabiles. itaque E.4, hoc est MP siue
'‘MN>< NJF, medium est [prop. XXI]. et quoniam
-AE, EZ incommensurabiles sunt, etiam AK, Ed

12
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AK fove td ovyxsipsvoy éx vév dmo tév MN, NE,
70 6% EA fovi 15 Vmd vév MNE' devppergov &oo
dotl 0 ovpxsfpevov dx Thv amd voy MNE zg ombd
tov MNE. xal éove péoov fxdregov avrav, xal af
MN, NF Svvdpa eloly dovppergos.

‘H M5 &ga dvo péoa dvvapévy éorl xal dvvera
td A" Gmep E8s Bsibos.

[A7ppe.

‘Bov s0dcla yoouuy rundi sy dvide, té dxd vdv
avicav terpayove pelfove doti tov dlg Dmod @y dvi-
oy wegaazope’vov ép&oymw'ov

"Borw &00sic § AB el ter;.mo&m ely Zviow
xave o I, xel oo pelfov § A" Adya, Bu e
and tov AI', T'B pelfove dove 1ot Olg Umd vy
4T, TB.

Terurjodo yae 9 AB dize xove ©o 4. émel ovw
sodele yoapuy rérunror sy plv loe xeve To A, &g
0% dvioa nave 16 T, 7o dpa Dmd tov AI'y I'B peze
tov axd I'd leov dotl © amdé 44" dore to Dmo
vdv A, ['B Elatrdv dori tob dnd A4 tod dgu dig
tmo vdy A, I'B Hervov 7 duwldeiéy éeve tob amd
Ad. dlie & anod viv A, I'B dinidod [dove] viv
ano t6v Ad, AT & &pa and iy A, I'B pelfove
Zote tov Olg vmo vdv AL, I'B* Gnep Edsc dsiken.)

£.
To dxd zis éx 0vo dvoudrov wepd Snuriy
2. dori]m. 2 F.  tov) om. BFb. 8 MN, N5 V. :g]

wFV. 4 MN NSm2V. IlectP paaw] péy
8. Svvdpec V. B, ljjppa] m. 2 P, 10. lsor V, sed corr.
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incommensurabilia sunt [VI, 1; prop. XI]. uerum
AK o= MN*+ N5 EAd= MN3><NE. itaque MN?
~+ NE&? et MN>< NZ incommensurabilia sunt. et
utruomque medium est, et MN, N5 potentia incom-
mensurabiles sunt.

Ergo MXE recta est duobus spatiis mediis aequalis
quadrata [prop. XLI], et M5? = AT quod erat demon-

strandum,
[Lemma,

Si recta linea in partes inaequales secatur, qua-
drata partium inaequalium maiora sunt duplo rectan-
4 gulo partibus irmeequalibus comprehenso.
Bit recta 4B et in I' in partes inaequales
4 secetur, et maior sit 4I. dico, esse
r AT* +-T'B*>2 AT < I'B.
nam 4B in A in duas partes aequales secetur.
=B jum quonjam recta linea in . in partes aequales secta
est, in I"antem in inaequales, erit AT><I'B+4 I'd*=AA1*
[II,5]. quare AT >< B A A itaque 2 AT>< B <2 A4,
est antem AI? -+ I'B*=2(44* - 4T'%) [1, 9]. ergo
A4 B> 2 4I'>< I'B; quod erat demonstrandum].!)

LX.
Quadratum rectae ex duobus nominibus rectae ra-

1) Cum Euclides iam prop. XLIV p. 128, 17 hoc lemmate
tacite usus sit, parum credibile est, id ab eo ipso hic demum
additam esse. quare c{mto, lemma ab interpolatore adiectum
esse, quem fugerit, id iam antes usurpatum esse. facile ad-
paret res ipsa ex II, 7

eloe V. dvlomy Tijg 6ine tunpdsoy V. 12, form yao F. 13,
peitov o AT P. 16. 4] corr.ex BF. 17. yoeeuus %y AB V.
19. d=xd tig Vb, T'a) inrme V, S P.  tig A4 V.
20. flxagor P, comp. Fb. thg A4 V. 22. eng 44 V.
dovi] om, P. 24, rdéy] om. P, 25, »®", corr. m. 2, F,
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napafallipsvoy ndcrog movel Ty éx dvo dvo-
pETOV ZERBTYY.

"Eove fx 0vo dvopdtov 7 AB Sigenudvy &l ta
dvépare xare vo I'y, dovs zo peifov dvope slves 1o
AT, el éxxsiobo dnriy § AE, xel v and vijc AB
foov nage vy 4E magefefiiocdo 0 4EZH midvos
mowoty iy JH' Adyw, tv 7 AH éx Yo dvopdrow
dorl moaty).

Hepafepirodn yop maps thy AE té plv dmd
tijgc A" laov 6 48, ¢ 0 awxd vijg BI loov 1o
K4 Aowmov &ge 7o 8lg vmo vav A, I'B loov éavi
v MZ. vsruiobo  MH 8{ye xave 10 N, xal wmap-
dAdniog fixPw 1 NE [éxarépe vav MA, HZ). éxd-
zegov doo vwv ME, NZ icov éotl vd anaf Umo viy
ADB. xal #xel éx $vo dvoudrov fotlv 9 AB dugey-
pévy &g va dvéuare xete to I, ol AT, I'B dpe -
rel cloe Ovvdpst povov OURusTEOL” Ta dpa AXd TOV
AT, I'B ¢nrd fovs xal ovuustoe dlifios dors xal
7o ovpxsipsvov éx vdv dno tav AT, I'B [avpustody
éaty tolg dmd tav AL, I'B' ¢yvdv &ea fotl ©o ovy-
xelusvoy éx tov and tgv A, I'B). =zl f6niv loov
T A4 ¢nrov Epw ol vd AA. xel mage fyeny vy
A E magaxetar $yey dee forlv 1 4 M xal ovgusrpog
tf] AE piner. wadww, insl el A, I'B fyrel sioe

26 dvvdusi pévov odpucrgor, uédoyv &pn Zori 1o dlg Dmo

tav AT, I'B, tovréere v0 MZ. xal mage ¢nripy i
M A mopdxatas gy dee xal 5§ MH iore xul &dﬁp-

b. vé] corr. ex 7o m. 1 F, AB]AecorrB 93
corr, ex r¢ m. 1 F. 10. 6] mut. in ré m. 1 F\
o corr. V. o) corr. ex s m. 1 F. n docl] m. 2 F 12
lﬂza m 2V, 18 NEF] N erss. F, B b, noréoq — HZ)
om. 14. Post &ow del. taw AH V. NZ] corr, ex NR
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tiopali adplicatum latitudinem efficit rectam ex duobus
nominibus primam.

Sit 4B recta ex duobus nominibus in I" in nomina
diunisa, ita ut majus nomen sit 4 I, et ponatur ratio-
4 KM N H nalis 4E, et quadrato 4 B7
( ‘ aequale .rectae 4 E adplicetur

4 EZ H latitudinem efficiens 4 H,
84 & Z Jico, 4H rectam esse ex ducbus

L o .
A ' B  nominibus primam.

nam rectae 4 E adplicetur 4@ =4I et K. A= BI™,
itaque reliquum [II, 4] 2 AI'><I'B=MZ. iam MH
in NV in duas partes aequales secetur, et N5 parallela
ducatur. itaque ME=NZ = AI'><I'B. et quoniam
AB ex duocbus nominibug est in I" in nomina diuisa,
AT, I'B rationales sunt potentia tantum ecommensu-
rabiles [prop. XXXVI]. itaque 4I®, I'B? rationalia
sunt et commensurabilia. quare etiam A4I'* | I'B®
[prop. XV]. et 4AI'*4-I'B®=d.A. itaque etiam 4.4
rationale est. et rectae ratiomali 4 E adplicatum est;
quare 4 M rationalis est et rectae 4K longitndine
commensurabilis [prop. XX]. rursus quoniam AT,
I’ B rationales sunt potentia tantem commensurabiles,
2 Ar'><I'B, hoc est MZ, medium est [prop. XXI).
et rectae rationali M. adplicatum est. itaque MH
rationalis est et rectae M, hoc est 4 E, longitudine

m. 1F 15, AP, B inras, V. 16 ef] xal «f V. 18,

_dori]eloe BFb.,  xefd](alt.) om. V. 19. Post I'B del. xef éoriy

foov F,  eodppstgoy — 20. Bl mg. m. 1 P.  20. jnprov —

21, I'B]l om. P. 22, 44] A e corr. FV, 44 P. 6] zg F.
447 corr, ex Jd4 m. rec. P. 23, 4M] corr. ex JH m.

2F. 27 dex fov{ BFVL, xo/] om. V. “{om] om. BFVb,
evpuezgog F, corr. m, 2.
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pevpog tf MA, rovréeri vff AE, paxee.  Eore 8% xal
5§ Md fyen xel v JE pijxse evppetgog devppsroos
doo dotly ) AM tff MH pixse! xal &loc ¢nrai of
AM, MH éopa ¢qrai el dvvdps pévov avpuetpor’
éx dvo dpe Svopdrav deriv 1) AH.
dsxvéov 3, dre xal mwpdry.
"Emel viv dno tév AT, I'B pdoov dvdloyov éomt
10 vmd tov AT'B, xal tév 460, K A fpa pédov avd-
Aopov fore 10 MPE. Iemv dpu og 10 4O mpdg 7o
ME, obrag 70 ME medg td K A, tovtéeriv dg 5 4K
neds Ty MN, 5 MN =mpds v MK' b dpe vad
vov AK, KM loov Zotl té amd viic MN., xal énel
avuperpéy éote vo and vig AT te axo ziig I'B, ovg-
petpoy dote xal 10 4O v KA dove xel 7 4K tf
KM odpperpos éomv. xal imel pelfove fot ra amod
v A, I'B vov 8l vmd rav AT, I'B, psifov &pa
nal 10 44 o MZ° B6rs %ol % AM 155 MH peifoy
fotiv. xei lotiv loov vo Umd vdv JK, KM vd dmd
tijg MN, rovtéar: to rerdgre rob amd tiig MH, xel
otppsrgog ) JK tif KM. Zév 8t dar dvo sbdelaw &vi-
sor, e O} Tevdpre ufpew tov dwd vijg fAdacovog loov
nape vy pellove mepafindy Aisinov elfe Terpaydve
xel slg ovpperge avryy dapf), 7 pellor tig édogovog
petloy dvvarer T and cvppfroov fevryt n A M dea
viig MH psifov Svvaras 16 amd ovupfreov Swvri].
uai elor $qval of AM, MH, xal §) 4 M peifov Svopn
ovde cuvpusteds fove T fxxewudvy $nry tf AE puxes.
1. MA] AM in ras. V. forv PB. 8. dM) Md P.
#al elor] e corr. V. elowy B, 4 dM, MH &ex] ®
corr. V., 5. donc] supra ser. F, om, P, 7. Post énsf add.

yée BVb, F m. 2. 8. AP, ’'Bm, 23 V. 10. 4K] X
in ras, V. 13. 'B] Bl inras. V.  15. KM uixer oop-
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incommensurabilis [prop. XXII]. uernm M. rationalis
est e} rectae JE longitudine commensurabilis. itaque
4 M, MH longitudine incommensurabiles sunt [prop.
X111). et sont rationales. itaque oM, MH rationales
sunt potentia tantum commensurabiles. ergo 4 H ex duo-
bus nominibus est [prop. XXXVI}. iam demonstrandum,
eandem primam esse. quoniam AI"><I'B medium est pro-
portionale inter 4 I'*, I' B [cfr. prop. XXI lemmal], etiam
MPE medinm est proportionale inter 4@, K 4. itaque
A6 ME=ME: KAdhocest[V],1] 4K: MN=MN: MK,
itaque JK >< KM = MN? [VI, 17}. et quoniam
AT* I'B® commensurabilia sunt, etiam 46, K 4 com-
mensurabilia sunt, quare etiam 4K, KM commen-
surabiles sunt "[VI, 1; prop. XI]. et quoniam est
ATt 4+ I'B* > 24 >< I'B[u. ad lemmal], erit 4 4> MZ.
quare etiam 4AM>MH [V], 1; V, 14]. et
AK < KM = MN? =1 MH?,

et 4K, KM commensurabiles sunt. sin datae sunt
duae rectae insequales, et quartae parti quadrati mi-
noris aequale spatinm maiori adplicatur figura qua-
drata deficiens et eam in partes commensurabiles
diuidit, maior quadrata minorem excedit quadrato rectae
gibi commensurabilis [prop. XVII]. itaque 4 M? ex-
cedit MH® quadrato rectae sibi commensurabilis. et
dM, MH rationales: sunt, et mains nomen 4 M
rectae rationali propositae A4 E longitudine commensu-
rabilis est.

pezebs dors V. Post éorev add. piixee m. 2 B. 16. zow
— TI'B] supra scr, F. 18, dozi{ PVh, comp. F. 20, Post
KM add. pijxer V, m. 2 B. war PB. 23. Swigsi b,

24, Ante ueifor ras. 1 ith. F. 25, 7] v6 V. 26, xal § —
27. dou] in ras. F.  26. aM] MH P, HM Fh.
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‘H 4H ége #x 0vo évouarmy fotl mpodry” Omep
£6ei Oeikar.
ko'

To amd tig éx 6vo péfowv ngarys nagk 49-
tRv wapafalddusvory mAdrog xossl Ty €x dvo
dvoudtar dsvrdpaw,

"Egtw & Ovo plowv mpwty 1 AB dujpnuévy &l
rog péoag xera 10 I ov psttov § AT, xal dxxelodo
énriy v AE, xel mapefefirofn napk thy JE 1 axd
11is A B ldov wepadindoypappor 10 4 Z midrog mototw
iy AH Mpw,duy 4 H éx 8o bvopdrov forl devrdon.

Koteoxsviodo pap to avra tols med tovrov. xal
énsl §§ AB éx 8o plowv lotifmpary dimonplvy xatd
20 Iy af AT, 'B cpn péow &lol dvvaper povov
ovupETor gnTdv mepiéyovdar’ Gove xel Th dmWd Ty
AT, I'B pion foviv. ufoov dpa fotl vd 4 4. xal mape
onriy iy AE noageféfinra §ney Gou dotiv § Md
xal aevppergog t 4 E pyxse. medw, énel fnriv dov
7d Olg Omd wov AT, T'B, ¢yriv dore xel ©0 MZ. xal
megpe pniqy iy MA mepaxeiter gy ape [éotl] xal
% MH xal pijxse ovppergog vfj M A, vovtéene v AE*
davpustgog doa fovlv v AM v MH pijuei. xal slo
gnrol of AM, MH doe (nral siee dvviper pdvoy
avppetpor” & dvo don dvopdray fevly 3 A H.

1. dvopdrew b.  Gxeg Fder deifer] om. BF Vb, comp. P, 8.
E8°F. 4. gnriig B, sed corr. 7. forw] e corr. m. 2 F, 9,
naps thr dE mopufeflicfo P. 10. AB] corr. ex A4 m.
il, feor vo P. 12, naveonsvac®w V.  14. f] in ras
m. 2 B.  elolr B, 16. #orty] docd PB, comp. Fb, sla¢ V.
17. meganerter Theon (BFVb). 19. don] om. B. ~ 20. gy,

supra Ber. Tr P. doti] om. BFVE. 2L ovppstoos pijxes V.
IltdA]:éVI e corr. V. 22, dorv] om, V. pyxec v MHV,
elmy B,
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Ergo AH ex duobus nominibus prima est [deff.
alt. 1]; quod erat demonstrandum.

LXT.

Quadratum rectae ex duabus mediis primae rectae
rationali adplicatum latitudinem efficit rectam ex
duobus nominibus secundam.

Sit 4B recta ex duabus mediis prima in I’ in
medias diuisa, quarum maior sit 4I', et ponatur ra-
d KM N H tionalis 4E, et rectae 4 E adpli-
| cetur quadrato 4 B* aequale par-

i allelogrammum AZ latitudinem
E 4 efficiests 4 H. dico, 4H ex duo-
4 P B bus nominibus secundam esse.
nam comparentur eadem, quae in priore propositions.
et quoniam A B ex duabus mediis prima est in I
divisa, A, 'B mediae sunt potentia tantum com-
mensurabiles spatium rationale comprehendentes [prop.
XXXVII}. quare etiam 4I'®, I'B* media sunt [prop.
XXI). itaque 4.4 medium est. et rectae rationali 4E
adplicatum est, itaque M. rationalis est et rectae
4 E longitudine incommensurabilis [prop. XXII]. rursus
quoniam 2 A I">< I'B rationale est, etiam MZ rationale
est. et rectae rationali M4 adplicatum est. iaque
etiam MH rationalis est et rectre M.4 longitudine
commensurabilis [prop. XX], hoc est rectae 4 E. itaque
4M, MH longitudine incommensurabiles sunt [prop.
XIII]. et sunt rationales. itaque 4 M, MH rationales
sunt potentia tantum commensurabiles. ergo JH ex
duobus nominibus est [prop. XXXVI].

B
™

]—
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deuxvéov 84, 0re xal devrdpa.

’Ensl yap ta axd tov AT, I'B pelfovd éovi tov
dlg tmd vdv AL, I'B, psifov dpa xal v0 4.4 tob
MZ' dore xal  4M vijg MH. xol éxel ovppsroov
Zot vd and tijc AT ©d dxo vig I'B, ovpusredy dove
xel 10 46 16 KA dore xal §§ 4K tff KM ovpps-
g dotiv. el fore to Vmd vov AKM loov v dxd
tiig MN* 1 4M éga viig MH petfov dvverar o énd
ovpuirgov favr. xel éovivy ) MH odppsrpos vff JE

paxEs.
‘H AH dpa & dvo dvopdrar Zarl dsvrépc.

&

To amd tHg éx dvoe pécwv dsviépas mapa
oty mopaBadidpsvov midrog wmossl TRy éx
dvo dvopdroy reltyr.

"Eore #x 0vo plemv devréga §) AB Sugonudry &l
rog ploeg xere ©0 I, dore 1o psifov rufjue elver vo
AT, ¢y 8¢ 1ig éorw 3 AE, xol mapa wpf 4E 7
ano tijg AB loov magedinioypuupov magufiefircha
10 4Z mwhdrog mowoty iy AH' Adyw, Gt §) AH #x
dvo dvopdrwy forl volty.

Keatsoxeviodam v atrd volg meodedayufvorg. xal
énel & 8vo pfowv desvrépa darlv v AB Sumonpdvy
xare vo I) ol AT, I'B dpo pfoac slol dvvape udvov
OUPUETQOL pEGOY MEQLiYoVsaL” BoTE xal vO ovyxelusvoy

3, AT} P'in ras. m, 1 P. 7. orey] dov: BV, comp. Fb.

tonr] foriv P. 4KM] K corr. exMm. 1 P; 4K, KM corr.
ex JKLNMV., 8 MHjcorr.ex MN m. 1 b, Sdvorm
peifov V. 12, Ef"] corr. ex §y’ F. 15, dvopdrmy] corr. ex

péooy m. 2 B. zoltyr] in ras. m. 1 B. 16. f6rm) in ras.
m. 1B, 18. foro) yeyovétm V. AE} inree.m.1B. wijs]
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iam demonstrandum est, eandem secundam esse.

nam quoniam A" 4 I'B}> 24T >< I'B [prop.
LIX lemma], erit etiam 44> MZ, quare etiam
AM> MH, et quoniam 4I'%, 'B* commensurabilia
sunt, etiam 46, K4 commensurabilia sunt. quare
etiam 4K, KM commensurabiles sunt [VI, 1; prop.
XT). ot AK>< KM= MN? [cir. p. 184, 7 8q.]. itaque
AM? excedit MH? quadrato rectae sibi commensu-
rabilis [prop. XVII]; et MH, o E longitudine com-
mensurabiles sunt.

Ergo 4H ex duobus nominibus secunda est [deff.
alt. 2},

LXIL

Quadratum rectae ex duabus mediis secundae rectae
rationali adplicatum latitudinem efficit rectam ex duo-
bus nominibus tertiam.

Bit 4B ex duabus mediis secunda in I" in medias
diuisa, ita ut maior pars sit 4T, rationalis autem sit
a KM N H AJE, et rectae 4E quadrato 4 B*
aequale parallelogrammum AZ
adplicetur latitudinem efficiens
E 84 = Z 4H, dico, 4H ex duobus nomi-
A F B  nibus tertiam esse.

comparentur eadem, quae in superioribus demon-
strationibus. et quoniam 4B ex duabus mediis se-
cunda est in I" divisa, 4T, I'B mediae sunt potentia
tantum commensurabiles spatium medium comprehen-

dyuir iy . ¢] corr. ex o m. 1 F. 20. 7ijv] corr. ex

rem 1B,z F. 22 xel wevsonsvaclo, del. xel, F xara-

ongvaclo ydg V.  zal] postea ins. F.  23. forl devrégn P.
24. 'B] ' in ras. V.”  péoae do V.  elolr PB.
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éx vov axd tav A, I'B péeov loriv. xel donw
foov 1 A4 péoov dpa xel td6 A4 xal magdxsiro
zaga §ntny iy AE $qry Gea forl xal § MA xal
aovuperpos v AE pixer. Ot té avva 83 xal 4
MH ¢y dove xal dovpperpog vij MA, tovtéer. +ff
AE, pixs gnry doa fotly fxavége rédv AM, MH
xel dovpperpog v AE uwixe. xoel émel dovpupsteds
éoviv ) AT vfj T'B wijuer, oog 68 7 AT mpds vijv I'B,
otrmg ©0 ano rijg AT mpods to Yo v ATB, aevp-
pezgov Hpo xal td amd tig A 16 Umd wdv ATK.
dors xal T6 cupxeluevov & tdv éxd tov AL, I'B
te Olg Uwé rov AT'B dovppergéy éativ, tovréon ©b
44 16 MZ &ore xai § AM vij] MH dovuppsrgds
doviv. xel &lov fqrals ix dvo dga Svopdrov forly
5§ 4H.

dexzéov (9], Ore xal Tolry.

‘Ouolwg 6% toig mpotépos EmAoyrodpede, Gve psi-
fwv dorly 5 AM tijg MH, xal edpperoog § 4K off
KM. xal éote to omd rdv 4 KM loov v amd vijg
MN: 5§ 4M é&pe vijg MH peifov dvvarar te amd
ovupéreov éavrf. xal ovderdpa tév AM, MH ovp-
peroog dove tvff AE prxes.

‘H 4H dpu éx dvo dvoudraw éorl volvy Omep
£0si Dk,

1. éx wév] om. Fb, m. 2 B.  éoviv] dor/ PBVb, comp. F.
2. wagdreirar]om. V. 3. viw JE gmusip P. dottv B. uu{]

om. B. J4MP 4 61%] nol S F. 6. fpzi — T pojee
mg m 2V, 6. MN V. 8.tj I'B — 5 AT'] supra scr.
m2F 9 %) vav B. AT, B4 B.  ovppeteov B, corr.
m. 2. 10. z6] corr. ex ¢ V. T@] corr. ex 36 m. 2 P,

AT, CEV. 11, TBlom.P. 12. ABI' P. o PBFYV,
comp. b, ] td F. 18, 44] A4 F et, eras. 4, b, xal]
om. B. 14, fet. PBYV, comp. Fb, 16, 8] om. P. 17.
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dentes [prop. XXXVIII]. quare etiam A4I' -} I'B®
medinm est. est autem AI' 4 I'B? = 44, itaque
etiam 4.4 medium est. et rectae rationali 4E ad-
plicatum est. itaque M rationalis est et rectae J E
longitudine incommensurabilis [prop. XXII]. eadem
de cansa etiam M H rationalis est et rectae M.A, hoc
est 4 E, longitudine incommensurabilis. itaque utraque
4 M, MH rationalis est et rectae 4E longitudine in-
commensurabilis. et quoniam 4T, I'B longitudine in-
commensurabiles sunt, et A FTB= AT%: AT><TB
[prop. XXI lemma), etiam AI® et 4><I'B incom-
mensurabilia sunt [prop. XI]. quare etiam 4I"™ 4 I'B*
et 2A4I'>< B, hoc est 44 et MZ, incommensura-
bilia sunt. quare etiam 4 M, MH incommensurabiles
sunt [VL, 1; prop. XI]. et sunt rationales. ergo J4H
ex. duobus nominibus est [prop. XXXVI].

demonstrandum, eandem tertiam esse,

eodem igitur modo, quo antea [p. 188, 2 seq.], con-
cludemus, esse 4M > MH, et 4K, KM commensu-
rabiles esse. et JK >< KM= MN? itaque 4M?*
excedit MH? quadrato rectae sibi commensurabilis
fprop. XVII]. et neutra rectarum 4 M, MH rectae
A E longitudine commensurabilis est.

Ergo 4H ex ducbus nominibus tertia est [deff.
alt. 3]; quod erat demonstrandum.

a5] 8 V. a=pdrsgov BFb.  Oze] corr. ex 7+ m. rec. P, 19,
dKM] 4 e corr, V, corr, ex 4 m. rec. P.  21. avppérpov)
¢in ras. V. 22 dotww PV. 23, €msp £8s dsifar] comp. P,
om. BFVL.~
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&

T¢ éxo zijs peifovog xapa $nemy mapafol-
Abpsvov midtos mowsl why éx dvo dvopdrwv
TETEQTNY.

"Eovew uelfov § AB Sumenudvy xore to I', a@ow
peifova elver vy A g T'B, ¢qny 0k 9 AE, xal
6 and tig AB loov megk vy AE mepefefiioda
t0 AZ mapuilnidyeappov =midrog moroty vy AH
Adyw, ot 7 AH éx dvo dvopdrav fotl terdgry.

Kozsoxsvdofa to adre tolg mpodedeaypivorg, xal
énel peifov fotlv § AB diupnuévn xave w0 I, af AT,
I'B Juvvdpe sioly dodppsreor moiovgar to piy evy-
xclusvov €x tdv ax’ adrdy Tsrpaydvov $nrdv, 1o Ok
On edrdv ploov. dmel ovv $qriv dore ©d ouvyxelusvoy
éx tdv dmo tov AL, T'B, §yrdv dpa fotl zo 44
by dpa el n AM xal ovuurteog tf AE pajus.
nedhy, fmel udeov dorl vo dlg vmo tov AT, I'B,
rovtéons v0 MZ, xal mape ¢qrjv éor vy M A, §nuy
dga Zort xel 1 MH xai agvupsvgog vj JE puxs
aovupergog dpo fotl xal § AM v MH pixe. al
AM, MH &g §nral elor dvvius. udvov ovupusrgos
#x dv0 dga dvopdrov éotly § AH.

dexzéov [84], Sve xal Tevdprn.

‘Opofwg 81 dsikopev Tols mporegov, 0 peliov dorly

1. £6° F, et sic deinceps. 6. ¢n snpra scr o V. &
ng V. 1. uapu-—-s dZ]lmg. m, 1 F. 8. 4H] cotr. ex
4Em 1 F, 93 AH] corr, ex AH F. 10, xereoxevdabo
V. Dein add. yae F nwgodedeipivorg F, corr. m. 2; mgo-
Gwzﬁawévm f’ mg m. 1 yp. upod‘edsw,uhms 12. I'B
doa V. elol cvpperger B, corr. m, 2, pév] supra scr. m,
1 F,_ 13 4§ BF 15. AA] corr. ex A4 m. rec, P. 18,
4M) M4 BVb, "4'M F.  11. ATBP.  18. doe:] om.
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LXITII.

Quadratum majoris rectae rationali adplicatum la-
titudinem efficit rectam ex duobus nominibus quartam.

Sit maior 4B in I' diuisa, ita ut sit 4I"'> I'B,
et rationalis sit 4E, et quadrato 4 BY aequale rectae
4 EM N H A4Eadplicetur parallelogrammum
AdZ latitudinem efficiens 4 H.
dico, 4H ex duobus nominibus
&4 & Z guartam esse.
4 T B comparentur eadem, quae in
superioribus demonstrationibus, et quoniam 4B maior
est in I' diuisa, 4TI, I'B potentia sunt incommensu-
rabiles efficientes summam quadratbrum rationalem,
rectangulum autem medium [prop. XXXIX]. iam quon-
iam AI% 4 I'B® rationale est, 4.4 rationale est.
quare AM rationalis est et rectae JE longitudine
commensurabilis [prop. XX]. rursus quoniam 2 4I"'><I'B
medium est, hoc est MZ, et rectae rationali M4 ad-
plicatum est, etiam MH rationalis est et rectae JE
longitudine incommensurabilis [prop. XXII]. itaque
AM, MH longitudine incommensurabiles sunt [prop.
XTII). quare oM, MH rationales sunt potentia tantum
commensurabiles. ergo 4H ex duobus nominibus est
[prop. XXXVI}. '

demonstrandum, eandem quartam esse.

iam eodem modo, quo antea, demonstrabimus, esse

E

Theon (BFVD). MA] corr. ex M4 m, rec. b, M BF.
Deinde add. megduzizar Theon (BF VD). 19, fozly V., 20,
forty P, AM] M ecorr.m, 1 F., Ante of del. xaf F. 2L
Zoa] om. P. " 28. 87] om. P.  24. 3y woic medregor dmi-
loyiovusfo, ore Theon (BF VD).

Euoclides, edd. Heiberg ot Menge. IIL 13
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% AM viig MH, xat 6u 70 Um0 4K M looy éotl v@
ard tijec MN, éxel odv aovppevedy dore vo dxd tig
AT 1 axd wijg I'B, aevppergov dpe fotl xal ol
48 vg KA Bore aovpucrgos xal § 4K vf KM

b dorw, fov 8% dor dvo ebBelon Fvidor, T O verdery
uéper Tod amd viig éAdedovog [dov mepaiinddypaupuoy
xopa THY p.e(tovu m:apaﬁl'qﬂﬁ élAstroy af&ss veroa-
yobve xal el devppsrgn am:rw d‘mcpy, peifov i
éldacovog psttov Svvicerar €6 axd dovppirpov favej

10 pifxset B AM dpu viig MH petfov ddvarar z@ dmd
dovpuéreov feviy. xel slow of AM, MH ¢nral dv-
vape povov ovpupergor, xal § AM ovpucreds éom
v #xxspsvy fytf o 4E.

‘H 4H gga éx dvo ovopdvoy ol vsvdern Omep

15 e etk

g,
To amo tijg onrov xel gédoy dvoaudvyg ma-
ot dnriy mapefaliopsvor mdarog mocel Ty ix
dv0 dvopdray wéumrnv.

20 “Egte {nrov xel pédov Svvoudvy y AB Siponudvy
elg tag evfelag xove ©o I, dove pelfove slver iy
AT, xel éxxelodo fnry | AE, xal vo dno vig AB
loov mape Ty AE megafefliodbo 0 AZ midroe
moody iy AH' Aéyw, 6t 1 JH ¢z b0 Svopdrov

25 fotl mépmen.

1 tig] vf V? _MN BV. o tav’V. AXKM] eupra
KV, 8. %é] corr. ex w? F. 4. devpprreos] om.
Theon (BFVYL). KM dodppereds dorw Theon (BFVD).
6. woiy BF. 6. Post fsov del. mxlpa o pslfove F. xogp-
glinlo‘ywppw] om. V. 1. m:ea iy pelfora] om. Fb, m.

8. Swepel F, Srarpei prmer V. 10, 4M] corr., ex
A4HF. 11, wp,p.étpou F. 18. 4E] corr. ex 4HF, 14.
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AM> MH, et 4K > KM= MN? iam quoniam
AI®, 'B? incommensurabilia sunt, etiam 46, KA
incommensurabilia sunt. quare 4K, KM incommen-
surabiles sunt [VI, 1; prop. XI]. sin datae sunt duge
rectae inaequales, et quartae parti quadrati minoris
aequale parallelogrammum maiori adplicatur figura
quadrata deficiens et eam in partes incommensurabiles
diuidit, maior quadrata minorem excedit quadrato
rectae sibi incommensurabilis [prop. XVIII]. itaque
AM? excedit MH? quadrato rectae sibi incommensu-
rabilis. et 4M, MH rationales suni potentia tantum
commensurabiles, et 4 M rationali propositae AE
eommensurabilis est.

Frgo 4H ex duobus nominibus quarta est [defl.
alt. 4]; quod erat demonstrandum.

LXIV.

Quadratum rectae spatio rationali et medio aequalis
quadratae rectae rationali adplicatum latitudinem efficit
rectam ex duobus nominibus guintam,

Sit 4B recta spatio rationali et medio aequalis
quadrata in I' in rectas diuisa, ita ut 4I" maior sit,
4 XM N H etponatur JE rationalis, et qua-

| ' drato 4B® aequale rectae JE
‘ l adplicetur «/Z Ilatitudinem effi-
E ®4 & Z ciens 4H. dico, 4H ex duobus

4 I B  nominibus quintam esse.

Smee #8021 dsifar] comp. P, om. BFVbh. 17, -ua{%postea. ins.
m 1F. 20 ¢onerf F,sed corr. ) AB]lm. 2V,

13
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KorsoxsvdoPo ro adra tol mod Tovtov. Zmsl oty
¢nrov xal pdoov Svvapdvy éorlv n AB Sigenuivy
xava to Iy af AL, I'B dga dvvaps sloly dovpustoo
motovsaL TO plv ovyxslpsvov éx Ty an abrdv Terpa-
yovor pldov, to & Ux advev gnrév. émwel ovm ub
cov ol 10 cuvyxelusvov éx tav amo rov A, I'B,
uéooy doa fotl 16 JA° dovs fnprif oy 5 AM xal
prnse aovppsteos ti 4 E. mdlw, fnel ¢nrév dove b
dlg Omd rdy AIB, tovréon 10 MZ, fyy) cpa 5§ MH
xel ovupetpog vij AE. dovpperpos Goe 1§ AM 1
MH of 4M, MH dpa fnyrel slo. OSvvdps pévoy
evppctgor’ éx dvo dpo Svopdrav fatlv 4 A H.

Aéyw 87, otr xal mlumwry.

‘Ouoing yop Oaybriceror, ove vo Imd rav AKM
loov forl g dnd tijs MN, xal acvppergos 3 4K vj
KM pijxer: % M Goa tiig MH petfov dvverar g
dnd dovpuirpov fovri. xel tlaw of AM, MH [¢y-
ral] dvvduse pévov @vpucrgol, xel 7 éldecov ) MH
cvupctgos vy AE pixet. )

‘H AH dpa ix 8¥o dvopdrwv Eorl mépmry' Omep
&er Setbou.

Ee.

To dmd vijg 0v0 péow Svvauivys magd §7-
v wegafailiopsvoy midrog moiel v &x dvo
dvopdrwy fxryy.

"Botw 0vo péoa Svvapdvy §j AB dupnuévy xeva
© I', ¢neny 0t bovw 1 AE, xal mepe viy 4E g

1. neraonevdedo V. Deinde a.dd ydg FV.  mgd rodzor]
ﬂqo;\sgov, corr. m. 2, F. 4. tsr(uzyawor F, corr. m. 2. b.

7. %l 76 b. 8. 7} 4 b. QAI"PBBetcorr
in 4BI" V. 10, Post 4 E add. psijxss m. 2 B. 11. aM]

in ras. V. 17. ovppéroov, sed corr, BFb.  {nraf] om. P,
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comparentur eadem, quae antea. iam quoniam
AB recta est spatio rationali et medio aequalis gua-
drata in I' diuisa, 4T, I'B potentia incommensurabiles
sunt efficientes summam quadratorum mediam, rect-
angulum autem rationale [prop. XL]. iam quoniam
AT 4 I'B? medium est, 44 medium est. itaque
A M rationalis est et rectae o E longitudine incommen-
surabilis {prop. XXII]. rursus quoniam 2 4I'>< I'B,
hoc est MZ, rationale est, MH rationalis est et rectae
AE commensurabilis [prop. XX]. itaque 4M, MH
incommensurabiles sunt [ prop, XIII), quare 4M, MH
rationales sunt potentia tantum commensurabiles. ergo
A H ex daobus nominibus est [prop. XXXVI).

iam dico, eandem quintam esse.

nam similiter demonstrabimus, esse JK>< KM ==
MN? et 4K, KM longitudine incommensurabiles, itaque
4 M? excedit MH? quadrato rectae sibi commensura-
bilis [prop. XVIII] et 4M, MH potentia tantum
commensurabiles sunt, et minor MH rectae JE lon-
gitudine commensurabilis est.

Ergo A4 H ex duobus nominibus est quinta [deff.
alt. 5]; quod erat demonstrandum.

LXV,

Quadratum rectae duobus spatiis mediis aequalis qua-
dratae rectae rationali adplicatum latitudinem efficit
rectam ex duobus nominibus sextam.

Sit 4B recta duobus spatiis mediis aequalis qua-

2 F. 20. 4H] M PBb, 4H in ras. V, mut. in 4M
g F. éweg £der Geiker] comp. P, om. BV D, 27. 8" b,
tnjy] fneiw oy B, z6] corr. ex 6 m. & F.
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and vijg AB loov megaPefliode o AZ xldvog
mowotv iy AH' Aéyw, bve 7 AH én v dvopdray
daxiy Exrm,

Keteonsviolm yop T avre tolg medrsgov. xal
énel 4 AB Vo péon Svvapévy dorl Siponuévy xera
o I, af A, I'B doa Suvvape slaly aevpucrpor
mooDdes 16 T GUYKE(NEVOV éX TOY X CUTGY TETEO-
yovov pidov xel Td VX alvey pidov xal fve davy-
pETEOV TO Ex TOV AN QUTGY TETQRYDYOY CUVYXEIUEVOY
@ O avtdy dote xovk té mpodedayuiva péoov
dariv éxdvegov tov A4, MZ. xol mapa $yTny Ty
AE mopdxevar ¢yt dpu ieriv ixaripa tov AM,
MH xel aovpucrgos ti] AE prxe, xol bxel aovppe-
1oy o 10 ovyxslpcvov éx tov amd tédv AT, T'B
p bl vmo vév AT, I'B, dovpperpor Zpa Eorl o
A4 ¢ MZ. aodpperpog doa xal 7 AM i MH
aof AM, MH dpa {(yrai eloe Svvaps povoyv ovpps-
Tgor* éx Ovo dpx Svopdrav iotly § JH.

Aéywr 84, brr xal By,

‘Ouolwg 07 mokw delbopsv, Bvi vd vmo vav 4 KM
toov lotl T amd tijg MN, xal G 5 4K vfj KM
prxer dotiy dovuusrgos' xal dix Ta avre O § AM
vijg MH petfov ddverer v and dovppérpov savef]
wijxee. xai ovderége Ty AM, MH ebupsrpés dors
vy Exxsepévy Onvy t AE s

1. loov] lvov mopoulipldyeappoy V. 4. xoteduevdoda V,

sed corr. 5. ddo] & corr. ex u T, 8. AT| T4 F. 9.
0 ovyneluevor fx Tév dm’ avvdy rerguywvwy Theon (BF VL),
10. =d] 7% f% véy P.  re] om. b. npodedadayuéva P,
cort. m. 1. 12. magiwswvras P dowiv] dorl xel BFVh.
16. dovév P.  16. MZ] corr. ex MI'm. 1 F,  17. 4M]
corr. ex 4M m. rec. P, ~ 19. n) om,-BY,  20. 8] ydo
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¥ M N H drata in I' diuisa, 4E autem
rationalis sit, et rectae 4E qua-
& S dralto z.IB” aequale adplicetur 42
latitudinem efficiens #H. dico, 4H
4 I B ex dnobus nominibus sextam esse.
comparentur enim eadem, quae antea. et quonjam
AB recta est duobus spatiis mediis aequalis quadrata
in I' diuisa, 4TI, I'8 pofentia incommensurabiles sunt
efficientes summam quadratorum mediam et rectangulum
medium et praeterea summam gquadratorum rectangnlo
incommensurabilem [prop. XLI]. quare ex iie, quae
antea demonstrata sunt, 4.4 et MZ media sunt. et
rectae rationali #FE adplicata sunt. quare utraque
AM, MH rationalis est et rectae 4E longitudine in-
commensurabilis [prop. XXII]. et quoniam 41 4 I'B?
et 2 A" >< I'B incommensurabilia sunt, 44 et MZ
incommensurabilia sunt. quare etiam A4M, MH in-
commensurabiles sunt [VI, 1; prop. XI]. itaque M,
MH rationales sunt potentia tantum eommensurabiles.
ergo A4H ex duobus nominibus est [prop. XXXVT].
iam dico, eandem sextam esse,
iam rursus similiter demonstrabimus, esse K >< KM
= MN2, et 4K, KM longitudine incommensurabiles
esse. eadem igitur de causa A M? excedit MH?® qua-
drato rectae sibi longitudine incommensurabilis [prop.
XVIII). ef neutra rectarum 4 M, MH rectae rationali
propositae 4 E longitudine commensurabilis est.

1N}

Theon (BFVb). wodw] om. V. Deinde add. vois med vovrov
Theon (BF VD).  67:) supra ser. ¥. 21, M) MH F, corr,
inedKMH m. 2. 22, dic rovra BY. 23. cvppfrgov BF,
sed corr.



200 TTOIXEIRN ¢

‘H AH ége éx dvo dvopdrov fovly &xvy  omse
&der deibae.

Es".

‘H ry 2x dvo dvoudray gixs. 6vupergog xal

5 edry éx Ovo dvoudrov fatl xal T rdfec 4
avT.

"Eotw éx dvo dvoudrov 1 AB, xal vii AB pixse
ovupergog fovw n I'd' Aéyw, ove 7 T'd & dvo dve-
povor forl xal tfj vdkee f avry vy AB.

10  'Emsl yag & 6vo dvopdrwy datly % A B, dingrode
slg vé dvduere xeve vd E, xol fovw usifov Svopa to
AE- ol AE, EB &gu §yrel eloe Svvips uovov ovu-
pergor.  psyovirm og % AB mpds iy I'd, otrwg %
AE mpdg vy I'Z' nel Aowmy) dga n EB mgog Aoy

15 thy Zd éovv, wg § AB medg vy I'd. evppevgog
0t § AB 1} I'4 pajner ovppergog dpa ol xel § uly
AE tij T'Z, 1y 0% EB 1j] ZA4. xol slov ¢yrol «f AE,
EB* ¢qral dga elol xel af I'Z, Zd4. xol [énel] dovev
wg 3 AE moog I'Z, 4 EB moig Zd. févalief doo

20 dotlv o¢ 1 AE mpds EB, % I'Z mpog ZA. ol 6%
AE, EB Svveps poévov [slol] edpuergor xal af I'Z,
Z 4 &pa dvvdue uovov elol evpperoor, xul sloi Gryreil:
& 0vo dpu dvoudtov éetly 3 I'A.

Aépw 084, Ove zfj vakec fovly § avry i 4B.

1. Smeg Ede: deifor] comp. P, om. BFVb. 5. douty P.
Alm.2B. 7.4 —8 ovop.atmv] mg. m. 2 B. 11. ovogm]
om. V. 14, F'Z] mut. in BZ b.  xa/] in ras. V.
zZd) 4Z FV. 1’41 corr. ex Ed F. ovpuETgos — 16
pkes] m. 2 B, 18. £ovi] om. b, m. 2 B. 17. Z4] corr.
ex JZ V. of AE, EB] mg. m. 2 V. 18. sloiv B. éxel)
om. P. 19, '.vrqoe I'Z — 20. 4E)] mg. m. 2 B. 19 iy I'Z
BY. I'Z — meog] supra ser. ¥ oy Z4 V. &gu]j om. F.
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Ergo 4H ex duobus nominibus sexta est [deff.
alt. 6]; quod erat demonstrandum.

LXVL

Recta rectae ex duchus nominibus longitudine com-
mensurabilis et ipsa ex duobus nominibus est et ordine
eadem.

Sit 4B ex duobus nominibus, et I'sf rectae 4B
A E B longitudine commensura-

‘ — bilis sit. dico, I'd ex
4 duobus nominibus esse et

r Z
ordine eandem ac 4B.

nam quonism 4B ex duobus nominibus est, in E
in nomina diuidatur, et maius nomen sit 4E. itaque
AE, EB rationales sunt potentia tantum commensu-
rabiles [prop. XXXVTI]. fiat[V[,12] 4 B: I'd=AE:TZ.
itaque etiam EB:Z A4 = AB:I'4 [V, 16;V, 19 coroll].
uerum 4B, I'4 longitudine commensurabiles sunt.
itaque etiam 4 E, I'Z et EB, Z4 longitudine com-
mensurabiles sunt [prop. XI). et 4E, EB rationales
sunt. itaque etiam I'Z, Z.f rationales sunt. est
autem AE:I'Z == EB:Z A4 [V, 11]. itaque permu-
tando [V, 16] AE: EB=IZ:Z4. uverum 4AE, EB
potentia tantum commensurabiles sunt. itaque etiam
I'Z, Z 4 potentia tantum commensurabiles sunt [prop.
XI]. et sunt rationales. ergo I'4 ex duobus nomi-
nibus est [prop. XXXVI].

"iam dico, eam ordine eandem esse ac 4B.

20. oftwg 5 I'Z V. 21. #lof] om. P. 28 I'd] 4 in
ras. V. 24, 87 om. V. 8] om xel BYYV,
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‘H yag AE tijg EB pstfov dvvevar fvor 7@ &mo
ouppérgov favrf 1 tH dmd devppdrgov. & plv ody
%y AE tijjg EB pelfov dvvaver 1 awd cuvppdrgov
éovey), xal 5 I'Z vijg ZA4 pelfov Svvijoeres ©6 and
ovpuérgov favril. xed & plv evpperpdg dotww 7 AE
i} éuxepdvy gnrij, xal 4§ T'Z evpusroos avrf éoter,

xal dix Tovto éxavépe védv AB, I'd éx dvo dvopdrav

fotl mpdity, rvovvéor. tf rafe B avry. & 62  EB
ovpueteds fote vf fxxsipdvy duri, xal § Z4 ovu-

10 uerpog éoriv avrf, xel Oie totro mddww v rafe 1§

16

20

avry Eotouw tf] AB' fxovige yog alrav Fotar éx dvo
dvoudtoy devrdpe. &l O} ovderépa tiv AE, EB ovu-
petpos éove T dunespévy furf, ovderépa tov I'Z, Z4
olpperpog avrf fovou, xal éoriv ixarépe veiry. & &%
% AE tis EB petfov ddverer ¢ amd dovuudrgov
favrg), xal ) I'Z vijg ZA ueifov Svverer v dad acvp-
uérgov fevefi. xal & plv % AE obppergdg éove i
&ocaipdvy fneil, xal § [Z evppereds dovy edrfl, xau
dotiv Exevdpa tevdgry. & 6 4 EB, xal 9 Z.4, xual
ot Enovfpo méumry. & O} ovderépe tov AE, EB,
xal oy I'Z, ZA4 odderépn ovpusteds éove 75 &xxe-
uévy ey, xal Fover fxatdoa Exvy.

Rore: 1 tf] ¥ 8Vo Svoudtmv pixs ovppergog fx

1, AE] corr. ex ABm. 2 F, tijg] corr. ex 7fj m. 2 F,

2. dovgpttgov] coOrr. ex gvppirgov m. 2 B. &{] corr, ex
% V. 8 zig] corr. ex tff m. 2 F.  dovppévgov b, d- supra
add. m. 2 F. 4. vig] corr. ex cfjm. 2 V. AZ V.  dv-
vionrar b, 6. dovppérgov Fb, 7, I'd] postea add. F, dein
del. BT, 8. sil;l postea ins, F. 9. 4Z Fb, 10. Post
donv del.  m. 1 Totco] corr. ex zob m. 2 F. 11, Fereu]
(alt) fozre b, om. V. 12, fore Sevedpa V. & F. 13, odd}
odderéon BE. 14, zofrn] gned b, el 3t 5] 5 0 b, 15
tijg] corr, ex tf m. 2 F.  ovupéroov BF, sed corr. 16. 2.4]
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nam AE® excedit EB® aut quadrato rectae sibi
commensurabilis aut incommensurabilis. iam si 4E?
excedit EB? quadrato rectae sibi commensurabilis,
etiam I'Z® excedet Z 4% quadrato rectae sibi commen-
surabilis [prop. XIV]. et siue A E rationali propositae
commensurabilis est, etiam I'Z el commensurabilis
erit [prop. XII]; quare utraque 4B, I'4 ex duobus
nominibus prima est [deff. alt. 1], hoc est ordine
eadem. siue EB rationali propositae commensura-
bilis est, etiam Z 4 ei commensurabilis est [prop. XII];
guare rursus ordine eadem erit ac .4B; nam utraque
earum ex ducbus nominibus secunda erit {deff. alt. 2].
sine neutra rectarum AE, EB rationali propositae
commensurabilis est, neutra rectarom I'Z, Z 4 ei com-
mensurabilis est [prop. XIII], et utraque tertia est
[deff. alt. 3]. sin AE? excedit EB? quadrato rectae
gibi incommensurabilis, etiam I'Z? excedit Z.#® qua-
drato rectae sibi incommensurabilis [prop. XIV]. et
sine AE rationali propositae commensurabilis est,
etiam I'Z el commensurabilis est {prop. XII], et utraque
quarta est [deff, alt. 4]. siue EB, etiam Z 4 commen-
surabilis est, et utraque quinta est [deff. alt. 5]. siue
neutra rectarum A E, EB, etiam neutra rectarum I'Z,
Z A rectae rationali propositae commensurabilis est,
et utraque sexta est [deff alt. 6].

Quare recta rectae ex duobus nominibus longitu-

A4Z F.  Bvwijceror Theon (BFVD), ovpuitgor BYF, sed
corr. 17, fov: — 18. {yryp] e corr. F. 19. fantv] supra
scr. m. 1 P, fove: FVD, 7] (prius) m, 2 P. xal Eoroe
Exaréon méumrn] mg. m. 1 P.



L

dvo dvoudrow fotl xal i) takes 1 avry’ Omsp e
detou. ,
£,

AE] EA P. glaty ¥
13, Zd)] in ras. V, 4Z B.
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dine commensurabilis ex duobus nominibus est et
ordine eadem; quod erat demonstrandum.

LXVIL

Recta rectae ex duabus mediis longitudine com-
mensurabilis et ipsa ex duabus mediis est et ordine
eadem,

Sit 4B ex duabus mediis, et rectae 4B longitu-

dine commensurabilis sit I'd. dico, I'A4 ex dnabus
mediis esse et ordine eandem ac A4 B.
4 E B nam quoniam 4 B ex duabus mediis est,
::' in E in medias diuvidatur. 4 E, EB igitur
I' Z 4 mediae sunt potentia tantum commensura-
biles. et fiat 4B:'d = 4E:I'Z [VI, 12]. itaque
ettam [V, 19 coroll.; V, 16] EB: Zd = AB:I'4.
verum AB, I'4 lougitudine commensurabiles sunt;
itaque etiam utraque A E, EB utrique I'Z, Z 4 com-
mensurabilis est [prop. XI]. uerum AE, EB mediaze
sunt. itaque etiam I'Z, Z 4 mediae sunt [prop. XXIII].
et quoniam est AE:EB=TIZ:Zd4, et AE, EB po-
tentia tantum commensurabiles sunt, etiam I'Z, Z4
potentia tantum commensurabiles sunt [prop. XI].
demonstrauimus autem, easdem medias esse. ergo I'd
ex duabus mediis est.

iam dico, etiam ordine eam eandem esse ac A4B.

nam quoniam est AE:EB=IZ:Z 4, erit etiam
[prop. XXIlemma] AE*: AE>X EB=TZ%:TZ<Z 4.

ABB. wiwvEBV. ewZd V. 18. elol ovppergor BFVD.

19. dga] om. P.  slol cdupergor BFVb.  20. 4T F. dord
BVbh, comp. F. 22 v EBE BYV. obtag # F. I'Z
rd¥. 98 twZdV,Z4F, 24 IzZ)ZDF. TIZd
eupra scr. Z m. 2 V, 25. ag] dea ag F.
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otrwg 70 vmd twv AEB mpds td Ymo tdv I'Z 4.
evupsTgor Ot o éxd tis AE vg émo vijg I'Z ovy-
pergoy doo zal T vnd téy AEB vj Omd vav I'ZA.
elee oby $nrdv éori o Omd tov AEB, xel td two
tov I'Z4 dnrév éony [xel S rovrd dotev &x 8vo
uéowy xowy). elre uéoov, uéoov, xel lotv Sxaripa
devtépo.

Kol 8k vovro foree § I'd tff AB =i} vdfe 3
avry: Omep Edec Oetkac.

&'

‘H zjf] pelfove ovppsrgog xal adry pellov
fariv.

"Eotw pelfov v AB, xal vfj AB 6vppsrpog Zorw
5 T'd" Adyw, ot 5§ T'd pefov dativ.

diggrioda 7 AB xeva ©60 E° of AE, EB &ga
Odvvapes sloly aevppstoor mowotowe 1o plv dvyxsipevoy
& tov an’ ety tereaydvay (nrév, o & vn’ adrdy
péeoy: xal peyovérm ta avrd rolg meoregov. xal Zmsl
éoriv wg § AB modg iy I'd, otrwg 7 12 AE mpis
iy I'Z nal % EB npds vy Zd, xel dg dga ) AE
wpdg v I'Z, ottws 7 EB medg vy Z 4. ovppsvgos
0t 5 AB 1} T'd" ovppstgog dga xal éxardge rdv
AE, EB éxarége vov I'Z, ZA. xal énsl vy ag 9
AE mgog miy T'Z, oinwg %4 EB meog viy 2.4, xal
dvaddck dg 1 AE medg EB, otvwg n I'Z medg Z d,
xel ovviive dpu éotly dg 1) AB modg viy BE, ofrag

IFZA]dmralmlb I"AZP,qu‘degm:l
2.8jcorr.exdee m. 2F. 10 — 8, dee] mg. m.2F. &
éoriv B. 5. forar BFb.  xal — 6. mgdiry] om. P. 6. domis]
comp. post ras. 1 litt. F, forar V. 8. eize péooy 6 Dxd Ty
AEB, pédoy nal 1o dnd tév I'Z4 Theon (BFVh). 8. faron]
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permutando[V,16] erit AE*: I'Z% == AE><EB:T'Z><Z 4.
werum AE% I'Z? commensurabilia sunt. itaque etiam
AE>< EB, I'Z >< ZA4 commensurabilia sunt [prop.
XJ]. itaque siue 4 E >< EB rationale est, etiam
I'Z »< Z 4 rationale est; siue medium, medium est
[prop. XX1II coroll.], et utraque secunda est [prop.
XXXVII—XXXVIII].

Ea de causa I'4 ordine eadem erit ac .4B; quod
erat demonstrandum. :

LXVIIL

Recta maiori commensurabilis et ipsa maior erit.
Sit 4B maior, et rectae 4B commensurabilis sit
I'4. dico, I'4 maiorem esse.
dividatur 4B in E. itaque 4E, EB potentia in-
commensurabiles sunt efficientes summam quadratorum
rationalem, rectangulum antem medium [prop. XXXIX],
4. .p ¢t fiant eadem, quae antea. et quoniam est
AB:Td = AE:T'Z et AB:I'4=ERB:Z4
z [efr. p.204,118q.], erit etiam AE:I'Z=EB:Z 4
[V, 11]. uverum 4B, I' 4 commensurabiles
sunt. quare etiam utraque 4E, EB utrique
I'Z, Z A commensurabilis est [prop. XIJ.

El 14

om. Vb. mal 5 BFVb. I'd] 44 b, 9. 8mep {32 dsifoun]
comp. P, om. BFVD, 10. &n’] £ seq. ras. 1 Litt. F. 11.

elfori] o eras. b. 14. 61t =el BFD. I'd] 4 post ras. 1
ﬁtt b.” ot PV, comp. Fb; fovl xal B.  16. 4E)] corr, ex

4B E.  EB] m. rec &ga]l m. 2 F. 17. §'1 8¢ F
o awrmv] corr. ex vwe toy m. 1 P. 18. nal yeyové::m

yeyovétm ydo P 19, zz) om. F. 20. EB BE’ F T

om. P.  xnl og &pe] fary dpa xal o in ras, 7 AE — 21.

ZA4) in ras, V. 21. PZ) EB V. EB] I'Z V. zrjv] om.
Bb. 22. AB] corr, ex EE m. 2 F. 24, ] (alt) om. P.
25. z» EB V. oy Z4 V.
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7 I'd mpog vijy 4Z* xol og dpn 1O dxd vig AB
mgog 70 amo tig BE, olweg 10 and tig I'd mdg o
and vijg AZ. opolmg 0% deltopsy, Ore xal dg vd dxd
tiis AB mpdg 16 axd tijg AE, otneg 16 axd vijg I'd
5 wpog T amd tijg I'Z. xel g dpa 7o dxd vijg AB
meog ta and oy AE, EB, ottwg to damd g I'4
" meds ta and thv I'Z, ZA xal dvadief dpm dorly
g 10 dxo g AB mpds 0 amd tig I'd, otrmg ta
and tov AE, EB mps ve and vdv I'Z, ZA4, ovp-
10 petgov 0% 1o axd tis AB 16 and viig I'd" evpusrge
Gga xal to and 1ov AE, EB voig dnd tov I'Z, Z 4.
xef fove ve and rov AE, EB Gua §nriv, xal va dud
vdv I'Z, Z4 due fnyrdv éovw. duolmg 8% xal vo dig
vmo tdv AE, EB evpuctoov fove v dlg vmd tov
16 I'Z, Zd, xof éovs uéoov vd dlg vmo tav AE, EB-
pédov Gow xal vo Sg Oxd taov I'Z, ZA, el T'Z, Z A4
Gox Svvdper aedupergol elor motodom 1O piv Svyxsl-
pEvov fx tov an’ avtdy teTgayuvev Gua $nrdv, o
0% Olg Ox adrdy péeov: GAq &ga 1 I'd &loydg o
20 5 xodovpévy uelfov.
‘H age v pelfove ovuperpos pelfov dorly: Smep
et dclta.
138
H 5 nrov xal uédov dvvapévy cvppsroos
25 [xal adry] énrov xal péoov Svvaudévy éaziv,

1. iy 4Z] 4B mut. in 4Z m. rec. P; wiwy Z4 FV, 3,
AZ) Z4 F. 4 vé dmo vijg I'd meog] m.rec.P. B ¥6] (alt)
e corr. V. 6. z¢t] w6 Fb, et B, corr. m. 2. 7. 7d] z¢ PFh,
et B, sed corr. rZ] r4 F. 8. zd¢] w6 F, et B, sed corr.

9, 7¢] vé F, et B, sed corr. I'Z) EZ b, et F, sed. corr.;
IFinras. B. 11, 4E] 4 e corr. b, I'Z] EZ b, et F, sed
corr. 12. zé] 6 F. " zd] w6 PF. 18, #orou V. 15, xal
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quoniam est 4E:I'Z= EB:Z 4 et permutando [V,16]

AE:EB=TZ:Z 4, etiam componendo erit [V, 18]

AB:BE=I'd:4Z, quare etiam 4B%:BE*=I"A: A7}

[V1, 20]). jam similiter demonstrabimus, esse etiam
AB%: AE%==T4%:T'Z%,

quare etisam AB*:4E* 4+ EBR =T A4:T'72 + Z 2.

permutando igitur [V, 16]

AB: ' = 4E*+ EB*:T'Z2% + Z 4%
uerum A B%, I'4* commensurabilia sunt. itaque etiam
AE® 4 ER? et I'Z® 4- Z4* commensurabilia sunt
[prop. XI]. et 4E® 4 ERB? rationale est, et') I'Z?
~+ Z 4% rationale. eodem modo etiam 24 E>< EB
et 2I'Z >< Z4 commensurabilia sunt. et 2 4E><EB
medium est. itaque etiam 2I'Z < Z4 medium est
{prop. XXIII coroll.). itaque I'Z, Z4 potentia incom-
mensurabiles sunt [prop. XIII; cfr. p. 206, 15 et 22] effi-
cientes summam quadratorum rationalem, rectangulum
sutem medium. itaque tota I'A irrationalis est maior,
quae uocatur [prop. XXXIX].

Ergo recta maiori commensurabilis maior est; quod
erat demonstrandum.

LXIX,

Recta rectae spatio rafionali et medio aequali qua-
dratae commensurabilis ipsa spatio rationali et medio
quadrata aequalis est.

1) Post Z4 lin. 13 Augustus non male addidit dee.

fovi ploov)] pégov 86 V.  16. I'Z] supra add. E b, PZ]
I'inras m. 2P, supra scxr. Eb.  17. eloly dovppergor BFVh.

elaww P. 19. % 6ln Vb,  21. dmeq £0ue dztfoe] comp. P,
om. BFVh., 24. §prév] -ov inras. B. 26, xel ofr] om. P.

Euclides, edd. Heiberg ot Menge. IIT. A
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"Eovw §nrov xel péoov dvvepdvny § AB, xal tf
AB ctpustgog éotw n I'd" dsucdov, Su xal % I'd
nrov xal péoov dvvapdvy éotiv.

duppricde 7 AB &g tag eldelag xeve o E* af
AE, EB dge Svvous cloly aodupstgor mototsar 1o
ptv ovyxelucvoy éx Ty ax’ avrav tsrgey ‘vov uddov,
10 & v’ adrdv fyriv: xel Ta adve xereoxevdebm
rolg mpdrepov. Opolwg 0% dstkousy, orve xel of I'Z,
Z 4 Svveper eloly govupergos, xal ovgperooy vo plv
ovyxelpevoy €x thv ano 10v AE, EB ¢ cvyxsiudvg
é vy dnd wév I'Z, ZA, vb 8t ond AE, EB v dmbd
I'Z, Z4  wors zal vo [pdv] ovyxslpsvoy éx tov dmod
tov I'Z, Z A rerpayovorv foti péoov, ©6 & Umd raov
'z, Z4 §quév.

"Pyrov &ge xal pidov Svvapévy dotiv § I'A Gmeg
e Betbou. )

o'

‘H tf} 6Y0 péoa dvvepdvy edpuerpog 8vo
uiee Svvapfvy éotiv,

"Egtw 0vo pdoa dvvaufvy 7 AB, xel v AB
evpusrgos 7§ I'd" dextéov, Ome xal 5 I'd 8vo péoa
Svvaudvy dotiv.

‘Enel yep 0vo péoa Svvapdvy dorlv 4 AB, digp-
pfiobw elg tag evPelng xera w0 E° of AE, EB dga
dvvdper sloly dovupergor moiotoar o T& Gupxelpsvor

1. xel ©f 4B] supra ser. m. 1 F. 2. Sexcéor] léye V

3, #ax{ B, comp. Fb. 7. 8¢ F. xaraorvdofo b.
af] 5 V. 118 P, téy AE V. 12 tév I'Z (corr, ex
IT'H) V. uér] om. P. 18. zergoyavor P. 8¢ F. 1b.
Smeg #8051 Jeiker] comp. P, om. BFVb. 17. o] seq. ras. 1
litt. F. 18, xal escy) 350 V. 21. 1] fotoo 11 V. Juxzios)

ldyo V. 0% 6u B. 24, nard o E &lg tag sodslag V.  ed-
&rfag] m. 2 B.



ELEMENTORUM LIBER X. 211

Bit 4B spatio rationali et medio aequalis quadrata,
et rectae 4 B commensurabilis sit I'.f. demonstrandun,
etiam I spatio rationali et medio aequalem esse
quadratam,

-4 r

|

5
~d
iB

dinidatur 4B in rectes in E; itaque AE,
EB potentia incommensurabiles sunt -effi-
cientes summam quadratorum mediam, rect-
angulum autem rationale [prop. XL}; et com-
parentur eadem, quae antea, iam similiter
demonstrabimus, I'Z, Z A4 potentia incommen-

gurabiles esse et 4E* 4 EB: I'Z? |- ZA4? commen-
surabilia et 4E >< EB, I'Z >< Z A4 commensurabilia.
quare etiam I'Z? + Z 4* medium est, I"Z >< Z 4 autem
rationale.

Ergo I''4 spatic rationali et medio aequalis est
quadrata; quod erat demonsfrandum.

*

LXX.

Recta rectae duobus spatiis mediis aequali quadratae

commensurabilis ipsa duobus spatiis mediis quadrata
est aequalis.

Sit 4B duobus spatiis mediis aequalis quadrata,
et rectae 4B commensurabilis I's. demonstrandum,
etiam I'4 duobus spatiis mediis aequalem esse qua-

dratam.

A4 -

z
= |
a

-B

nam quoniam 4B duobus spatiis mediis
aequalis est quadrata, in E in rectas dividatur.
itaque 4E, EB potentia incommensurabiles
sunt efficientes summam guadratorum mediam
et rectangulum medium et praeterea 4E* - EB®,

AE >< EB incommensurabilia [prop. XLI1;
e
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& tov ox’ evrov [verpaydvov] pédoy xel o Un
adtov péoov xal fre dovuustgov vo oupxelusvov dx
tédv and tv AE, EB tsrpapcveoy tp tmd tdy AE,
EB* xal xateoxsvaodo ve avre tols mpdrspov. Gpmolmg
oy dsikousy, ovi xel af I'Z, ZA Svvdus sloly aovu-
pETpor xol ovppeTooy 0 piv oupxelpevoy & tdv aml
tiv AE, EB @ cvyxapdve éx vdv and tov I'Z,
ZA4, td 6t vmd vov AE, EB vo vmo tov I'Z, ZA'
oots xal 10 cupxelusvov x tav dmd tov I'Z, Z A
tevpayavey pédov forl xal 1o vwd tiv I'Z, Zd uéoov
xel fTe dovuustgov 1O oupxsiusvov dx TdY amd THV
I'Z, Z 4 vevpaydvev t6 vxd vév I'Z, Z 4,

‘H dga I'd 0vo uloa dvvaudvy éoviv' Omep #ds
dzikau, ,

oo .

‘Pprod xal péeov svvrideuivov tédoapsg
dAoyor yplyvovrar 7tor #x dvo dvopdrav 4 éx
dvo plowv modty 1 psllav 4 Syrdv xal pfoov
Svvauivy. .

"Eorw ¢nrov pdv 10 AB, uéoov 6% ©o I'd" Aéyn,
otL % 10 AA yogiov Svvaudvy fror &x dvo Svoudray
dotly 7 &x 0vo péoav mpory 1 pelfwv 1 fnrov xal
uéoov Svvaudévy,

To yag AB toir I'd #vor petlov dorwy 7 EAagdov.
forw mpdtegov petfov: xal éxxsiode yry 1 EZ, xal
mogafepiiedo mags v EZ vg AB leov ©0 EH
mhdrog mwowoby tiy E@* 16 0t JI toov mega iy EZ

1. rerpaymvev]om, P.  ¢x’] muf in én’ m.2F, déx’b. 3.
AE] (prius) corr.ex 4ABm. 2F. 6. I'Z] in ras. m. 1 P. 8.
0 8¢ dorenalvé P. 9. Td, 4Z P. 12, ﬂﬁg wV. 18.Td
dea B. I'd] 4 postea ins. V.  &meg #8e Beifat] comp. P, om.
RFVh. 15.0f, f eras. F. 17, péyvovzar] yévovear BEVD et,
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et comparentur eadem, quae antea. iam similiter de-
monstrabimus, I'Z, Z4 potentia incommensurabiles
esse, et AE? 4 EB?, I'Z? 4+ ZA4* commensurabilia,
et AE> EB, I'Z >< Z4 commensurabilia. quare
etiam I'Z® 4 Z . A4* medium est et I'Z >< Z 4 medium
et practerea I'Z: 4+ ZA4*, I'Z >< Z4 incommensu-
rabilia.

Ergo I'4 duobus spatiis mediis aequalis est qua-
drata; quod erat demonstrandum.

LXXL

Spatiis rationali et medio compositis quattuor ir-
rationales oriuntur, aut reecta ex duobus nominibus
aut ex duabus mediis prima aut maior aut spatio ra-
tionali et medio aequalis guadrata.

4 I E 8 X Sit 4B rationale, I'd

’ \ autem medium. dico, rectam

‘ spatio 44 aequalem qua-

} dratam aut ex duobus nomi-

| nibus esse aut ex duabus

z H I mediis primam aut maiorem

B 4 aut spatio rationali et medio
aequalem quadratam.

est enim aut 4B > I'd aut 4B < I'4. sit prius
AB >TI'4d. et ponatur rationalis EZ, et rectae EZ
spatio 4B aequale adplicetur EH latitudinem efficiens
E®; spatio autem 4TI aequale rectae EZ adplicetur &I
latitudinem efficiens @ K. et quoniam A4 B rationale est

supra add. y m, 1, P. _ fjzoi] corr. in 4 z¢ m. rec, P, corr. ex &
mV,ean,qreB. ﬂln]mﬂF AA]Aecon'V

firec] 5§ V 27. tp] corr. ex 76 m. 1 F. Post EZ add.
Theon: rovedocs iy & H (BFVD),
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negafefriobo o @I mlerog mowiy Ty OK, xal
énel gnrov fove 10 AB xal dovwv iGov vg EH, ¢nrov
dpe xel 0 EH. xel maga [dnriy] v EZ mapafé-
BAnrar mhdrog wowody iy EO° 5 E@ dga ¢y den
xal gvppsrgog ) EZ unxst. madw, énel péoov Zorl
to I'd nel éovww loov v @I, ploov doe forl xel
0 @I xal mage fyqy v EZ mogdxevar wAdrog
mototy Ty OK* §yuy doa datly @K xol aovpucrpos
1ij EZ wixa. xol émel uyéoov dotl ©o I'd, $yvov 8}
10 AB, dodpusrgov dpa forl vo AB v I'd: davs
xel 70 EH aocvuperedy Zore v O g 0 10 EH
ngdg 0 @I, olrwg éotiv n E® medg v OK* cevy-
pergog dpw dovl xel n E@ v OK wixer. xel elow
dugorepar fyral: of EO, OK dou §nral sloe Svvdps
povoy gvppcrpor’ éx Ovo dpe dvogdrwv fotly 5 EXK
duponuévy xare vl O. xal fmel peifov dove v0 AB
rob I'd, toov 8t 10 piv 4B 16 EH, ©o 8k I'4 ¢
@I, pcitov doa xal tdo EH vov @I xal 4 E® &pa
usliwy fotl viic @K, fror otv 3 E@ tijg @K ucifoy
Stvarar v dmd evpufreov Ewvei pixse 1 té dwo
govppiroov. dvvaodw medregov TH dmd dupudrgov
fovryj el dotiv 4 pelfov § @E ovuusrgog v uxsi-
uévy $nrii o EZ- % dpa EK éx 0vo Svoparav fosd
1. @] mut.in ®H F, I eras, V. 8, xef] (privs) m. 2 F,
dnedv] om, P. 4, E@] (prius) @E F.  ney dox forly 4
E® Theon (BFVD). éotur P, 6, ®I] I in ras. F, 7.
@1I) I in ras, F. Post wogoxneicar add. Theon: zovrion
(-ov V) oy ®H (BFVD). 8. doa] corr, ex forer F. 9.
EZ] Z postea ins. m. 1 V. I'd)] eras. V. 11, EH] ZH
e corr. V. 812 corr, ex ®I' P, I'inras. F. 12, 8I] I
in ras. F.  13. fexiv B. 15, EK] corr. ex E® m. rec. b.
16. Post @ ras. 1 litt. B.  usffwy V, sed corr. 18, &7

Tecorr, F. axe/Im 2F. @I]IinrasF. 20, fovef urixes
om. V. 21, dovppéroov] cvupéree F, corr. m. 2; evppézgov B,
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et 4B = EH, etiam EH rationale est. et rectac EZ
adplicatum est latitudinem efficiens E®, itaque E®
rationalis est et rectae EZ longitudine commensurabilis
[prop. XX]. rursus quoniam I/ medium est et I'/=@1,
etiam @I medium est. et rectae rationali EZ adpli-
catum est lafitudinem efficiens @K. itaque &K ra-
tionalis est et rectae EZ longitudine incommensurabilis
[prop. XXTI). et quoniam I'4 medium est, 4B autem
rationale, 4B et I'4 incommensurabilia sunt. quare
efisam EH, ®1 incommensurabilia sunt. uverum
EH:9I =E®:0K [V], 1]. quare efiam E®, 8K
longitudine incommensurabiles sunt [prop. XI]. et
utraque rationalis est. itaque E®, @K rationales sunt
potentia tantum commensurabiles. ergo EK ex duobus
nominibus est in @ diuisa [prop. XXXVI]. et quoniam
AB>TI'A ¢t AB=EH, I'd =8I, erit etiam EH > @I.
itaque etiam E® > @K [V, 14]. iam E@*® excedit
®K?® quadrato rectae sut sibi commensurabilis aut
incommensurabilis. prius excedat quadrato rectae sibi
‘commensurabilis; et maior @E rationali propositae
EZ commensurabilis est. ergo EK ex duobus no-
minibus est prima [deff. alt. 1], EZ autem rationalis
est. sin spatium recta rationali et recta ex duobus
‘nominibus prima comprehenditur, recta spatio aequalis
quadrata ex duobus nominibus est [prop. LIV]. itaque
recta spatio EI aequalis quadrata ex duobus nominibus
est; quare etiam recta spatio 4. aequalis quadrata
ex duobus nominibus est. iam uero E€® excedat @K*
quadrato rectae sibi incommensurabilis; et maior E®

corr. m, 2. 29 dorev 5] do B. E® F. 23 Al m 2P,
#x] supra scr. b.
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mooiry. dnvny 08 4 EZ dov 0 ywolov meguéynre: vmo
énriie xel tijg & dvo Cvopdrwy mourtns, % to ywelov
Svvapévy éx 8vo dvopdreov doriv. 4 &oe o EI dvve-
pévy & Ovo dvopdrev fetiv: dote xal % o Ad
5 Svvapdvy & 0o dvopdrov feriv. dile Oy Swvdedw
7 E@ vijs OK peifov t6 and dovupiroov Savrfy xel
dotiv 3 peilor § E@ ovupstoos i Ewxapdvy $nri
vf] EZ pixer 1 doe EK #x 8vo dvoudrov dotl ze-
1oTy. Oy 0t 5 EZ° ilav 8% ywelov mspidynrai Umo
10 §yrijg xel vhig & Ovo ovopdrov TevwQTyg, % TO yoglov
dvvaudvy aloyde éotiv 5 xedovudvry peifov. % doa TO
EI ywplov dvvapsvn pelfov éovlv: dore xal 7 10 A4
Svvapévy pelfov otiv.
‘A 8 forw Elaggov 10 AB o0 I'd' xel o
15 EH dga Eeeadv ot 100 @1 dovs xel 1) E@ éAdacov
dorl g OK. fvou 6% 5 OK tijg EO psifov dvvarar
16 and cvppdroov favry 4 ve dmd devuppérgov. Ou-
vaodeo medrepor TG amd duppfrgov favri prxs xel
datev 1) éhdodov 5 E® ocvupergos Ty Snxzipévy i
20 7] EZ pixer 3 doo EK éx dvo dvopdrmv éotl dev-
répe. mrn Ok # EZ* lov 0% ywolov megidyyror vmo
dnriic xal tijg & dvo dvoudtov devrépag, % To yoelov
dvvapévy éx dvo psowv forl medty. % &pa zo ET
gwolov dvvapdvy éx dvo péowv dorl medtn' Gore wal’
25 ) 10 A4 Svvepévy éx Ovo plowv forl medry. @Adé
2 fnrav V. 8. &l ndx B, doel P. 9 &pu] eorr.
oX mepw IN. 2 P. EI]Tinras F, 5. duvapéry] corr. ex
adwaga’vn 6. Ante % raw. 8 lith F. @©X] corr. ex OZ
luet{;mv b. ovppérgov B, sed corr. 7. dorv]
dow, eupra ecr. @, B; Zovw P, %] (prive) om. B.  11. peifow
V, sed corr. 12 ET] I in ras. F. 15, @I} 8K b et corr.

ex®I'F. E@&pab. flaccovb. 17, avppéreor — ané] mg.
ﬂl P. ocvppéreov] dovppérgov V, sed « eras.  dovupitgov]
-
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rationali propositae EZ longitudine commensurabilis
est. itaque EK ex duobus nominibus est quarta [deff.
alt. 4]. EZ autem rationalis est. sin spatium recta
rationali et recta ex duocbus nominibus quarta com-
prehenditur, recta spatio aequalis quadrata irrationalis
est maior, quae uocatur [prop. LVII]. itaque recta
spatio EI aequalis quadrata maior est. ergo etiam
recta spatio 44 aequalis quadrata maior est.
iam uero sit 4B << I'd. quare etiam EH < @1,
itaque etiam E@ < @K [VI, 1; V, 14]. uerum @®K?
excedit E@ guadrato rectae aut sibi commensurabilia
aut incommensurabilis. prius excedat quadrato rectae
sibi longitudine commensurabilis. et minor E® ra-
tionali propositae EZ longitudine commensurabilis est.
itague EX ex duobus nominibus est secunda [deff.
alt. 2]. EZ auwtem rationalis est. sin spatium recta
rationali ef recta ex duobus nominibus secunda com-
prehenditur, recta spatio aequalis quadrata ex duabus
AT mediis est prima [prop. L V]
] itaque recta spatio EI aequalis
E quadrata ex duabus mediis est
B4 prima. ergo etiam recta spatio

E 7z A aequalis quadrata ex duabus
® H  mediis prima est. iam uero ®K*
X I

excedat @KE? quadrato rectae
sibi incommensurabilis; et minor E@® rationali pro-
positae EZ commensurabilis est. itaque EK ex duobus
nominibus est quinta [deff. alt, 5]. EZ autem ratio-

avpuérgow BV, eed corr. 19, 7] (prius) m. 2 F, om. B. 2L,
8f] (alt)m. 2 F.  mequégecon P. 28. EI] Tinras F. 24,
goplov] om, V. 25, 44 gzwelor BFb.
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3% 1 8K vijg O F psitfov dvvdobe ve &xo asvapiteov
favry]. xal fariv 7 éAdacwv 7 EO@ avppsvgos v #x-
xeipévy éneij vif EZ° 7 &pe EK #x 8vo dvopdrov
Zorl méumwey. ey 0 5 EZ div 8% yepiov megpiéynren

5 Und nriig xed tig éx 8vo Vvopdrov méuweng, 7 T
qwelov OSvvapévy gnrov xel péoov Ovvauévy Zordv.
7 dpa t0 EI ymplov Svvapévy yrov xal pédov du-
vapdvy forlv: dore xal 1 10 Ad yweloy Svvaufvy
onrov xol péoov Svvapdvy éoviv.

10 ‘Prrov &pa xal péeov evvnidspévov vésoxpes adoyor
plyvovrar fror éx dvo dvopdrov 4 éx dvo pécav mpwty
7 uelfov 1§ fnrodv xal péoov Svvaudvy' Smzp Edst deikou.,

off’.

Advo péowv govppétgey dlifjloig cvvTide-
16 géveov af lownel 3do &loyor ylyvovear fjro £x
d¥0 péoawv Sevrépe 7 [4] dv0 péoa Jvvauivy.
SvyxeloBbo pap Svo péca dovpperge diiflows Ta
AB, I'4" Aéyw, 8t % ©0 A4 yoplov dvvapéivy fror

éx 8vo plowv dorl Ssvrépe 1 dvo pien Suvvauév.
20 To pop AB 1ot I'd divor psifdv éemv % Eladoov.
éotw, £l Ty, mpdregov pelfov 10 AB tov I'd* xal

1. ®E] supra scr. ¥ b, ®H ¢ corr. F, E® YV (E in ras.).
gvupérgev F, et B, sed corr. m. 2. 2. %] (prius) om. B. 4.
lar!f;‘postea. ing. F, dotiv P. 7. duvopdvy — 8. prl&w%in
ras. F. 9. ¢nrév — dvvapdvny] mg m, 2 B. ot{ PBb,
10. dvdioyor ?’, zed corr. m. re¢. 11, ylvovren FVh,  djroe”
fV. 129 $pedv] m. 2 V. Omeg #3ss Jeifer] comp. P,
om. BFVD, 18. oy’, sed corr. m. 2, F, 14. svppérgaw,
corr. m. 2, F. ovvrafévtwy Theon (BFVb); suvvnilepivoy
suprs ecr. m. 2 B, 15. Post ddvo ras. 2 litt. V. Pivovear
Fb, et supra scr. ¢, V. éx] % &2 V. 16, %] deleo.  17.
ovynalcB® FV, d] zd b. 18. Ad] corr. ex I'd m. 2 F.
h 19, §) %4 4 P. 2. ef voz0:] om. Theon (BFVh).
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nalis est. sin spatium recta rationali et recta ex
duobus nominibus quinta comprehenditur, recta spatio
aequalis quadrata recta spatio rationali et medio ae-
qualis quadrata est [prop. LVIII]. itaque recta spatio
EJ aequalis quadrata recta spatio rationali et medio
aequalis quadrata est. quare etiam recta spatio 44
aequalis quadrata recta spatio rationali et medio ae-
qualis quadrata est.

Ergo spatiis rationali et medio compositis quattuor
irrationales oriuntur, aut recta ex duobus nominibus
aut ‘ex duabus mediis prima aut maior aut spatio ra-
tionali et medio aequalis quadtata; quod erat demon-
strandum. '

LXXIIL

Duobus mediis sibi incommensurabilibus compositis
reliquae duae irrationales oriuntur, aut recta ex duabus
mediis secunda aut duobus spatiis mediis aequalis
quadrata. ’

Componantur enim duo media sibi incommensurabilia
AB, I'4, dico, rectam spatio 4 4 aequalem quadratam
aut ex duabus mediis secundam esse aut duobus spatiis
mediis aequalem quadratam.

nam aut B> aut 4B<I'4. sit uerbi gratia
priuve 4B > I'4d, et ponatur recta rationalis EZ, et

A r spatio 4B aequale rectae EZ

T adplicetur EH latitudinem effi-
ciens £@, spatio autem I'A ae-
B d quale @I latitudinem efficiens
OK. et quoniam utrumque 4B,
I'd medium est, etiam utrumque
EH, ®1 medium est. et rectaa

@
t—cm ™~
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dunsioBw ¢y § EZ, xel té plv AB ldov muge v
EZ mapapspricto 10 EH mldrog mowiv vy E@,
16 02 I'd ivov v0 @I wldvog mwowovy iy OK. xai
énsi péoov detly éxdtegov twv AB, I'd, uédov dpe
5 %l éudregov vov EH, @1, -xal meps fnriw iy ZE
magoneval xldvog wolotw tag EO, OK ixaréon oo thy
E®,0K nrvy; dovs xal aavuuergos tf] EZ unxee. xed dmel
davuustedy fove t©o AB ey I'd, xal dotiv ldov o
putv 4B 16 EH, v6 6% I'4 ©p &I, devpusrgov &ou
10 éotl %l ©0 EH 6 @I g 0} v0 EH nmpog o @I,
otrmg Zorly § E@ npdy OK' devupsrgos doa dotiv %
E@ 15} OK pijxer. of BO, OK dpa fyrel o Svvape:
povoy ovpusteor’ éx Svo dpa dvopdrev dotiv ) EK.
froe 0t 5§ E@ wijg OK psifor ddvares td dmd gvp-
16 pfrgov fevef] 7 TH dmo dovupdrgov. dvvdedw mes-
TEQOV T amd ovpufrgov fovrf pauer’ xal ovderdpn
vov E®, @K ovppstpds fore tf Euxapévn dqri T
EZ winei® 5 EK &pa éx 000 dvopdrav éovl volry.
énryy 0t 5 EZ- éav 8% ymplov meoiéymrar vmwo dnrig
20 xal Thg & 0vo Svoudrov teltyg, 7 TO ywelov dvva-
uévn éx dvo uéswv ferl devripa % dpw vo EI, Tour-
dove ©0 Ad, Svvapévy éx 0vo uéemy forl dsvrépa.
alle 0 n E@ tfigc @K psifor dvvdedw tH dmo
aovppérgov fovrf) piue xel dovpperods fomiv fxa-
2y tépe vy E@, OK vii EZ pyners 7 dpo EK &x 8vo
dvopdrwv foviy Bury. dav 0} ywplov megiépyrec Omod
¢nrijs xel vig éx dvo dvopdvov Extng, 7 To ywelov

1. ug §nzj F. vf] corr ex e6 m. 2P. 2 EH] EZb.

8. Post foov add. zage =y OH V, del. m. 2. 4. émel —

dpo #eef] om. b. 5. tav) corr. ex 7o m. 2 b, EH] supra
\ add. © b §I] &I, supra add. H,b. =xallm. 2 F. 6.
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rationali EZ adplicata sunt latitudines efficientia E®,
@K. itaque utraque E®, @K rationalis est et rectae
EZ longitudine incommensurabilis [prop. XXII]. et
quoniam A4 B, I'4 incommensurabilia sunt, et 4B=EH,
I'd =@&I, etiam EH, @I incommensurabilia sunt.
vernm EH:®I = E®:®K [VI, 1]. itaque etiam
E@, @K longitudine incommensurabiles sunt [prop.
XI]. quare E@, @K rationales sunt potentia tantum
commensurabiles. ergo EK ex duobus nominibus est
[prop. XXXVI]. uerum E®*® excedit ®K* quadrato
rectae aut sibi commensurabilis aut incommensurabilis,
prius excedat quadrato rectae longitudine commensura-
bilis. et neutra rectarum E®, @K rectae rationali propo-
sitae EZ longitudine commensurabilis est. itaque EK
ex ducbus nominibus est tertia [deff alt. 3]. uwerum EZ
rationalis est. sin spatium recta rationali et recta ex
duobus nominibus tertia comprehenditur, recta spatio
sequalis quadrata ex duabus mediis est secunda [prop.
LVI]. itaque recta spatio EI, hoc est .44, aequalis
quadrata ex dusbus mediis est secunda. iam uero
E®? excedat @K? quadrato rectae sibi incommensu-
rabilis; et utraque E®, @K rectae EZ longitudine
incommensurabilis est. itaque EK ex duobus nominibus
est sexta [deff. alt. 6]. sin spatium recta rationali et
recta ex duobus nominibus sexta comprehenditur, recta

moponstze P, wuguuuwm V.  a@owodvze Vb, 7. OK deu V.

fomiv P. 8, dodupereos P, corr. m, rec.  domw P. AB
supra add. H V, or1y) m 2 F, 10. mgds] m. 2 F. v
wp F. 11 mog mpp V. . glow P 14, dovppérgov V,
sed corr. 16. gvupérgov BV corr. m. 2. 16, aovppéroov
V, sed corr.; - supra add. b m. 1, 17, domy P. 18, rq:'m]

corr. Pex 611111 m. rec. b. 25. tjj] corr. ex zis B. £x] m.
rec.
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Svvapdvy 3 0o pfoa Svvaudvn foviv' dovs xel §) TO
AAd yoglov dvvaudvy 1 dve péoe Svvaudvy éoviv,

[Ouolwg 04 Selbopev, Ot xdv farrov 3 160 AB
v00 I'd, 5 10 A4 yoglov dvvaudvy 7 éx b0 péoav
devréoa fotly fitos dvo uéde dvvaudvy).

Avo doa péswv dovpufroay dAlfiowg cvvndepbvor
of Aowmel Ovo &Aopor yplyvovver #vor éx dvo uécor
devrépa 1) Ovo péoa dvvapivy.

‘H éx 8v0 dvoudrov xal of per’ adeyy &loyor obrs
) uéey otre dAdjrag eloly of alral. o piv pig
ano pédng moge dyriy magafuliduevor mAdrog moisl
¢nry xol aocdppsroov TR nag' Ny Wogdrsivar pxsd.
70 8% d¢=d tiig 'éx dvo dvopdraw wagd fyriy mapea-
Baiidpevor midrog woiel Ty éx dvo dvopdrey medTyY,
td 0} and vig éx dvo uicwy mowTyg wagd $yry Wagw-
Budddusvor mAdrog mowsl iy éx dvo dvousrov dsv-
tégay, to Ok amd vijg éx dvo uéewv Sevtipus mupa
v mogefaidduevov midros mowel iy &k dvo dwo-
udroy Teivyy. To 0t dmd viig pelfoves mage $nray
mogefolidpsvor mAdrog moisl Ty fx Svo Svopdrov
rerdgryy. T 0% dmd viig dnrov xel pédov Svvepévyg
negd gy mepuBediopsvov mAdrog moist Ty €x 8vo
Svopdrov mépmryy. o 8% dwo Trg dvo pécw Suvve-
uévyg mepe $uriv mepafulldusvov midrog moist Tyv

1. % 8v0] 820 BV, @ore xein] fdex V. 2 4ABb, gya-
giov] om. V.” #] om. BFV. 340] B P, ddom.rec. péoeg F.
3. oucimg — B. dvvapdyy] om. P, 4, 0 A4 yoplov] 16
gogloy w0 A4 V. j] om F. b fjvec dvo e'au],ﬁ $yroy
xeel psooy B. 8. 5 dvo F. 7. ylvovren PFV%. ftos V.
B.Al#HV. Sdo]linras. m. tP. 9. oy, yin rae, F.
«i] supra ser. b 11. dmd fjg F. 12. zfj] corr. ex
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gpatio aequalis quadrata recta est duobus spatiis mediis
aequalis quadrata [prop. LIX]. quare recta spatio 4.4
aequalis quadrata recta duobus spatiis mediis aequalis
quadrata est.

"~ Ergo duchus spatiis mediis sibi incommensura-
bilibus compositis reliquae duae irrationales oriuntur,
aut recta ex duabus mediis secunda aut duobus spatiis
mediis aequalis quadrata.

Recta ex duobus nominibus et irrationales ab ea
deriuatae neque mediae neque inter se eaedem sunt.
nam quadratum mediae rectae rationali adplicatum
latitudinem efficit rationalem et rectae, cui adplicatum
est, longitudine incommensurabilem [prop. XXII]. qua-
dratum autem rectae ex duobus nominibus rational
adplicatum latifudinem efficif rectam ex duobus no-
minibus primam [prop. LX]. quadratum autem rectae
ex duabus mediis primae rationali adplicatum latitu-
dinem efficit rectam ex duobus nominibus secundam
[prop. LXI]. quadratum autem rectae ex duabus mediis
secundae rationali adplicatum latitudinem efficit rectam
éx duobus nominibus tertiam [prop. LXII]. quadratum
. autem maioris rationali adplicatum latitudinem efficit
rectam ex ducbus nominibus quartam [prop. LXIII].
quadratum autem rectae spatio rationali et medio ae-
qualis quadratae rationali adplicatum latitudinem efficit
rectam ex duobus nominibus quintam [prop. LXIV],

oy V. fv] corr. ex e F. 18, 84] &' P.  moepafald-
wevor P, 15, 6 8¢ — 19. tpleypy] mg. m. 2 V. 16, moewsl]
om. V. 17.3J8 P. 19.84| & P. 21 88 P. 28
6] e corr. V. 6é] 8" P, 24, mldrog] corr. ex mérog m. 1 P,
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quadratum autem rectae duobus spatiis mediis aequalis
quadratae rationali adplicatum latitudinem efficit rectam
ex duobus nominibus sextam [prop. LXV]. latitudines
autem, quaz significauimus, differunt et a prima et
inter se, a prima, quia en rationalis est, inter se autem,
quia ordine non sunt eaedem. ergo etiam ipsae rectae
irrationales iuter se differunt.

LXXIII.

8i a recta rationali rationalis aufertur potentia
tantum toti commensurabilis, reliqua irrationalis est,
uocetur autem apotome.

A rationali enim 4B rationalis auferatur BI' po-
tentia tantum toti commensurabilis, dico, reliquam
AT irrationalem esse apotomen, guae uocatur.
T nam quoniam 4B, BI' longi-

r B tudine incommensurabiles sunt, et
est AB: BI'= AB®: 4B >< BI" [prop. XXI lemma],
etiam 4 B* 4B><BI' incommensurabilia sunt [prop.
XI]. uverum AB*® et AB%*4 BI® commensurabilia
sunt [prop. XV], et 4B><BI, 2 AB> BI' commen-
surabilia [prop. VI]. et quoniam est [II, T]

AB* -+ BI'* =2 4B > BI' 4+ I' 4}

etiam A", 4B* 4 BI® incommensurabilia sunt [prop..

XIIT, XVI]. uerum 4B® } BI™ rationale est. ergo

mg. m 2 B. 17. %] vé corr, ex ze m. 1 b. 6] 36 b
18. BI'] e corr. V. nol fmeidrmep to] ta Fpa Theon
(BFVh). 19. loe] devpuerge Theon (BFVb). pEte Tod
¢no I'4] om. Theon (BFVb).  20. xaf] in ras. V. ovp-
peroe B, corr. m. 2. 21, Post BI" add. Theon: &wel xal 1o
e¢md thv AB, BI' loo forl 16 8lg dnd tow AB, BT usta t0d
and (tot add. V) I'4 (BFVb). '
Euclides, edd. Heiborg et Menge, IIT. 1%
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z& dnd rov AB, BI. gnrov 8% vo dlg tmo tov 4B,
16 BI™ dovuperpe dpe 70 amd tdv AB, BI' vg dlg dmo
tov AB, BI™ xel Aoung Goo t65 dmd tijg AL devy-
ustoov fore vo dlg vmd tov AB, BI', érxsl xdv to
Blov £l atndy devuuctoov 1§, xol to & doyis ueyidy
devuperoa Eorar. ¢nrov 0k o dlg U= vév AB, BI™
20 #Aoyov dow TO dmd tijg A &ioyog doa foviv ) AT
xedsiodo 02 péong dmortouy modry.

oe’,
‘Eev and péong pécy doaigedf dvvduss
pévov 6vpusrpog ovda Ty OAy, pete O8F Tig

1. dloyor in rag. V. dory &g b, fotly 7 AT] xal

th dnd Tay A" Goes xel f AT in e, m. 8 V. 2. owsp

#dee deikac] comp. P, om, BFVbh. 8. 08"] corr. ex oe” F.

6. mepeéyy Theon (BVb, meguéye: F). {ou: PBV, comp.

Fb. 7. péon V (seq. ras. 1 litt) et P, corr, m. rec. 10.
woL0T o] PF‘Vb, megifyovon B et mg. m. 1 Fb, add. yo. Post
N’n add. xef b, m. 2 F. 11, ere BV, comp. F.  necdeiten P.
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AL irrationalis est [def. 4]; uocetur autem apotome;
quod erat demonstrandum,

LXXIV,

Si a recta media aufertur media potentia tantum
commiensurabilis tofi, cum tota autem spatium rationale
comprehendens, reliqua irrationalis est; uocetur autem
prima apotome mediae.

A media enim 4B media auferatur BI" poteniia
tantum rectae 4B commensurabilis, cum 4B autem
spatium rationale comprehendens 4B >< BI' [prop.
XXVII]. dico, reliquam AI" irrationalem esse, nocetur
autem prima apotome mediae.
+B nam quoniam AB, BI' mediae sunt, etiam
ABE, BI'* media sunt. uwerum 2 4B >< BI ra-
tionale est. itaque 4B%* - BI™® et 2 4B >< BI'
incommensurabilia sunt. quare etiam 2 4 B>< BI'
17 reliquo [cfr. 11, T] 4I*® incommensurabile est,
quoniam, si totum alterutri incommensurabile est,
~4 etiam magnitudines ab initio sumptae incommen-
surabiles erunt [prop. XVI]. uerum 2 4B><BT ra-
tionale est. quare AI™ irrationale est. ergo AT
irrationalis est [def. 4]; nocetur autem prima apotome
mediae.

LXXV.

8i a media media aufertur potentia tantum toti
commensurabilis, cum tota antem spatium medium

péon seq. rae. 1 litt. V, supra scr, ¢ F. 18, slel V, comp.
Fb. dox{lm. 2 F. 14, Ante §¢ del. vé P. 15, &g«
fori b. w5 — 16. BI'] mg. m, 1 P, 17. éow] corr. ex
doe F. tiv] om P. ~ 21, 8] & P.  péen Fb. 22,
os’ F, sed corr. )
15%
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‘Exxciofwo yag ¢nrny v AI, xal rolg piv éxd tdv
AB, BT loov mage thy AI magafefirobe t60 AE
wldrog morotw Ty JH, v 6% dlg vmd vov 4B, BI"
loov mage iy AT nagufefinedm 0 40 midrog
nowovy iy AZ° Aowdv dgo v0 ZE leov dorl e amd
tiig AL. xzel émsl péoa xol ovppsrgd dovi Td and THV
AB, BT, péeov dou xal ©0 AE. xel mage ¢y wqv
AT magdxsirar mharos mocoty vy AH- $nry dpa éorly
% 4 H nol aovppergog v AT pijxet. mdiiv, el péoov
forl 10 vmo tov AB, BI', xxl o 6l &ga vmd THV
AB, BI' péoov éovlv. xal éorwv idov tg A46° xal
to 40 &g uploov éoriv. xal mmge $nmiy vy A1
mepuféfinrar wAdrog mowoty iy AZ° $nryy dga doriv
f AZ xul qovpperpog v AT pijxer. xed émel ol AB,

1. meguégy Theon (BFb, mequéze: F). éovc BV, comp.
Fb. 2. géon V, P (corr. m. rec.), F (supra scr. ¢ m, 2) 3.
yean] supra gor. m. 1 V. I'B] e corr. V. b, &b mg] 8 P.

6. 8re %] 8z xel V. Jor: PBV, comp. b. péeg P
(corr. m. rec.), F (corr. m. 2), e corr. V. 8. 4X b et Fv,
sed corr. 9. AI] Iin ras. B, 4X FVb (in V corr) dE}
E in ras, B. 10. 4 H] corr. ex HA m. 2 K. 11. JK
FVb, sed corr. - Ante 46 del. 4E whdzog morody Tipy JH
(corr ex H4 m. 2), =j 8% 8lg omd vé» AB, BI' (supra scr.
m. 2) loov mepa thy JK (corr. ex A1) nugaﬂaﬁlﬂu&m F. 12,
4Z} Z in ras. F. ZE] 7@ F. éor(] om. F. 13, %ol
odupergn) om, Theon (BE VD). fonyP. "14.uad] (alt.) postea
ins. m. 1 F. 16. dI] 4K FVb, sed corr, TEQURELTHL
om. b. Ante JH del. ZF. 16 Post 4HQel. ZF. 41
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comprehendens, reliqua irrationalis est; uocetur autem
mediae apotome secunda.

A media enim 4B media auferatur I'B potentia
tantum toti .4 B commensurabilis, cum tota autem 4B
medium comprehendens 4B >< BI' [prop. XXVIII].
dico, reliquam AT irrationalem esse, uocetur autem
medize apotome secunda.

ponatur enim rationalis 47, et quadratis 4B*-}- BI'®
aequale rectae 4T adplicetur 4 E latitudinem efficiens
4T B 4H, spatio autem 2 48 >< BI'
! ' aequale rectae A1 adplicetur
4@ latitudinem efficiens A4Z,
itaque reliquum ZE = AT
[II, 7]. et quoniam 4B% BI*
‘ media sunt et commensura-
I o E bilia, etiam 4 E medium est.?)
et rectae rationali 4T adplicatum est latitudinem ef-
ficiens A4 H. itaque 4 H rationalis est et rectae A1
longitudine incommensurabilis [prop. XXII]. rursus
quoniam 4B >< BI' medinm est, etiam 2 4B >< BI’
medium est [prop. XXIII coroll.]. et est = 4@. itaque
etiam 4@ medium est. et rationali 4TI adplicatum
est latitudinem efficiens 4 Z. quare 4 Z rationalis est
et rectae AJ longitudine incommensurabilis [prop.
XXII}. et quoniam A B, BI' potentia tentum com-

g Z H

1) Seguitur ex prop, XV st prop. XXIII coroll. eeternm
idem tacite usurpatur p. 226, 13 sq.

4K FVb, sed corr.  17. xel 6 — 18. BI'] in ras, F, 18.
foriv] dozf PBY, comp. b; cum proximis sustulit rep. in F,

19. &orl PBY, comp. Fb. JK FVb, sed corr.  20. maga-
xestor K. 4H F, corr. m, 2. 21, 4H F. 41l 4K b,
et V, sed corr.; corr. ex 47 m,. 2 F.
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BI dvvdps pévov ovupsrool slowv, aovpucrgos doa
dotly § AB vfj BT uquer acvuustgor dgo xel 7o
and tiig AB terpdyovov t@ Umd tdv AB, BI. alla
T piv &nd vijg AB ovupetod fori vé dmd tdv AB,
BI', 6 8% vmo tav 4B, BI' evupergoy dore 7o dig
tmo tov AB, BT aevpusrgoy dgo ozl 1o Olg
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rolg ulv and tov AB, BI' ©v0 AE, vp 8t dls vxd vdv
AB, BI' 70 A48* aclppergov doa [éotl) 10 JE vo
A6. og 0 10 JE mgog 10 A8, otrmg 7 HA mpdg
vy A4Z° acdupsvgog ke foriv ) HA vff 4Z. xal
slov augotepon ¢nrol of dge HA, 4Z §yvel sice
dvvdgse wovov ovupstoor' 5 ZH dpn émoropy forev.
¢ 8 § AI° zo 8t Dmd s xel aldyov meg:i-
exouevoy aioydv forwv, xal % dvvapbvy abvd Zloydg
dotiv. xal Ovvares 1o ZE % A % AT &pa &hoypdg
dorwy’ nadeloBw 0 pfong amorouy devrdpa. Onmeg
Eder Getbou.
o os’,
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aovupergos ovow T OAy, mera 8% Tijg OAng
moLoboa te piv an’ avrdv dpa §yrov, vo 8 O’
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'Ax6 yeg evdelug viig AB eb¥ela doperjode 3 BI

1. BI'| T'B F, dovppetpog] dvppergos b, 2. el
] P. 3. tfig AB] om. b. 4. ddmev %‘ B, zd] corr. ex
tom iF. 6. asvpusroe &eo forl (om. V) to dnd tovy AB, B
6 8lg omé tdoy AB, BT Theon (BFVb). 7. twd] ¢- in ras. m,
iP. foov— 8 BI'lmg.m, 2B. 8.v6) 16 F. 9. doci]
om. BFVb. 11. HA) dHP, 4Z] corr.ex ZJ4 V., 1%

#lo] elow B. 18, dove BV, comp. Fb., 14. 41] 4K FVb,
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mensurabiles sunt, 4B, BI' longitudine incommen-
surabiles sunt. itagque etiam A£B%, AB>< BT incom-
mensurabilia sunt [prop. XXI lemma, prop. XI]. uerum
AR*, A4B* -4 BI'® commensurabilia sunt [prop, XV]
et 4B><BI, 2 .4B> BI' commensurabilia [prop. VI),
itaque 2 4B >< BI" et 4 B*+ BI" incommensurabilia
sunt [prop. XIII]. est autem A E— 4B* 4 BI™,
A6 = 2 48 > BI'. itaque 4E, 46 incommensura-
bilia sunt. uernm AJE: 40 =HdAd:4Z [VI, 11
itaque HA, JZ incommensurabiles sunt [prop. XI].
et utraque rationalis est. itaque Hd, A4Z rationales
sunt potentia tantum commensurabiles, quare ZH
apotome est [prop. LXXIIT]. uerum AT rationalis est.
spatinum antem recta rationali et irrationali compre-
hensum irrationale est [prop. XX], et recta ei aequalis
quadrata irrationalis est. et 4I* = ZE. ergo A
irrationalis est [def. 4]; uocetur autem mediae apotome
gecunda; qued erat demonstrandum.

LXXVIL

Si a recta aufertur recta potentia incommensura-
bilis tofi et cum tota efficiens summam quadratorum
rationalem, rectangulum autem medium, reliqua irratio-
nalis est; wocetur autem minor.

A recta enim 4B recta au-
3 feratur BI" potentia toti incom-

4 r

sed corr. 15, fors PV, comp. Fb.  dga evrd Theon (BF VD).
16, fomy i]’ fous PBV, comp. Fb. 'q Ar] (alt) m. 2 F.
17. {ovs PBV, comp. Fb. ~ 8¢ 8k éx F. ~ pdog P, et V,

corr, m. 2, Gneq £des Seifou comp P, om. BFVh, 2%,

8¢ F. 28, éore BV, comp, F
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dvvdpe dovuuergog ovda tf GAy mowodoe Te meOxEL-
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acvppsTeog ovde tj ody, pera 8% tig Sdqg
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u‘.’vr Agimy ouloyog doTiv: xwheloho Ok §) pere §nrod
M%’g O 02 i ae.
22 ‘Ano yop ebPelag the AB eodein dpnerfedo o BT
20 duvdus dovppirgog ovew tfj AB mowben Té mpoxsi-
peva: Adpe, ote 1 Aowwy % A dAoydg detwv %) mpost-
enuivy.
Exel yop 10 piv cvpxsipevoy éx tdv dmd THW
AB, BI' vergayaviov pécov fotiv, vo 0k Olg md 1dv

1. ovaa dovpuergos V. w JFeoxslueva ] pam mg olqc
ﬂgc 4B 16 wyue(psmw éx ww dmo tdy 4B, BI' #a dnror,
zo & Olg ©md vdv AB, BI' dpa péooy Theon (BFVb). 4,
pév] m 2 V, AB]erasmﬂP. 6. BTl T'B P,

verpuywvmr] [ eras. V.  Zere PBV, comp, Fb. ~ 8} 7]
v 6. tér] m. rec. P AB] in ras. m. 1P 8.
dodppeted foru Te dmd tédv AB, BT (m. 2 F) to cmd tiig AT
(haec 4 uerba om. F) Theon (BFVh). g vo. dnriw 8}
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mensurabilis et proposita efficiens [prop. XXXIII]. dico,
reliquam AT irrationalem esse minorem, quae uocatur.

nam quoniam 4 B*-4- BI"® rationale est, et 2 4B>< BI"
medium, incommensurabilia sunt 4B® -+ BI? et
2 AB >< BI'. et e contrario reliquo [II, 7] AI'? in-
commensurabile est 4B% 4+ BI'" [prop. XVI], uerum
ABR? -+ BI'? rationale est. itaque A" irrationale est.
ergo AT irrationalis est [def. 4]; wocetur autem minor;
quod erat demonstrandom,

LXXVIIL

Si a recta aufertur recta potentia incommensura-
bilis toti, cum tota autem efficiens summam quadra-
torum mediam, duplum autem rectangulum rationale,
reliqua irrationalis est; uocetur autem recta cum
rationali totum medium efficiens,

A recta enim 4B auferatur recta BI' potentia
rectae 4B incommensurabilis proposita efficiens [prop.
XXXIV]). dico, reliquam A irrationalem esse, quam
significanimus.

nam quoniam 4 B* 4 BI'® medium est, 24B>< BI’

0 ovyxeipsvor Fb.  dpa] done P, 10. dloyog — AT] om. P,
11. &meg Edes Jeifos] comp. P, om. BFVh. 12, of ¥ 17,
fote PBY, comp. Fb." 3} 5] 8¢ BFVb. Supra pera scr, dwé
comp. m_1b. 19, AB] corr. ex AP m. 2 F. 20, asvp-
pétog ovee Jvwipse V. ~ o olpy tfj Theon (BFVB), =&
meoxsiusva] to piv gvyneipevoy fx tov dmd toy 4B, BI ze-
toaydvey uigov, 16 S8t blg imd toy AB, BI {$nroy Theon
(BFVL). 21. lon: BY, comp. F. 7 mportonuévy] nolelebw
waleiver B) 8t 5 (om. Vb) paza dnrot pésoy td Slov motoiioe
heon BFVb).  24. doci PBV, comp. Fb.
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AB, BI" ¢nrdv, acvppsrpe &pa dotl ta dwd vov 4B,
BT 1 blg Umd vov 4B, BI nal Aoumov &ga to anl
riig A devpuerody fove e Olg Omd vdv AB, BI.
xel fote 16 8lg vmd vév AB, BT gnrév to doo amd
6 tiig AT &loyov domiv* dloyos doe éotly o AT xo-
leloBw 8t 3 pere $nrov pésov vo Siov morovea.
omep Ede Betkan.
on’.
Eav axd evdslag t0Psio dpuipsds dvvduet

10 d6dppergog ovoa tf Oiy, pets O} tig Ging

moioD6e 10 ve ovyxelpevoy x tdv ax adTodV
k. stoaywvay uécov 10 ve Oig v’ avradv péoov
¥ I &z v& dn’ edrdy terpdyava dodpperoa
252 te Olg Ux alrdv, 4§ Aowmy SAoydg f6Tivt -
e | Aeladw OF % pera péoov uégov_rd 8iov morotige.
And yip e0Pilog vijg AB s0fela apppebw 4
BT dvvdpe dovuuergog ovee vi) A B mowobee v xgo-
xelpeva: Aéyw, 8re 9 Aouzy % A &loydg dovwv % xa-
Aovpédvy % pere péoov udoov o Glov mowotoa.

20  ‘Exxsiobo yag gyt § A1, xal ol ulv dmd vdv
AB, BT loov wmeoe iy A1 mapafefliodo 10 AE
mAdtog mootv Ty AH, ve 8t dlg Und tov AB, BI'
lgov donofefe to 4O [midrog mwowtv Ty AZ).
Aowwov dge vo ZE loov dotl td amd vijg A" doze

2. BI" tergaywra BF D, BI"% Bm 2V. =xa] om. P,

8. avppsrgoy F. 4. xaf — &ig] dnrory 3k w6 V.~ fnrév)
om, V, 6. &k ﬁ] & b, 7. Sweo £8es Seifon] om. BF Vb,
comp. P. 8. o8 F, 10. 8¢} om. P. 11. z£] in 8. V,
pév BFb.  én’] dwo ziv V. ~ 12, z¢] in ras. V, 8¢ BFb.
18. #el ] #zv te Theon (BFVL). 14, %] léym 8 5 V.
é6ni BV, comp. Fh. 16. %] om. FVh. 17. o meoxsl-

peve) 76 plv ovyssiuevey du tdw duo tdv AB, BI' tergayoivar
uboov, 6 8t 8lg vmo tév AB, BI" gédov Fru te (om. V, m, 2 F)
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_4 Butem rationale, 4B*+4 BI" et 2AB><BI in-
commensurabilia sunt. itaque etiam religuum [I1, 7]
AT et 2 4B >< BI' incommensurabilia sunt {prop.
XVI). et 2.4B>< BI rationale est, itaque AT

I irrationale est. ergo AI irrationalis est [def. 4];
uocetur autem recta cum rationali totum medium
B efficiens; quod erat demonstrandum,

LXXVIIL

8i a recta anfertur recta potentia incommensurabilis
toti, cum tota autem efficiens et summam quadratorum
mediam et duplum rectangulum medium praetereaque
summam quadratorum duplo rectangulo incommensura-
bilem, reliqua irrationalis est; uocetur autem recta
cum medio totum medium efficiens.

A recta entm AB recia auferatur BI' potentia
rectae 4B incommensurabilis proposita efficiens [prop.
XXXV]. dico, reliquam AT irrationalem esse, quae
uocetur recta cum medio totum medinm efficiens.

ponatur enim rationalis 4 I, et quadratis 4B*-- BI"®
aequale rectae 4T adplicetur 4E latitudinem efficiens

~ 75 4H, spatio autem 2 4B>< B
aequale aunferatur 4@, itaque
I P g religuum ZE = 4I'* [II, T].

, | , quare AT spatio ZE quadrata
4 r B gequalis est. et quoniam 4 B?

o dnd wov 4B, BT dodppsver te Slg vmo tav 4B, BT Theon

{BEFVh). 18. dors BV, comp. F. 7 walovpsvy] xelsiobo

@ Theon (BFVYV). 18. péoov] supra ser. F. 20, JI] 4K

in ras. V, item lp. 21. 21, feov] foow vo JE V., 1y

corr, ex gy m. 1 P, iy zjp V, m, 2 B. 16 JE] om. V.,
28. wierog — J4Z] om. P.
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7§ A 8vvarar ©0 ZE. xal énel vo ovpncipevov éx
rév amo rov AB, BI' vergayaveyv ufeov f6tl xel
dotwv lgov 1( AE, pfoov &pa [dorl) vo AE. xal
wage gyeyy vy A1 mepdxaver igvog moroty vy JH-
5 ¢nry &go oty §) AH wol dovppstgog T AT wixes.
kv, émel 10 Olg vmd tav 4B, BI' ufoov fdorl xel
dorwy loov t@ A0, 1o dpa 4O pésov foriv. xel mapd
$nrny iy AI magdxsirer mhiitog mootv Ty AZ°
gnTy dpa dotl xel § AZ xel aovppergog T AT pijxer.

10 nerl émel aovppered fovi vo dmd rov AB, BI v@ dlg

omé tév AB, BT, dovupevpov &go xal 10 JE to
A48, g 0t 1o AE mpdg ©0 40, ofras fotl xel 4
AH mgog viy AdZ- aodpperpos doa n AH v AZ.
xel elow apgpdrepas §nrel of HA, AZ &pa fnrel

15 elor Quvduer uovov ovppsrgol. dmorous dpw f6tiv %

ZH $yrny 6t 7 Z@®. 1o Ok Dmo (nrijs xal axorous
neguegopsvov [SpBoyavioy] dloydy foviv, xal % dvve-
uévy avrd droyds fomiv. nel Ovvarar 10 ZE 5§ AT
7 AT Goe &loydg oty xodslofw O} 7) pera péoov

20 pésov 76 dAov worobow. Omep éder delfar.

0",
TH axnotouf pia [povov] zpocapudfs: evdsia
¢ney Svvdger povov 6vppsrgos ovow T i

1. AT] AT psifor b xel] m. 2 F. 8. doz(] om. P.

4 411 JKinrae V, itemlin. 5,8,9; JHP. 5 evpperoos
B, corr. m. 2. 7. v] corr.exrom. 1 F.  Zovdy] & PBY,
comp. Fb, 9. loriy PB. xaf](prins) om. B. 10. dedppergdg F.
domww P. 11, 76] correx 7¢ m. 2 F.  16] corr. ex 76 m.
2F. 12 48] (alt) ©, add. Z m. 2, F. otiy PB.  nal]
om, P. 15. tippJ om. P. JH] dinras. V, Hd Fb, 14
dea] m,2F. 16. elowP. 16.28] 4K mras. V. 8] 8P
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-+ BI™ medium est et = 4E, 4E medium est. et
rationali 4T adplicatum est latitudinem efficiens 4 H.
itaque A4 H rationalis est et rectae A4I longitudine
incommensurabilis [prop. XXII]. rursus quoniam
2 AB>< BI" medium est ot — 48, 46 medium eat.
et rationali 41 adplicatum est latitudinem efficiens
AZ. itaque AZ rationalis est et rectae AI longi-
tudine incommensurabilis [prop. XXII]. et quoniam
AB* 4+ BI? et 2 4B >< BI' incommensurabilia sunt,
etiam 4 E, 46 incommensurabilia sunt. uerum
AE; A@ = d4H: AZ [V], 1]. itaque 4H, A4Z in-
commensurabiles sunt [prop. XI]. et utraque rationalis
est. itaque Hd, 4Z rationales sunt potentia tantum
commensurabiles. quare ZH apotome est [prop.
LXXII]). Z@ autem rationalis est. spatium aubem
recta rationali et apotome comprehensum irrationale
est [prop. XX], et recta ei potentia aequalis irrationalis
est. est antem 4I'*=ZE. ergo AI irrationalis est;
unocetur autem recta cum medio totum mediuvm efficiens,
quod erat demonstrandum.

LXXIX,

Apotomae una tantum congruit recta rationalis
potentia tantum toti commensurabilis.

17. defeyoroy] om. P, dorv PBV, comp. Fb. 18,
éoru PBY, comp, Fb.  19. fers BV, comp. Fb. #] om. P.

20. 8zep #dsc deifot] comp, P, om. BFVb. 21, of'] corr.
ex ' m, 2 F, 22. gdvov] om. P, pivny V et F supra scr.
oy m. 1.
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"Eeto axoroun f AB, mgosxppofovea 6t odry g
BI™" af AT, I'B éga {qrai elos Svvape, govov ovu-
petoos’ Afyw, O v AB frépa ov mpooweuilee Gy
Svvduse udvov evuuergos ovde Ti OAy.

El yap dvverdy, mpodaguolirw % B4 xal af
Ad, 4B &oa gnrei elor dvvipse pdvov ovupsrgor.
xal émel, ¢ vmepéysr 1o amd tdy Ad, AB vod dlg
wd Ty Ad, 4B, vovte Umegéyes xal ta dmd T@v
AT, I'B tov 8lg vmd tiv AT, I'B- tp yép avre v
amd tijg AB dugpiregn vmepéyss dvaliel fpw, 6 Umep-
Exer v and riv Ad, 4B vav and rav AI, I'B,
Tovze vmepéyse [xal] o dlg vmo tdv A4, 4B To¥
dlg vn6 vév AT, I'B. va 0% and rdv Ad, 4B tév
gm0 tév AT, I'B vmepéyee (- fqra yop dupirsea.
xel 7o 8lg dpa Umd Tov Ad, 4B tov dlg vmo oV
AT, I'B dmegéyes fnrep’ omep éoviv advwarov: péon
yap Gupdrapa, pédov O} péoov oty vmseéys $nre.
i} épee AB évépa 0¥ mposupudles dnry Svvdpee govo
ovppergog ovea i OAy.

Mle oo pdvy tf] amotous; mgodaguober gwry dv-
vigeL pbvov ovuustgog ovew tf oAy dmee Edsu dstke,

’

x'.
Tf uéeng amoropt meary ple udvov mpoo-
apuofer s08ela uéoy Svvdps pdvoy gvppsrgog

3. ¢nrj] m. 2 F, 5. mgoougmofisdw b.  zaf] om. B.

6. dB] B4 F. 9. d ano zijg] @6 F. 10, AB — Smeg-
£yei] dn’ dpgoréewy vmegoyis o axd zijg AB BFb; in B del.
m. 2, mg. td yoe aurm—wzeoézen m 2 o]dgh. 11, 44,
4B AF I'BF, corr. m. 2.  dno — 12. umqsxe;] in ras, F. 12
xef] om. P.  JB]m. 2 F.  14. §yré] corr. ex fnuj V et
m. rec. B.  Post ydg add. sloww FVb, éonv B.  15. 0] corr.
ex réd m. 1 ¥, dee) om. V. 17, Post yap add. slewr Vb,
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Sit 4B apotome, ei autem congruens BI.
itaque 4", I'B rationales sunt potentia tantum
commensurabiles [prop. LXXIM]. dico, nullam
TB aliam rationalem potentia tantnm toti commen-
surabilem rectae 4B congruere.

nam gi fieri potest, congruat B, itaque etiam
-r AA, AB rationales sunt potentia tantum com-
-4 mensurabiles [prop. LXXIII]. et quoniam
(AL + AB?)+2 A4 < AB= (AT +'BY)~-2 AT><I'B
(nam utrumgque excedit eodem spatio 4 B2 [II, 7)), per-
mutando erit
(AL + ABY)~—(AT*+ 'B?)=2 44> AB -2 AT I'B,
uerum A4 4% -} 4 B® excedit 4" -+ I'B? spatio rationali;
nam utrague rationalia sunt. itaque etiam 2 44>< 4B
excedit 2 4 >< I'B spatio rationali; quod fieri non
potest; nam utrumque medinm est [prop. XXIJ, me-
dium autem non excedit medium spatio rationali [prop.
XXVI]. itaque rectae 4B nulla alia rationalis po-
tentia tantum toti commensurabilis congruit.

Ergo una tantum recta rationalis potentia tantum
toti commensurabilis apotomae congruit; quod erat
demonstrandum.

A

LXXX.
Mediae apotomae primae una tantum congruit recta
media potentia tantum toti commensurabilis, cum tota
autem spatium rationale comprehendens,

domv BF. 18. tf] corr, ex o m. 2 F. e V. 20.
pfe — 21, Bly] bis F, sed corr. 20 pévoy BFb.  mpos-
oppooes BFV% 21. 8xmep £8e1 d’siﬁm}'[ comp. P, om. BFVb.

22, we” F, et sic demceps 28, u o'nc] corr. ex péone m.
rec. P, gmm; BFV, péon b pla)] om,
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ovoe Tf O0Ay, peve 6% Tig OAys $nrTOV WEQL-
{yovoa.
"Eorw yap péong dmorouy medty % AB, xel tf
AB ngodeppotitw 4 BI* of AT, I'B doa péoar elol
5 Svvdus, pévov evpperpor GnTdv meeiizovdar TO VHO
tév AT, I'B' léyw, v tij AB évépa ob mpocapuite
uéony dvvduer uovov evpucrgog ovan Tjj oiy, pere Ok
tiig Odng dyrov megidyovon.
Ei pag dvvarov, mpodappoléro xal 7 4B of éou
10 AA, AB péent slol Svvius plvoy evppsrepor fnrov
megrégovoar ©d vmo vy Ad, AB. xal émely, @ vmep-
e te amd oy A, AB rob dig vmd rov 44, 4B,
Tovte Umegéyer xoi va and vav AT, I'B rov dlg imd
tov AI', B 16 yap alrg [mdlw] dmepéyovor T
16 and g AB° fvalAdf foe, @ Umepéyel T amd THV
Ad, 4B tédv érxé v A, I'B, tovre vmepéyer xal
10 Olg Umwd tov 44, 4B vov dlg vxd vav AT, I'B.
70 0% dlg vmod v A4, 4B 1ot dlg twd vy AT,
I'B dnegéyes s ¢nre pag aupirsge. xel vé dmd
20 1y A d, AB dpe vov axd tov AT, I'B [rerpayivor]
UmeQéyeL gyre” Omep fotly dddvarov' péow ypig foviv
aupirege, picov 8} ufoov ovy vmepéye GnTe.
T épa péong dmorvous; mpwry ple pdvov meoo-
mouoler evdein uéon Svvdus uévov evppergog ovow
26 T OAy, pére O} viig OAng gnrov megiéyovde” Omep Edst
dzikue., ;

3. pfoy BVDb, om. F. 4. mposegpifes F, corr. m. 2. ol ]
corr, ex el m. 1 P,  &pa AT, I'B BFVh. slaiv B, 5.
evppetgog V, corr. m, 1. 6. mpocapudoer V. 8. mepiéyovoo:
V,cor. m. 1. 10. 44 m. 2 F.  #low LB. 12, vd] corr.
ex e m. 2 F. zod] et F. A, 'BEF. 13 bregeiye b,
corr. m. 1. 14, ve] corr. ex 76 V. wdlww] om. P,  vmep-
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A Sit enim 4B mediae apotome prima, et rectae
AB congruat BI'. itaque AT, I'B mediae sunt
7B potentia tantum commensurabiles spatium rationale
comprehendentes A I'>< T'B {prop. LXXIV]. dico,
rectae 4B nullam aliam mediam potentia tantum
+I toti commensurabilem congruere cum tota spatinm
d rationale comprehendentem.

nam si fieri potest, etiam 4B congruat. 44, 4B
igitur mediae sunt potentia tantum commensurabiles
spatium rationale comprehendentes 4.4 >< 4B [prop.
LXXIV]. et quoniam est
(AL + AB)+2 AA< AB= (A" 4 T'B*)-+-2 AT'><I'B
(nam eodem spatioc 4B excedunt [II, 7]), permutando
erit
(AL 4By~ (AT*+ I'B)=2Ad>< 4B+ 2 A< IR,
uerum 2 44 >< AB excedit 2 41" >< I'B spatio rationali;
nam utrumgque rationale est. itaque etiam 4.4% | 4 B?
excedit 4I'"® 4+ I'B* spatio rationali; quod fieri non
potest; nam utraque media sunt [prop. XXIV], medium
autem non excedit medium spatio rationali [prop. XX VI].

Ergo mediae apotomae primae una tantum recta
media congruit potentia tantum toti commensurabilis,
cum tota antem spatium rationale comprehendens;
quod erat demonstrandum,

égovory LBF.  19] wa b, 15, zdt] =al =d LB, 17. 4]
t¢ P. 18, 70 8§ —19. I'B] %ol V. = 20. zergaydver] om. P,

21. vwegéker P, E supra ser. B. 22, 8¢] yap L. 23, péon
IH.%F#\?;F‘I? LBFVb. 26. 8weg E3ev Jeifen] comp. P, om.

Euclidea, edd. Heiberg et Menge. III. AL
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xa'.

Ti péong drorous] devrépe pla pévor meoo-
aeouofsl eV®ela péoy Svvdusl pdvoy dvupsrpog
th} oAy, were 8} vijc 8Anc péoor megiigovoa.

5 'Eorw ufong dworopy Sevripx 4 AB xal tij AB
ngocopudfovoe 7 BI™ of &pa A, I'B pécar e&lol
dvvdus povov ovuusTgor péGov mEQLEYOUGEKL TO UEO
tov AT, B Aéyw, Ot tij AB ivipa 0¥ ngodmpuides
ebBela péon Svvdust wovov ovpuergos ovdw T Giy,

10 pere 0} THg Odyg pédov msgiégovoa.

El yap dvvarov, mgodeguoléitm % BA* xal af A4,
4B dga pécor slol dvvapsr povov Glppergor pécov
wepiéyovenr 0 Umd tév A4, AB. xol éxneloBw dyry
% EZ, xal voig udv ano rev AT, I'B loov maga tiv

15 EZ nmagafepineda 10 EH midrog mowoty iy EM-
16 6% dlg ¥mwd vov AT, I'B lodov dyqoiedm w6 @H
wrddrog mowoty Ty O M Adouxdy dpe to EA lsov dori
T and tijg AB" Gore 7 AB dvvartew to EA. metdiw
0% volg dmd rdv Ad, AB lgov nage thy EZ mage-

20 fepriefe to EI mlarog morovy tqv EN* fove 8% xal
16 EA lov to and vijc AB rergpaywve: Aomdy Hpa
70 @I lgov dorl 1@ dlg Umd tav Ad, AB. xal émsi
uéoas elolv af AT, I'B, uéoa dpo éotl xal ta dxo Tov
AT, I'B. xel éotiv iva v EH péoov &pa xal to

25 EH. xoi mega ¢qriy vy EZ nepdxsiter widrog mooty

2. péen uel péoy LBFVbh. povn V, b. pfan uel
péoy LBFb, e corr, V.  &evtépa] om. b.  4B] B in ras,
m 1P gal i ABlom. V. 6. %] 8k 4 V. ~al] supra -
ger. m, rec, b.  #lefv LBP. 7. 16] vw L? 8. zév] om. b.

wmpocapedfss LBb. 11 4B F. “xel] om. B. 12, slady
LB. 16. 4B, BI'b.  20. EI] supra ser. Z F.  fonw L.
21. %ol losmow V. 22. icoyv — 24, ©§ EH] mg. m. 1 F.
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gy EM* §quy &ou dotly 7 EM xal dovppergog T
EZ pixe. wmddv, fxel péoov dotl vo vmo vév AT,
B, xel 7o dig vmd vdy A, I'B ufeov éoviv. xal
dorw leov T OH xel v0 @H &pa ufoov doriv. xal
mape fyvy iy EZ mopdxsizer mwidrog mowotv tHw
OM-. fqry) dpa éotl xal n OM xal aovpusrpogs vij EZ
pixst. xal énel of AT, I'B dvvaper uévov ovgusrgol
elow, acduperpog dpo fotly 5 AL ©fj I'B gijxe. g
0t 7 AT mgog viw I'B, oUrms fotl 16 dmd g AT
npog 0 vxd rov AT, I'B" acduustgoy Hpe éotl zo
énd vijg A v Omd vy AT, I'B. aidé vg plv dmwo
wijis AT ovppergd éore va ano tov AT, I'B, = o2
ind wiv AT, I'B odupsreov dor vo Ol imd rdv
AT, B édevpusrpe dpe dotl ve dmd tdv AT, I'B
©g dlg Ymo tév A, T'B. xof éore voig pdv dmd tév
AT, T'B loov v> EH, vp 6% dlg omd vy 4T, I'B
loov v0 HO' covpuergpov &po dotl vd EH v OH,
g 0% vo EH mpds vo OH, odrwg éorlv v EM mpog
vy @M dovpucrpos dou fotly v EM tff MO pojxse.
kol slowy dppéreper fyral” of EM, MO &pa $yrel
slo. Svvapst povov vpustgor’ amoroun e 6TV T
E®, mpodaguofovea 8t avtfj § @M. Opolwg 6% Jdel-
topev, Ot xei ) @N avri} meoswguols vjj dee dmo-
voufi @Ady xal &idy mgosaguils svPela Svvdus povor
cuppcToog ovox T OAy” Omee fotly ddvvavov.

Ty foa péong dmovoufj dsvrépe ple wovov meod-

1. EM] (alt) ENL?, ME b, 2 lovivL. 3. dlgdeaV.
és:tv] L, comp. Fb, ol PBY. 4. w6 O H] om. L, m.
ort& L, comp Fb, éoxt PBY. 6 loetw L. 7,

} in ras uavppstpoi F, sed corr. 9. éovdy L, &ou
dor 10. doduperoor — 1. TB] m. 2 V. 10. Zaxt
xef B. 11, AI'] (prius) ¢ (non F, habuit B). 18. éeuw P.
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et rectae EZ longitudine incommensurabilis [prop.
XXII]. rursus quoniam 4I'>< I'B medium est, etiam
2 A > I'B medium est [prop. XXIII coroll}, ét
@H =24 >=<TIB. itagque etiam @H medium est
et rectae rationali EZ adplicatum est latitudinem ef-
ficiens @M, itaque @M rationalis est et rectae EZ
longitudine incommensurabilia {prop. XXII]. et quon-
iam 4TI, I'B potentia tantum commensurabiles sunt
4TI et I'B longitudine incommensurabiles sunt. uerum
AD:TB= AT"?: AT > I'"B [prop. XXI coroll.]. quare
AI? et AT >< I'B incommensurabilia sunt [prop. XI).
uerum A I'%, 4T} I'B* commensurabilia, et 4 I'><I'B,
24T >< I'B commensurabilia. quare A4I™ 4 I'B3,
2 A" >< I'B incommensurahilia sunt [prop. XIII]. est
antem EH=AI" 4 I'B', H® =2 AT'>I'B. itaque
EH, 6 H incommensurabilia sunt. est autem EH:0H
=EM:®@M [V], 1]. Haque EM, M® longitudine in-
commensurabiles sunt [prop. XI]. et utraque rationalis
est. quare EM, M@ rationales sunt potentia tantum
commensurabiles. itague E& apotome eat [prop. LXXIII},
ei autem congrnens @M. iam similiter demonstrabimus,
etiam @N ei congruere. itaque apotomae rectae di-
uersae congruunt potentia tantum toti commensurabiles;
quod fieri non potest [prop. LXXIX].

Ergo mediae apotomae secundae una tantum recta

15. éouy P.  17. HO] in ras. V. EH] mut. in HE m.
1V, HE Bbh. 18. zd¢] (alt.) om. b. 19. M@] in ras. m.
1B, 8M P. 20. dga] postea ins. m. 1 V.  21. elot] om. g.

wpperpm] -o: e corT. P, 28. ON] N in ras. V.  =mpoo-
CQuoTTEL V. uwo:o,uy ; E@ V. 24. povor] supra ser.

m, 1 F. 25, omep £forly dddveroy] om. V. 26. uéoy
BFVb. .
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cpudlse sbdele pfoy Svvdper pdvov ovuusTeos ovE
vfj oAy, peve O vijg OAng uéoov meguéyoven: omep £det
dettor.

x8’.

b Th éideeov: uin y.ovov mpocapuofel evdela
dvvape udfuy.,uerpog ovda t'ﬂ olﬂ Woi0vde psra
Thg GAqg T piv x v@v dx’ avrdy tsToRyBYOV
¢nrov, 10 8¢ dlg o7’ avrdv ufeov.

"Eeto % éAdocsav v 4B, xel tij AB mgosapudfoven

10 éovw 7 BI™ ol dpa AT, I'B dvvaus slolv aoduusroor
xowovoar TO piv ovpxsipEvov dx TG &n’ atrov TETpa-
yavov ¢yrdv, 16 6k dig On’ adrav péeov' Adym, Bri
ti] A B érépe s0deln ov mpodagudds Ta adra moiovow.

El yeg Svvavdy, mpoosapuoléte § B4 xel af A4,

16 4B &pa Ovvipe stolv devupergor moiovoat To mgo-
apnuéve. xel énel, ¢ vmepéye va dmd tov A4, AB
oy and v AL, I'B, tovte Omepéyer xal 7o 8lg
vno vy A4, AB vov d‘lg vno tov AI, I'B; ze 8%
ant rov Ad, AB TETQAYOVE TOY and téy AT, I'B

20 TeTpaydvOy xepéye fure: fyra ydg daviy dugdrepa’
xel T0 Olg vmo vav A4, AB o roi dig Tmd ThdV
AT, I'B l'm.ags'xu ¢nvei: Bmep dotly advvavow: pa’da
yeo fonv augirepa.

Tq upu éidogo: pia udvov mgoomoudfe: evﬂeﬂx

25 duvvduer aeUpustoog ovoe i Oy xal motovow ra p?m
1. eideia — pévosr] om. P. 2. dmep 36 driken] co

P, om, BFVb. 4. nf”| corr.exny’' F. 6. povnV ,tumrn:s

9. ] (prius) ins. m. 2 F. 10. uqa] supra scr. m. 1 V

odupsreos F. 13, fj] corr. éx % m. 2 F. frépar ev-

Pelox T, w@omgpofu% 14. xal] om. B.  of] om. b.

15. Ante eloiv ras. 4 litt. V. t¢] 70 V, et F, corr. m. 2.

ngosienpéve] uiv dmé thy 4d, 4B (m 2 F) terqa-ymya
{-yovey FV) dua $nedr, o 8t &lg ome thy Ad, 4B ploow
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media congruit potentia tentum toti commensurabilis,
cum tota autem spatium medium comprehendens; quod
erat demonstrandum.

LXXXII.

Rectae minori una tantumn recta potentia toti in-
commensurabilis congruit cum tota efficiens summam
quadratorum rationalem, rectangulum autem duplum
medium,.

Sit 4B minor, et rectae 4B congruat BI. itague
AT, I'B potentia incommensurabiles sunt efficientes
4 B r 4 summam quadratorum ratio-
b ' i nalem, rectangulum autem da-
plum medium [prop. LXXVI]. dico, rectae 4B nullam
aliam rectam congruere eadem efficientem.

nam si fieri potest, congruat B. itaque efiam

AAd, AB potentia incommensurabiles sunt efficientes,
quae diximus [prop. LXXVI]. et quoniam est {II, T,
cfr. p. 238, 7 sq]
(4P + AB?) = (AT*+ TB?) =2 A 4>< AB -2 AT < I'B,
et 44 4 4B* excedit 4™ |- I’'B? spatio rationali
(nam utraque rationalia sunt), etiam 2 44 >< 4B
excedit 2 A" >< I'B spatio rationali; quod fieri non
potest {prop. XXVI]; nam utrumque mediom est.

Ergo rectae minori una tantum recta congruit po-
tentia toti incommensurabilis et cum tota efficiens

Theon (BFVDb). 16. za] in ras, m, 1 P, 17. ¢é] ta B;
o F, sed corr. m. 1. 18. tmo — §¢] mg. m. 2 B, vob
— 19, dBlecorr.m. 1F. 19, 44] decorr.m. 1 V. 20
dmegéysr] m. 2 B, elomw b, 21, dpe] m. 2 B, om. FVbh,

23, fomv] m. 2 F. 24, &pu] om. %‘ Ante ufn del. k]
AB m. 2 Edvn V. 85. dvvdper pdvey FVb. ovp-
HeTQOg FVb, et B, corr. m. 2.  wef] om. V., zd] 26 PFV.
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dx’ adrov rerpaymva Epa $ytdv, o 8t dlg In’ adrov
uéeov: Omep e detba.

=y’

Ti pera ¢nrov pédov 7o GAov ato:.odo‘n ule
p,ovov xgoaapp.ogsa VP sia Svvdpse uo"u.upezpog
ovea vfj Ay, pera O 'n]g o.’.qg wOLODOX TO Piv
svyxelpcvoy €x TOY G avTAY TETQAYRVLY
pfaov, o 0k dlg vn’ adrdv ¢yrdw.

"Eevew 7 pera dyvov péoov ©d SAov mowotoe §) AB,
xexl ©fj AB mpoeupuolérm % BI" af dga AL, I'B
dvvdper eloly dovuusTEoL WotoUowr TR meoxslpeve:
Adyw, Ore Tt AB érdpe ot mgoowpudos o avra
moLovo.

El yeg dvvarov, mgodepuolizm § B4 xal of A4,
4B dpa evdsiar dvvduer eloly aevppsrgor moroboar
1@ mpoxelpeva. Inel ody, ¢ tmeeéyeL Td dmd T A d,
4B vdv ané tdv AT, I'B, tovrep vmspéys xal o
dly tmo toy A4, AB rov dlg vmo v A, I'B
axolovdwg tols med avrot, To 8t dlg Tmd rdv Ad,
4B vov dlg vaé v AT, I'B dmsgége dnpre- v
pap foTwv auporspe” xol td and tov Ad, AB dpa
vav dno tdv AT, I'B vmepéyee ¢yt omsp Zoriy
advvaror péoa yag éorwv aupdrega. ovx dgo 1 AB
érépu mpocaguice. svdela Svvdust dovpusrgos ovow

R2 tsrquymvov P, utoaywvwv V et F, corr. m, 2.  Post
énrov add. pere vig olm V. 2, omq 8a: deiket] comp. P,
om. BFVbh., 3. =6’ F. 4 pera tov V. Post é'mov add,
we{m, 2 F. 5. poyn V.  10. xal v5 AB] om, mgoo-
wppd fovon Vb, npogagpsfovon 8! B, «a¢ otwo'u F 11, T
:zpoxe{p.em} ta iy tmyxs[pwvtw * @Y af;ro QY AI‘ I'B te-
tonydvoy pésov, 10 8k dlg dmé vdv AT, I'B ¢nray Theon



ELEMENTORUM LIBER X, 249

summam guadratorum rationalem, rectangulum autem
duplum medium; quod erat demonstrandum.

LXXXIIL

Rectae cum rationali totum medium efficienti una
tantum recta congruit potentia toti incommensurabilis,
cum tota avtem summam quadratorum mediam efficiens,
rectangulum autem duplum rationale.

Sit 4B recta cum rationali totum medium efficiens,
et rectae 4B congruat BI. itaque AT, I'B potentia
4 B incommensurabiles sunt propo-
| ! — pita efficientes [prop. LXXVII].
dico, rectae 4B nullam aliam congruere eadem effi-
cientem.

nam si fieri potest, congruat B4. itaque etiam
A4, AB rectae potentia incommensurabiles sunt pro-
posita efficientes [prop. LXXVII]. iam quoniam, sicut
in priore propositione [p. 246, 16 sq.]

(AL + ABY) (Al 4 T BY) =2 4 4>< AB~+2 A< B,
et 244 >< 4B excedit 2 4I" > I'B spatio rationali
(nam utrumque rationale est), etiam 4.4% -4 4B ex-
cedit AI™ 4 I'B® spatio rationali; quod fieri non
potest; nam utraque media sunt [prop. XXVI]. itaque
rectae 4B nulla alia recta congruet potentia toti in-
commensurabilis, cum tota sutem efficiens, quae dixi-

(BFVD), 12, 1éyw — 16. zpoxedgeve] om. P, 12. radre V.
14. Adg 4 e corr.m. 1 b, 16, t& meonslpsve] 10 phv cvy-

nalpevoy Ex Ty amo tov Ad, JB riteaydvay pieor, 16 6

dlg dmé vay Ad, 4B (4B, B4 ) dnedy Theon (BF VL), za]

corr. ex =0 F,  18. Post I'B uacat una linea et spat. 6 litt. b.
21. donw] om. V, m. 2 F. 23. yop elowr V.



250 STOIXEIRN .

tj Ody, peva & tig Odng mowovow ta meosignuive”
plo dge povov mpodupudds' omep E0& deifar.
zd’.
Ty peve pédov pédov 6 Glov moroday pula

b povy mpodupudler sUdsla Svvdues dovppsrpog
ovon Tf) 0Ay, pera OF vHg OAns motodow T4 Te
cvyxsipevor éx TeY an’ alT@V TETQRYBVOV
pgéoov 10 t& dlg o’ avrdv pidov xal it eadp-
pETeov T ovyxetpdve éx tdy ax alrdr.

10 “Eetw 7 psra uéodov péoov vd Sdov mowodion ) A B,
ngoswpudfoven &t avrij % BI™ af dga ATy I'B dv-
veue sL6ly dOVRpETQOL Torolidar T wpoegnufve. Léya,
ote v} AB érdpa oV mpoomeudci moiovGH Ta HQOsL-
onueve.

16 Ei pdp dvvardv, mgodaguolétm % BA, dore xal

. tag Ad, AB Svvdus acvupéroovs slvar moioveag Td
T dnd 1Oy AA, AB rerpdyova Gpoe udeov xal o
dlg Umd 1y A, 4B ploov xal Fri va and vdy A4,
A B aodppstoe 1l dlg o v A4, AB" xal dexelode

20 énre) 1 EZ, xod voig pdv anwd tav AT, I'B leov mage:

v EZ mapafefiiodo v6 EH midvog moioty tiw

1. ta& mgoewpnpéve] 1o piyv ovyxelpevoy 2w zdv dm’ ebrdy
TTpaydroy pédov, 10 0k dlg O=' wdrdy ¢nréy Theon (BF VD).
2. pla dou] off Ega peva §nrod uicov 16 Slov woravepy pin
BVb et F, om. ple. mposweuafes Vb, wal ta é7g F.  oxsp
#3ee dsikoe] comp, P, om, BFVb., 8. nd']sicm 2 F. 5.
povoy BFb. Post dvyaper del. povor m, 1 P, 8, 16,1.13
#et v6 Theon (BF VD), b0 zay b. covppetgos F, e
corr. 9. 70 ovyxeduevor du tdv &%’ avray vo dlg vx’ adrav
Theon (BFVh). 11, wdzf] om. Theon (BFVDb). 12 za
moozignpéve] £d te (uév T) dvyxsluevoy §x rav dx odcdy re-
Teaysvey péoov xal w0 Ol vmd tdv AL, I'B (%’ avedr V)

péooy, En (corr. ex dore F} &t v dno cav AT, I'B rerpayora
(vd add. F) covpperge td dlg txd tdy AT, I' B Theon (BF VD),
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mus. ergo una tantum congruet; quod erat demon-

strandum.
LXXXIV,

Rectae cum medio totum medium efficienti una
tantum congruit recta potentia toti incommensurabilis,
cum tota autem efficiens summam guadratorum mediam
et duplum rectangulom medium praetereaque summae
quadratorum incommensurabile,

4 B r o4 Sit 4 B recta cum medio
= ! ! totum medium eofficiens, el
E & M N autem congruens BI itaque
A'; I'B potentia incom-
mensurabiles sunt efficien-
tes, quae diximus [prop.
z 4 H I LXXVII]. dico, rectae 4B
nullam aliam congruere efficientem, quae diximus,
nam =i fieri potest, congruat B, ita ut etiam
A4, AB potentia incommensurabiles sint efficientes
A A4 4B medinum et 2 44>< 4B medium et prae-
terea A4 4 AB%, 2 44 5< 4B incommensurabilia
[prop. LXXVIII]. et ponatur rationalis EZ, et qua-
dratis A" 4 I'B® aequale rectae EZ adplicetur £H
latitudinem efficiens E M, spatio antem 2 4I'>< I'B ae-
quale rectae EZ adplicetur @H latitudinem efficiens ® M.

13, Post mpoonppdosr add. Theon: dvvaps acwp €700 ofioa
1:7] 01% peze 0% tig odng (BFVDL).  mpostpnuévea] -si- in ras.
meoxe/ueve Theon (BF VD)., 16, slver davppévgovs
BFV slovy davup. b. o 7¢] vo e P, o péy BED, o ==
wynszpsvov ecorr, V. 17. dwo] éx V. Ad, 4B] in ras. V.
ﬂtoayawow PetV (eupra -wv raa. est). a;wt] Eupra ger. V.
;lupm ser. V. 18. vm6 — JB] 97’ owmv V. ot
om. 19. Post 4B del. m. 2 :stpwyfnm V. dodppszooy P
20. roig] corr. ex rodg m. 1
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EM, vg 6% 6lg vmd vov AT, I'B loov nage vy EZ
nopefiflijodo 10 @ H widrog mowoty tiy O M* Aoumdy
dpa ©6 dmwd tiig AB loov Zovl v EA" 7 dee AB
dvvarer 0 Ed. adlwv volg and vov A4, 4B lsov
nope tyy EZ megafefliodeo to EI midvog moiody
iy EN. Zor 0t xel to dno tijg AB leov v EA-
Zoumdy Gpu 16 dlg vmd tov A4, 4B loov [dorl] 1g
@1, xol émel uéioov dotl 1o ovyxslpsvov éx tov dmd
tav AT, I'B xal éevwv lgov v¢ EH, pécov dga fori
xal ©o EH. xal mape dneny tiv EZ nagdxervos wAdtog
motovy Ty EM: $qoy dea dorlv §) EM xol dovg-
usrgog v5j EZ pijxer. mddw, émel pégov latl o dlg
vno tév AT, I'B xai doviv lsov tp OH, péoov Zen
xei 10 @H ael mepd ¢nviy tiy EZ nmapdxeatoc
mAdrog mototv oy @M Jyryy dpo dotviv § OM xal
aovupergos v EZ pijxet. xel émel aodpperpd fovi
to and vdv A1, I'B @ dlg vmo rov AT, I'B, acip-
pergoy éove xal vo EH v O H' aovppsroog doe fari
xal 7 EM vff MO uajxei, xof elow dupitegue ¢nrvel
of dga EM, M@ ¢gyral sior Svvduse povov cvppergor
axorouy ége éforly 7 E®, mposaguotovea 8% avry %
OM. opoclwg O detbouey, Ot ) E@ mdlv dmovous]
doriv, zpocaguofovoe Ok avry § O@N. ti dga dmorous;
&AAy el dAAy mpoowpuiles gyra Svvdps pudvov olp-
jleTgog oveaw T3 0Ay Omep £0elydn advverov. olx doa
tj] AB étépe mgoodapuice VP ele.

L mope — 2. xapaﬁeﬂlﬂa&m] dopoiofo V. 2. H® B,
M@ inras. V, BN F. iotméy — 6. EN]J mg. m. 1 F. 4.
toig pév P. 6. o] bis V. 7. Zge/] doviv P, om. FVh,
m. 2 B. 9. o] 6 F. y.eaav — 10. EH] mg. m. 2 V
om. wal. 13. t¢] corr.ex vo V, 6 F. OH] HO F. 15,
dnr — OM] mg. m. 1 P (fori m) 17. dodgpergoy — 1B,
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itaque reliquum [II, 7] 4B%®=E.4. quare 4B =patio
E_1 aequalis est quadrata. rursus quadratis 4 4% - 4 B*
aequale.rectae EZ adplicetur EI latitudinem efficiens
EN. uerum etiam 4B*= E 4. itaque reliquum [II, 7]
244> 4B =61,
et quoniam 41+ I'B® medium est, et 4T 4 I'B*==EH,
etiam EH medium est. et rectae rationali EZ adpli-
catum est latitudinem efficiens EM. itaque EM ra-
tionalis est et rectae EZ longitudine incommensura-
bilis [prop. XXII]. rursus quoniam medium est
2A4I'<T'B, ¢t 2 A'>< I'B =@ H, etiam ® H medium
est. ef rationali EZ adplicatum est latitudinem efficiens
@M. itaque ®M rationalis est et rectae EZ longi-
tudine incommensurabilis [prop. XXII]. et quoniam
AI'*4-I'B? et 2 4T'><I'B incommensurabilia sunt,
etiam EH, ®H incommensurabilia sunt. itaque etiam
EM, MO longitudine incommensurabiles sunt [VI, 1
prop. XI]. et utraque rationalis est. itaque EM, M@
rationales sunt potentia tanium commensurabiles. quare
E® apotome est [prop. LXXIII] et &M ei congruens.
iam similiter demonstrabimus, rursus E@® apotomen
esse, ei autem congruentem ®N. itaque apotomae
dinersae rectae congruunt potentia tantum toti com-
mensurabiles; quod demonstratum est fieri non posse
[prop. LXXIX]. itaque rectae 4B nulla alia recta
congruet.

OH]mg.m.1V. 18 d&pu fos/ BFb. OH] H&' F. oy

PB." 19. pyxec] om. b.  21. mposeguorrovea V. 22, QMl

HO D, et ¥, corr. ex M®. 23 dou PBY, comp.Fb. 24 xa

ocl.l‘n %;11:1; B. ] m 2B, 25. ddtvaror d8elyiin V.
ost 4B del w&em m 1V, meocapudfsr b.
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wodp. B’. 'Eov 8¢ 1) mgoompudloven ovpusrpos 7 T éx-
netpévy $nrg yﬁuu, xal 7 31.1] e szpodaoy.ogmiﬁﬂg
petlov Odvmrer v amo ovppérpov fevtf, xelsiodm
'% fur_gmu_dmm
15 ‘Eév 8t pndetégn ovuustgog ) i Sxxstuévy
1]1";7 pixer, 1 0F OAy tijg mpodaguofovions metfov du-
viTar 16 amnd Svppfrgov fevti], xelslofm amorouy
Pag. piry
¢'. Hdlw, dov n 6An tig meocapuotovens weifov
20 dvvyTar TG amo dovpuireov favrf [mixsd), dev pdv
% 8An odppevgog 3 ©ij Exxeipévy Gy pixer, xolelodm
Ko, dmoropy verd
ﬁ‘nf.\ &¢. 'Eav 8} 7 mpogagudboven, miumry. -
k& % - §. Eav 0} pyderdpe, ixty,

1 powy V. ngomppous; BFYV. 3. za] om. b, w P.
tetgayovoy P. péoe V. 4. wal é’zg] £r.ze BFVh. 5.
85} om. b.  avzds] eras. B.  8mee &ds Seifes] om. BY.
6. ogmrpc'-rm,]PV mg m. 2 B, om. F; we’ b, mg. m, 2 B,
numeros ow. codd. 7. 1;] om. B. 8. ddvara ¢. dobp-
uérgoy BV, sed corr, 9. n] sopra scr. m. 1 b, om, V. 11,
V. 12. ol % — 138, favtf] om. Fb, mg. m. 2 B. 12,
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Ergo rectae 4B una tanturn congruit recta potentia
toti incommensurabilis, eum tota autem efficiens sum-
mam guadratorom mediam et duplum rectangulum me-
dium praetereaque summam guadratorum duplo rectan-
gulo incommensurabilem; quod erat demomstrandum.

Definitiones tertiae.

1. Datiz recta ratiopali et apotome, si tots qua-
drata congruentem excedit quadrato rectae sibi com-
mensurabilis, et tota rationali propositae longitudine
commensurabilis est, wocetur apotome prima.

2. Sin congruens rationali propositae longitudine
commensurabilis est, et tota quadrata congruentem
excedit quadrato rectae sibi commensurabilis, uocetur
apotome secunda.

3. Bin neutra rationali propositae longitedine com-
mensurabilis est, et tota quadrata congruentem excedit
quadrato rectae sibi commensurabilis, uocetur apotome
tertia.

4. Rursus si®tota quadrata congruentem excedit
quadrato rectae sibi incommensurabilis, si tota rationali
propositae longitudine commensurabilis est, uocetur
apotome quarta.

5. Sin congruens ei commensurabilis est, quinta.

6. Sin nentra, sexta.

#eel] supra ser. m. 1 V, 18. dvvarae PV.  Post xaleiobo
ras. 2 litt. V., 16. £ V. 16. ) &k 6in — 17. favej] om.
Fb, m. 2 B. 16. dvwerer V. 19. 9] m. 2 B. il meoe-
aqp.of;awm B, sed corr. (ante z7j: ras. 1 litt). 20, ov lu-stgov
B, corr, m, 2. pijxe:] om. P, pév] supra ser. m. 1 21.
7';] m 2B, 24 -pax & in ras. m. 1 P
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Elgziv Ty mpdrny anoropiv.

Exxeiodo fnry n A, nal v A pijxse 6vppcrgog
forw 1) BH" $nyony &pe éorl el ) BH. xal dxxelofocov
dvo revgeymvor apiduol of AE, EZ, dv % Umegoyy 6
Z A4 piy Eorw tergayoveg ovd Heu 6 Ed medg tov
AZ Aoyov &q8i, Ov TveTpdymvog agiduds wEOg TETQM-
yovov dgidudv. xal memoujefw wg & Ed meog vov
AZ, otrog td ano vig BH retgayovor mgog t0 amd
viig HI wetgdpovov: odppergov dga fovl 0 axd rijg
BH ¢ emd tfg HI. {gnrov 6% w0 dmd ijg BH-
dnrov doa xal vo and tig HI™ gnry dpe fotl xal 7
HI. =zl met 6 EA mpog wov AZ Adyov ovx e,
Ov teTpdymvog apidudg medg TETpdywYOY doiiudy, 004’
&g 70 awo vig BH mpog 10 axd viig HI" idyov Fye,
Ov terpdymvos GouBuds meds vevgdywvov deududy-
aovppcrgog doa fovly v BH v HI pixer. ol siow
apgdtseas fyval” of BH, HI' dga nrel sioe dvvdps:
uovov @duusrgos’ 1 dge BIT dmotous] fotwy.

Aéyo 04, 81 xal mowTy. .

Qo pap ueitov dori vo amd rviig BH rob dmd tijg
HT, form 10 amd vijg @. xal émel éoviv dg 6 EA
ngog vov Z.d4, ovrwg 10 dmwd tiig BH a:gbg v0 @md
m;g HT, »al amxarpewpnwu doa dotly mg 6 4E mgog
rov EZ, obrwg 10 and g HB mwedg TO amo 'mg @,

1. wz') om. BFb. 3. gyeij] m. 2 B, pojwae] om. V. 4.
fote] foree F, corr. m. 1; fora grjxs V., sriv P. BH
corr. ex HB V. ®. 'q]mﬂF 6. 4Z BVbh. odx FV.

1. 42] 24" F. 8. mewoslobo F. 4] m. 2F, 10.
Tergayover] om, V. ovgusrog V, corr, m. 1. dovly V,
11. HB HI'} supra ser. @ b &r F, sed corr. (2).

énroy — BH] m. 2 B. 13. HI'] in ras. V corr. ex Id
m 1bh 14, gprbpds] om. V. dotfpdr] om. V. 0084
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LXXXYV,

Inuenire apotomen primam.

Ponatur rationalis 4, et rectae A longitudine com-
mensurabilis sit BH. itaque etiam B H rationalis est.
et ponantur duo numeri quadrati 4#E, EZ, quorum
. B T H differentia Z4 quadratus

‘ o ' numerns mne sit [prop.
® "5 % T4 XXVII lemma Ij. itaque
E 4: AZ rationem non habet, quam numerus quadratus
ad numerum quadratum, et fiast E4: 4Z — BH®: HI"®
[prop. VI coroll.]. itaque BH?, HI'™ commensurabilia
sunt [prop. VI]. uwerum BH? rationale est. itaque
etiam HI™ rationale est. guare etiam HI rationalis
est. et quoniam E.f: 4Z rationem non habet, quam
numerus quadratus ad numerum quadratom, ne BH?®
quidem ad HI™ rationem habet, quam numerus gua-
dratus ad numerum quadratum. itaque BH, HI lon-
gitudine incommensurabiles sunt. et utraque rationalis
est. itaque BH, HI rationales sunt potentia tantum
commmensurabiles. ergo BI"apotome est [prop. LXXIII],

Iam dico, eandem primam esse.

sit enim @ = BH®*—+ HI™® [prop. XIII lemma]. et
quoniam est

Ed4:Z4= BH®: HI',
etiam conuertendo [V, 19 coroll.] est
AdE:EZ = HB*: @&,
verum AE: EZ rationem habet, quam numerus qua-
dratus ad numerum quadratum; nam uterque quadratus

FVb. 15, dge] supra scr. m. 1 V. HI] e corr. V. 1T

BH]HBg. 18 elow P.  19. dors V, comp. b, sloc comp. ¢.
22, ] in spat, 2 litt. 9. EA] JE V. 28 zé»] 1o (g
42 BVY, 24, 4E] in ras. m. 1 P.

Euclides, odd. Hoiberg et Menge. IIL b
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6 0t AE mpdg tov EZ Adyov &ga, Ov verpaymvog
doiduds mpds verpdpavor agudpdy: Exdregog pag Te-
Todyovds foriv' wal 10 amd tig HB dpe meds o
amo tijg @ Adyov Eyei, ov rerpdywvog aguudg meds
revpdymvoy douBudy® dvppstgog dga forly % BH
@ wixer. xel dvvere: 7 BH vijg HI petfov vg ano
tijg ® % BH &pe vijg HI' pstfov dvverar v¢ dmo
ovppérgov feved pijxe.. xel oty % 6Ay % BH evu-
pereog Ty fxxspévy fyrhi pixsr 1 4. §) B dpe
dmotout] 0Tt mpwTy.

Evonras dpa ) meary amoropy n BI" Omsp #dse
svpely. '

’

g .

Evgeiv tyv dsvrépav amotopv,

‘Exxeiofo §yzy 1 A xol tf 4 ovpucrgog puxst
7 HI. $nuyy dpa fotlv §) HI. xal duxsloBooay dvo
verpdyovoi apibuol of A4E, EZ, dv % vmeqoyy 6 42
uy oo TeTpaymvog. xal memonjofw wg 0 Z 4 meog Tov
AE, otrag 16 and vijs I'H tsrpdymvor meds ©d and tijg
HB revpdyovor. ovppetgov dpa éorl 16 axd vijg I'H te-
roayovor 16 &nd vijg HB rerpayove. yrov 0t vd dno
tiig ['H. ¢nvdv dpa [{ovl) xal 7o and viic HB" fney dox
doriv 4 BH. xal éxel 10 dnd tije HI terpdyovoy mpog tod
end tijg HB Aéyov ovx £yer, 0v TsTpdymvog dgidpos mgog
tergayovoy apidudy, devuusteds dovww f§ I'H v HB
prixer.  xel elow augpireoes ¢yrel of T'H, HB dga

1. EZ])inras. V. Postidyordel. odxF. 2 rupaymvog]
verpdyawor F, sed corr. 8. fove PBV, comp, Fb.  doe] om. g,
4@}H9b 5. BH] HB P, ﬁrr;c]mb 79?
©H b; HO. 5y F. 8. dovppérgov P, et eras. ¢- V. g
(prins) om BVb., 9 pzjxu] om, F. ¢ 4 pijxee BV, 18,
%] om. F, in figura =e’. 14 z»] supra ser. m. 1 P, 15.
dovpuerpog P, corr. m. rec.; ovupetgos foro V, 16, Zozly
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est. itaque etiam HB®: &* rationem habet, quam nu-
merus quadratus ad numerum quadratum. quare BH, ®
longitudine commensurabiles sunt [prop. IX]. est
sutem BH? «— HI® — &% ilaque BH quadrata ex-
cedit HI" quadrato rectae sibi longitudine commensu-
rabilis. et tota BH rationali propositae 4 commen-
surabilis est. itaque BI" apotome prima est [deff.
tert, 1].

Ergo inuenta est BI" apotome prima; quod erat in-

ueniendum.
LXXXVI.

Inuenire apotomen secundam.

Ponatur rationalis A et rectae 4 longitudine com-
mensurabilis HI. ifaque HI rationalis est. et po-
nantur duo numeri quadrati 4E, EZ, quorum differentia
AZ numerns gquadratus ne sit [prop. XXVIII lemma IJ.
et fiat Zo4: 4E=TH?: HB® [prop. VI coroll.]. itaque
T'H®, HB? commensurabilia sunt [prop. VI] uerum
I'H? rationale est. quare etiam HB? ratio nale est.
itaque etiam B H rationalis est. et quoniam HI'*: HB*
rationem non habet, quam

— numerus quadratus ad nume-
B r H rom quadratum, I'H et HB
2] longitudine incommensurabiles
lg;__; 4 sunt [prop. IX]. et utraque
Et et— rationalis est. itaque I'H, HB

xal § P. 17, rerpdyeorvos] om. F, ine. m. 2 ante dve, EP]
7 V. 18, memorsfoba F.© 4Z FVbh., 20, avppergog P,
corr. m. ree, 21. rsrqaydve] om. V. 22, dori] om. BFV
25. fortr] doo ¥ borww (sic) b, &ow farlv V; oo add. m. 2 F.
HEB] BH BF.,  26. pijus] © corr, V. HE] B e corr. V.,
o] om. Py,
11*



260 : ITOIXEIQN .,

$rrel slor Svvdper uévov ovpuergort 3y BIT &po amo-
Topy foTiv.
Aéyw 83, on xol devrépa,
@ pag petfov dor 7O amd tijg BH rob amd tig
5 HI, {orw ©o and vijg O. émel odv dorww dg ©o amd
g BH modg o dno wijg HI, otrwg 6 EA agudpds
medg tov AZ epbudy, dvadredparvri fpa Zfotly dg
0 dmd t5ig BH medg t0 amo s @, olrag 6 AE
nwgog tov EZ. =xal Zoviy fxarvegog tov JE, EZ te-
10 Tpdywvos' 10 dge amd tig BH mpos 16 ¢nd iz @
Adyov s, ov terpaymvog aidpds medg TETQEY@YOV
apududy’ odupergog dge éotlv % BH tff @ pojxs. xal
Svvarer § BH tfig HI peifov v dnd i @ % BH
&pa tiic HI' petfov ddvaver t dmo ovppérgov éavrf
16 wipree. xel foviy % mpoongpdfoven 5 I'H fj éxxscpdvy
$nrij ovppergog vy 4. 1 BI doo dmotops] éovi devripe.
Ebgyrar dpa devrdpe amotopn 4 BI™ dmeg &z
dsike,
af’.
20  Evesly tyv rolryv amovouiy.
‘Exxzlofa ¢nvy 1 A, xol bunsloBwser voels doiduol
ol E, BI', I'4 Adyov pn ¥povres mpdg didrlovg, ov
TeTpdymvos deiBuds meds Tergdywmvoy agiiudv, o OF
I'B mgds vov B4 Adyov éyére, ov tsrpdyovog doidpog
2. &src PBY, comp. Fb. 8. &7] om. V., 6. detduds]
om, V. 7. dpdusy] om, V. 8, ofrwg] ¥ téw (corr. ex
w6) F. 6] supra ser, F. JE] Ed4 F, ~ 12. douvly] Zotl
pirer V. prinee] om. FVh, m. 2 B.  xal ddvorer] m. 2
supra ser. B, -vroe- inras. V, wef foniv Fb, Bm. 1. 18, ueffoy
Fb et B, sed corr. m. 2; seq. ras, 6 litt. V. t] in ras. m.
1B, vov b. zig] om. V. 5 BH — 14. cvppéreov] mg.

m. 1 V (ovppéroov etiem in textu). 14. dovppéreov b, corr.
m, ree. 15. odppergog tff duxewgdvy $nrg Theon (BF VD).
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rationales sunt potentia tantum commensurabiles. ergo
BI apotome est [prop. LXXIII].

Iam dico, eandem secundam esse.

sit enim @*== BT+ HI® {prop. XIII lemma}. iam

quoniamest pps. gt _ g4, 4z,

conuertendo [V, 19 coroll] erit BH?: @’ = AE:EZ
et uterque JE, EZ quadratus est. itaque BH®;@?
rationem habet, quam numerns quadratus ad nameram
quadratum. itaque BH, @ longitudine commenaurabiles
sunt [prop. IX]. et BH® - HI'* = ©* quare BH
quadrata excedit HI' quadrato rectae sibi longitudine
commensurabilis. et congruens I'H rationali propositae
A commensurabilis est. itaque BI' apotome est se-
cunda [deff. tert. 2].

Ergo inuenta est apotome secunda BI'; quod erat

demonstrandum,
LXXXVII.

Inuenire apotomen tertiam.

Ponatur rationalis .4, et ponantur tres numeri E,
BI', I'4 rationem inter se non habentes, quam nu-

4 merus quadratus ad numerum
—t quadratum, I'B autem ad BdA

z i H  rationem habeat, quam numerus
— K quadratus ad numernm quadra-
J VE tum, et fiat E: BI'= A%: ZH*®
B 4 r [prop. XXVIII lemma I}, et

1 BI':I'd=ZH*: H@ iam quon-

16. prxes 7f A Bb, tf A4 piner V. doa) dpo v F.
foruv PB,  17. dpa 7 ? BI'] g (de F non lgquet) gmq
&3z Be;ﬁm] o ot comp P, omee £dsr sboeiv V, om. Bb. 19,
#ns’ F (euan.). 21 5 i P. 22 I'd] corr.ex 4 m. 2 F.
24, I'B] corr. ex I‘A m. rec. b
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xQ0g TETEEYRYOY dQiBudy, xal mEmoviodw wg piv 6 E
npog tov BT, ofrwg 1o dwd rig A Tevpdywvoy 7Qog
7o &nd vig ZH vsvpdywvov, dg 08 0 BI mgog tov
I'd, otwag v0 amd vhs ZH rverpdpmvoy mpog td amd
tiig H®. insl odv éomv og & E mpdg tdv BT, otrag
td dxd tiig A vevgdywvov mwodg to amd vijg ZH ve-
Tedywvoy, ovupetpov deo €6l to amd vig A TEvQd-
yovoy 1 dxd tijg ZH vetpaydve. fyrov Ok vo dmd
tije A tevpdywvov. gurdy Fpa xal 1o amd tig ZH-

10 énr Goa doviv § ZH. xel émel & E mpds tov BIN

Adyov ovx &ger, Ov TeTpdymVOg dQII UG TQOS TETPdyDVOY
doiBudy, 008’ Fgx vo dwod tijg 4 terpdymvov mpds TO
and wijg ZH [revgdywvov] Adpov &ysi, Ov zergdymvog
agidudg weog TETEEYWYOY dQIdpoy” ddvupereog dec

16 dotlv 5 A off ZH prjuee. mddev, éxel éoviv og 0 BT

20

25

moog 10v I'd, ofrwg 76 dxd vig ZH terpdymvor mpog
o and g HO, ovppergov doa fovl 10 dnd tijg ZH
v and vig HO. §yrov 0t o dnd wvijs ZH- dnrdv
dpa xel 10 dxod vig HO' $nuy) dpa fotiv ) HO. xal
énel 6 BI' mpog tov I'd Adyov odx Eyee, Ov teTod-
yovos agiduds medg Tergdywvoy deududy, 'ovd’ dpa
%0 dnd g ZH meog 1o émd g HE loyov &ysi, ov
rerpaymvog apiiuds meds TeTpdymvoy duipdy: devp-
pergog Gpo dovlv 1 ZH tff HO wyxe. xal slow au-
porepor $nrel of ZH, HO® &po fyrel sley Svvdus:
povor euuuctgolt amorvony dpo fotiv 4 Z6.

Aéyer 81, ove nal Tolrn.

‘Exel pip otiv oog piv 6 E mgog rov BT, obrmg
70 awd vijs A vevpdywvov medg vd dwod vig ZH, og

1. memorelo®w F. 4. ZH] corr.ex AHF. 6. 4 zerga-
yovor] 4 V. 7. fox{jom. V. zetgaywvev] om. V. 8. ze-
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izm est E:BI = A%: ZH?, £ et ZH? commensura-
bilia sunt [prop. VI]. uerum .47 rationale est. itaque
etiam ZH?*® rationale est. quare ZH rationalis est.
et quoniam E: BI" rationem non habet, quam numerus
quadratus ad numerum quadratum, ne 4* guidem ad
ZH*® rationem habet, quam numerus quadratus ad
numerum quadratum. itaque 4, ZH longitudine in-
commensurabiles sunt [prop. IX]. rursus quoniam est
BI':T'A == ZH*: H6",

ZH*® et H®® commensurabilia sunt [prop. VI]. uerum
ZH:® rationale est; itague etiam H®® rationale est.
quare H® rationalis est. et quoniam BI': I'A rationem
non habet, quam numerus quadratus ad numerum
quadratum, ne ZH?® quidem ad H®® rationem habet,
quam numerus quadratus ad numerum quadratum.
quare ZH, H® longitudine incommensurabiles sunt
[prop. IX]. et utraque rationalis est. itaque ZH, H®
rationales sunt potentia tantum commensurabiles, ergo
Z® apotome est [prop. LXXIII]

Jam dico, eandem tertiam esse.

nam quoniam est E: Bl == A*:ZH® BITId =
ZH?:®H® ex aequo [V, 22] E: I'd = £ : 0H".

Toaywre] om. V. 34] dor, add. 3 m. 2, V, 9. reven-

yovor} om. V. 12 09dé b, 13 tatqayawow] om. P. 15,
;] corr. ex viig B, oig F. 16, tév] om. B. 17 HO] e

con'F 18:]u@osvoFb dméy — ZH] mg. m, 17V,
19, dee nel) mm ] — HO] mg. m. 1 g dorly

om. b. 21, oddé b. 22 1:2 (B-lt) supra ser. m, LF. H&

Heras. V. 24 ZH] HZ af — sio] mg. m. 2 B,

in textn of slon. eloiv P. 21 tqtm;] corr. ox §re m. 1 P.
28. ovrw B
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8% & BI mpog vov I'd, otrwg vo ané vijg ZH meog
70 and wiig @H, 0 loov dgu édotly g 6 E mpdg tov
I'4, ottmg v6 axd tiig A mpdg ©d amé i ®H. &
0t E mpdg wov I'd Adyov ovx Eye, ov révgaywvog
apuPude mpdg Tevedymvov deidudy: ovd dou to dmo
t7jg A mPog ¥0 amd vig HO Adyov &ya, Ov rergaymvog
apududs mpog TeTedywvor deubudy' dovpucrgog Hpa
% A v HO pijxee. ovderépn don tdv ZH, HO ovu-
pergog Zovs tff fxmeipdvy v vif A pixe. ¢ ody
peitov dore 16 and riig ZH vob amd g HO, fore
70 axd i K. émel odv dovv g 6 BT mpdg vov I'A4,
ovTag 10 ano vig ZH xgog 7o and g HO, dvadresé-
vovr dge dorlv wg 6 BI' mpds tov B4, oltmg 1o
axd iy ZH verpdywvov mpos 10 amo tijg K. 6 O
BI" mdg vov B4 idpov ¥xa, ov zergdyovos toiduog
wog TeTpdyovoy apiBudv: xel to axd g ZH dpe
medg vo and tig K Adyov &yei, Ov tetpdpmvog agibuds
mdg TevQuymvoy aguiudy. evpustels doa dotly ) ZH
o K wixee, xel Stvover 1 ZH tijg HO psitorv 16
and ovpufrpov favtf. xal ovderdpe Toy ZH, HO®
olppsrpog fore T éxxapivy urii tf A pixer % Z6
dpa dmorouy fave TpiTy).

Evonrar dga 1 voivy amotoun n ZO' Smep s
E T

ey’

Evgely Ty TeTd @Iy dwoTORT Y.

"Bxxelo®o fney 1 A xol tff A pijxse ovppergog
n BH' §$yry &pa éovt xal  BH, xul dunelocBwcor

1. zé¥] om, P, ot B. 3 OH] corr.ex HO V. 4.
wov Pd] corr. ex T’m, 2 F. 9. donw V. 11 BI'] ras. 2
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uerum E: I'4 rationem non habet, quam numerus qua-~
dratus ad numerum quadratum; itaque ne A* quidem
ad H@? rationem habet, quam numerus quadratus ad
numerum quadratum. quare 4, H® longitudine in-
commensurabiles sunt {prop. IX]. itaque neutra recta-
rum ZH, H® rationali propesitae 4 commensurabilis
est longitudine, iam sit ZH? -+ HE® == K? [prop. XIII
lemma). quoniam igitar est BI'; I'f == ZH?: H®®, conuer-
tendo [V, 19 eoroll] est BI': B4 =ZH®*: K% uerum
BI':B 4 rationem habet, quam numeras quadratus ad
numernm quadratom. itague etiam ZH?': K® rationem
habet, quam numerus quadratus ad numerum quadratum.
quare Z H, K longitudine commensurabiles sunt [prop.
1X], et ZH quadrata excedit H® quadrato rectae sibi
commensurabilis. et neutra rectarum Z H, H@ rationali
propositae 4 longitudine commensurabilis est. itaque
Z@ spotome est tertia [deff. tert. 3).

Ergo inuenta est apotome tertia Z&; quod erat
demonstrandum.

LXXXVIIL

Invenire apotomen gquartam.
Ponatur rationalis 4 et rectae o longitudine com-
mensurabilis BH. itaque etiam BH rationalis est.

litt. V, corr. ex BEF.  zév] om. P. I'd] eras. ¥V, corr.
ex I''m.1b, 12 to] (alt.) sopra ser. m. 1 b 18. BT
corr. ex I'B V. 15, mgoc] wedy P. 16, &ea] supra ser. F.
19. 1 K — ] ZH] mg. m. 1P, Poat geifor add. Theon:
6 amo tig K. 7 uqa ZH tic HO psitov Sdvarm &BVb F
mg m. 1). 28 7] om. FV.  zpfep] om. F.  omze E35,
deife:] comp. P, om. Bb. 24 dsifai] evprw Vo, 26 =f
F, et sic demceps 27, pn*tt b, 28. &¢ P, corr. m, 2.
foziy PBY, #al] (prive) corr. ex xe P, om. 'FV.
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dv0 dgiBuol of 4Z, ZE, dove tov JE Glov mgog
éxovegov tov AZ, EZ idyoy uvn éxev, ov TETpdyovog
dgiduds mpog TeTpdymvov agududy. xel memoujedo
og 0 4E modg vov EZ, ovtwg 16 axd viig BH 7s-
Tedywvoy meog T0 amd vhg HI™ ovppergov &go éorl
vl ano tijg BH 16 dnd vijg HI. §gyrov 0% £6 dmd
¢ BH' {$nyrov dga xel ©o axd vig HI™ {fyey &pu
éotiv 3 HI. xal émel 0 JE mpos vov EZ Adyov ovx
Eyet, Ov Tergayavog aeitpds mdg TeTpiymvoy aguiudy,
ovd” Zpa 16 amd tiig BH mpdg vd axd tijg HI idpov
Exet, OV teTpdyovos apidpds xdg tetpdyovoy aptdudy’
dovppsrgog doa fovly 7 BH off HI' pojxer. xel sliow
gugporegar onrel” of BH, HI toa $nrai slov Svvaps:
povoy GUpuETgor’ amovopy dpw foviv 3 BI

[4éyo 8%, St xai revdpry].

Qe ovv peitov fore 16 amd i BH vod dmd Tijg
HI, fotm 16 dxd vig ©. émel ovy oty g 6 AE
wgds tov EZ, obrmg v0 dmd tiig BH meds 16 amd
wfig HI', xal dvacrespavre &pu fovlv ag &6 EA xpodg
ov AZ, obreg vo axd tfig HB meds 0 dnd vijs 6.
0 0t Ed mpdg vov AZ Adpov ovx Eye, Ov Terpdyovos
agiduds meog Terpayavoy agududy' ovd’ &ge 1O Gmo
tij¢ HB mpog td eémd rfic @ Adyov &yer, Ov verpdymvog
aguiuds meog TETPdYVOY AQUINCY’ dovpusteeg Koo
dotlv % BH vfj @ prjxsi, xai Ovvares 7 BH vijg HI
peifov ¢ amd vijg @ % dee BH tijs HI' pstfor &v-
verer T omd dovppirgov favrf. xel dovwv 6in 5 BH
npac]2 oEr:nZ]wems II r lgl%" o:;,pr(z scx'4 }; oz] msé:&'leP et %
del. ». 8. doziv] dotl xal FV. 9. moog — 10. wijs (pnua)]

om. ¢ lacuna relicta, 9. doBpov] om. V. 10. ovdé b.
11. deiBpdg] om. V.  apebpdy] om, 12. Zoviv] om. FV.
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A

et ponantur duo numeri 4Z,
. . ZE, ita ut totus AE ad
a4 2 E utrumque 4Z, EZ rationem
non habeat, quam numerus quadratos ad numerum
quadratum. et fiat 4E: EZ = BH®: HI® [prop. VI
coroll). itaque BH3, HI? commensurabilia sunt
[prop. VI]. uerum BH?® rationale est. itaque etiam
HTI* rationale est. quare HI' rationalis est. ot
quoniam AE:EZ rationem non habet, quam numerus
quadratus ad numerum quadratum, ne BH? quidem
ad HI® rationem habet, quam numerus quadratus ad
numerum guadratum, quare BH, HI' longitudine in-
commensurabiles sunt [prop. IX]. et utraque ratio-
nalis est. itaque BH, HI rationales sunt potentia
tantum commensurabiles. ergo BI" apotome est [prop.
LXXIIT]. iam sit @ = BH®—— HI™ [prop. XI1I lemma).
quoniam igitur est 4E: EZ =B H?*; HI'?, etiam conuer-
tendo [V, 19 coroll.] est Ed: 4Z = BH*:®*. uerum
EA: AZ rationem non habet, quam numerus quadratus
ad numerum quadratum. itaque ne BH? quidem ad ®?
rationem habet, quam numerus quadratus ad numerum
quadratum. quare BH, @ longitudine incommensura-
biles sunt [prop. IX]. est autem BH® — HI® = @4,
itaque BH quadrata excedit HI' quadrato rectae sibi

B I H
@) 1

BH] un @ wixee] om. FV.  xal — 13. 7rel] mg. m.
1V. 18 slv P. 14, cvppergoy oix @. BI'] Be com. g,
BHP. 15 lyw — sverdery] om. PB, s/ @. = 87] om. V.

17. dorv] om. V. 18. moog 0¥ EZ] tod dwd g EZ b,
corr. mg, m. 1. ®gds to ] top b. 19, HI"] H in ras. m.
1B. avagrpfgpor p.  20. vdv] om. P, vé b. - BH V. 2L
Ed] 4 inmms. m.1B. 22 o0df Vb.  24. dorfpds] om. V.

dgu] in res. V. 25, BH) (alt) mut, ln HB Vf'l HE BFD,

27. ovppérgov b, corr. m. rec.  fawth gixe B. g 8lg4 V.
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ovppetgog T faxeupfvy dnui wixes v A. 1 dpa BIT
dmoroun €6ve terdpry.
Ebgnron &ee 1) verdery dxovous): dmeo E0e deitac.

nd’.

Edpetv tyv xépmeqy dworoudv.

‘ExxsioBe ¢nry 5 A, xei vfj A prxee edppergog
fotm 5 DH* §nqoi &g [lotlv) § TH. xal dxrelodocay
dvo agiduol of AZ, ZE, @ore tov AE mpdg éxdregov
v AZ, ZE ioyov madw py Sgev, Ov rergdyovog
epduds meds verpaywvor agidudy xal memoujodw
wg 0 ZE mpdg tov Ed, obrwg o amd wijg I'H mpds
10 and g HB) ¢gnrov dee xel 1o dnd g HB:
¢ty dox éorl xal 7 BH. xol émel édovwv dg 6 JE
7pos Tov EZ, oUrwg 16 dnd vijg BH mpdg 16 and vijg
HI', 6 0t AE mpog tov EZ Adyov odx &yer, Ov zs-
Teaywvog deiuds meos tevpdyawov doududy, ovd
age T0 awd vijg BH meog td dwd tig HI idpov Eya,
v rerpaymvog doutuds modg Terpaywvoy douBudy
davppergog doe dotly ) BH tff HI' pixe. xal slow
aupdrepur §nzel of BH, HI apa gnral sloe Svvdus
povor evupergor’ 1 BI Gpa amoropt dariv.

Aéye 01, fve nel wépmry.

Qo yag peitdy dovi vd dxd this BH rov dmo Thg
HT, ioto 16 and tijg @. émel ody dovww dg vd dmd
tiis BH mog v0 ano viig HI, otrwg 6 4E mpds wov

1. BIréeaB. 2. éarwwP. B 4lnalyF, 4B B, 8xee
£dzr Geifar] comp. P, om. BFVD, 7. éovév] om. P. 8.
ZE] EZF. 4E] AE inrtas. V. 9. wév] wov o. milwl
om. Fb. 10. memoiefedw F. 11. z6v] om. P. 12. Pos
HB add. ovppergoy dpa borl ©o dmo g HO (THV) 1o amd
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incommensurabilis. et tota BH rationali propositae
A commensurabilis est longitudine. itaque BI” apo-
tome est quarta [deff. tert. 4]

Ergo inuenta est quarta apotome; quod erat de-

monstrandum.
LXXXIX.

Inuenire apotomen quintam.

Ponatur rationalis 4, et rectae £ longitudine com-
mensurabilis sit I'H. itaque I'H rationalis est. et
ponantur duo numeri AJZ, ZE, ita ut
AE rursus ad neutrum numerorum A Z,
ZE rationem habeat, quam numerus qua-
dratus ad numerum quadratum. et fiat
ZE:EA=TH*:HB® itaque etiam HB?
rationale est [prop. VI]. quare eiiam
- ’ BH rationalis est. et quoniam est

1 AE:EZ — BH®: HI'?, et 4E:EZ rationem
non habet, quam numerus quadratus ad numerum qua-
dratum, ne BH? quidem ad HI'™ rationem habet, quam
numerus quadratus ad numerum quadratum. itaque
BH, HI" longitudine incommensurabiles sunt [prop.
IX]. et utraque rationalis est. quare BH, HI' ra-
tionales sunt potentia tantum commensurabiles. ergo
BI apotome est [prop. LXXIII].

Jam dico, eandem guintam esse,

git enim & = BH? «— HI™ [prop. XIII lemmal.
quoniam igitur est

BH®:HI*=J4E: EZ,
tiig BH. §ntov 8t ©6 dno wig TH b, mg. FV. gnrov — HBE]
mg. V &g — 13. ¢ner] om. P, 15. HI'} I’ in msa. V,

16. 068 dea] 0084 P, 18. zetedynvor) tetedymyos b, sed corr.
21. fove BV, comp. Fb. 26, H'—p. 270, 1. EZ] in raa. F.

7T TB T4

z

M
—
}j

1H -‘-E

@




10

15

20

25

270 ZTOIXEISN /.

EZ, avesrpépavre dgu fotlv ag 6 Ed meég vov A2,
otrmg o dno tig BH meog 1o dwo i ©. & 8t E4
mpds rov AZ Abyov olx e, Ov TeTpdymvog dgL¥pds
WPOg TETQUYMVOY apududy ovd’ &em TO awd viig BH
2pod3 TO and tijg @ Aoyov &ger, Ov tevpdywvog doiduds
mpog TErpdywvor coubudy' dovppergog dpa fotlv 1)
BH x5} © pixse. xol vvaver ) BH ijg HI' peifov
@ axd tig @ § HB &oa vijg HI' petbov dvvarm
T dmd dovppbrgov fevrf pijxse. xal oniv 7 mpoo-
appofovea 5 TH ovpperpos tf Sxxsudvy ¢nzf) tfj A
pijxer: 3 dga BI' dmovops; Z6te wépmen.

Efenrae dpa 7 méunry amorvops) 1 BI™ Gmsp Edat
sk,

q,

Edgelv iy fxrnv axoropiw.

‘Exxeiofo fyry 5§ A xal tesl; apiduol of E, BT,
L4 Abyov pn Eyovtes meds alinlovg, ov terpdymvog
apduds mpds revedynvov dpududy Ere 8% xal 6 I'B
mpog Tov B4 Adyov px éyétm, Ov tergdymvog apiduog
wPog TETPRYOVOY G@ududv xal mewoujodo wog iy &
E mpdg zov BI', obrwg td axd i A mpdg 16 dmod
tiic ZH, og 6% 6 BI mpdg tov I'd, oltog 10 o
tiic ZH npdg vo amd iy HE.

‘Emel ovv Zoniv dg 6 E mpog tov BI', oftwg o
ano tiic A mpog to dmd vig ZH, evuuctpov dga 1o
and tig A T ano tiig ZH. {$nrov 8% o dal s
A" gyrov dee xal to amd Thg ZH- §yuy dee éori xol

1. dvaoreéypev — 2. EJ] e corr. F. 1. foriv] om.
BFb. Ed] 4E P. 4 HBF, 7. ®| HO F. BH]
HB BFV. usitov] om. P. 8 doe HBV. BHP. d3v-

varad] om. V. 9. dovppérgov) ¢- inras. V, m. 2 B.  Ffevrj
dévater V, 10. Post I'H eras. xal ¢- V. 11, BI' dga b.
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conuertendo [V, 19 coroll] est ELS: 4Z — BH®: @,
uerom EA : AZ rationem non habet, quam numerus
quadratus ad numerum gquadratum. itagque ne BH?
quidem ad &® rationem habet, quam numerus quadratos
ad numernm quadratum, quare BH, @ longitudine
incommensurabiles sunt [prop. IX]. est autem
BH?® — HI® = 0%

itaque HB quadrata excedit HI' quadrato rectae sibi
incommensurabilis. et congruens I'H rationali pro-
positae 4 longitudine commensurabilis est. itague
BI' apotome est quinta [deff. tert. 5).

Ergo inuenta est upotome quinta BI'; quod erat
demonstrandum,

XC.

Inuenire apotomen sextam.

Ponatur rationalis 4 et tres numeri E, BI', I'4
inter se rationem non habentes, quam numerus qua-
Al | dratus ad numerum quadratum; et

— 1 praeterea ne I'B quidem ad B.f
Z 2 H s
rationem habeat, quam numerus
K quadratus ad numerum quadra-
B | tum. et fiat E:BI'= 4": ZH?,
B 4 T BI': T4 = ZH?*; HB?,
jam quoniam est E: BI'= 4%: ZH®, erunt 47
Z H?® commensurabilia [prop. VI]. uerum 42 rationale
est. itaque etiam ZH? rationale est. quare etiam

12. 8weg Eder deife:] comp. P, om. BFVb. 16, svyuclofn
B, corr. m. 2. Post E eras. B F. 18. I'B] supra add.
I'aB; Br V. 19. Bd] corr. ex BI" m. ree. P. 20, ms-
nmorjelow P, sed corr.; memoceiaBw F. piv 8] 6 pév V. 22,
év] om. B. 23. H®] 8H b, 26. (5%1:69 — 27, ZH]
mg. V. 27 %el] detl 2el BFb,  édoriv PB.
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% ZH xal énel 6 E mpog tov BIT 1épov ovx &yei,
Ov werpdywvog dgiduds medg terpdywvov dpidudy,
ovd’ doa O amd vijg A mpdg To émd vig ZH idyov
yei, Ov TeTpayeVOg GQUBROS MROS TETdy@YOY GQLIudY”
aevpuergog dpu éovly § A 1) ZH pixe.. mdicw, éxel
dory dg 6 BI medg vov I'd, obtwg ©0 and viig ZH
mpds 0 amd tig HO, evupergov &oo vo dxd g ZH
e awd tig HO. gyrov 02 ©d amd viic ZH* dnrov
dpo xel vo dnd vig HO®' oy dpa xol 1) HO. xal
énel & BI mpog vov I'd Adyov ovx &ye, 0v Tetedymvog
aouPuds mpdg TeTpaywvov deududy, ovd’ dpa O dmd
tiig ZH mpog ©0 ano viig HO idyov e, Ov tetpd-
yovog deiduos mpds TeTrpaymvoy dotdudy’ dovpusroog
doa dovlv ) ZH vij HO pixs.. xol eloww aupiregar
onrel- al ZH, HO &ge fnral sior Svvapes povov adyu-
perpor” 7 dpe'Z@ gmovopr) fotiv.

Aéyw &1, Gte xod Exry.

'Emel yag oty g udv O E mpdg ov BT, ovreg

‘76 amd Tig A medg 6 amd thg ZH, dg 0 o BI

20

25

xgog tov I'd, obrwg 16 axd vig ZH mpds 16 and Tijg
H®, &' ioov dpa dorlv ag & E mpds tov I'd, odrag
0 and vhg A medg o awo g HO. o 62 E mpodg
tov I'd Adyov ovx Eygei, Ov verpaywvog dotdudg mpog
tergdpovoy amdudy: obd dpa T dmd vig A mpdg
10 and tiis HO® Adyov &yeL, Ov verpdymvos apududg
nelg terpaywvoy dgududy dodppergog &pa dotly 4
A4 ©ff H® pijxs* ovderépa Goo tov ZH, HO® evu-
pereds dote T A $yri pixe.. @& obv uelidv dom

’
1. HZ P, 3. oudé Vb, 5. i V. A] K op. 7
wig F. 6. 7 BI' mods wj» B. 7. dom doet V. ~ 11. 098¢ V.,
15. odppevoos povor V. 16, dom BV, comp. Fb.  17. &)
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Z H rationalis est. et gquoniam E: BI" rationem non
habet, quam numerus quadratus ad numerum qua-
dratum, ne 4* quidem ad ZH?* rationem habet, quam
numerus guadratus ad numerum quadratum. itaque
A, Z H longitudine incommensurabiles sunt [prop. IX].
rursus quoniam est
BIr:Ta=2H; H@?

ZH? et H®® commensurabilia sunt [prop. VI]. uerum
ZH*® rationale est; quare etiam H®® rationale est.
itaque H® rationalis est. et quoniam BI':I'd ra-
tionem non habet, quam numerus quadratus ad nu-
merum quadratum, ne ZH? quidem ad H@® rationem
habet, quam numerus guadratus ad numerum quadratum.
itaque ZH, H® longitudine incommensurabiles sunt
[prop. IX]. et utraque rationalis est. itaque ZH, H®
rationales sunt potentia tantum commensurabiles. ergo
Z® apotome est [prop. LXXIII].

Tam dico, eandem sextam esse. nam quoniam est
E:Bl=A4:ZH? BI':T'4 = ZH®: H®, ex sequo
[V,22] est B:I'd == 4*: H®* uerum E:I A rationem
non habet, quam numerus quadratus ad numerum qua-
dratum. itaque ne 4% quidem ad H®® rationem habet,
quam numerus quadratus ad numerum guadratum. guare
A, HO® longitudine incommensurabiles sunt [prop. IX].
ergo neutra rectarum Z H, H® rationali 4 commensu-
rabilis est longitudine. iam sit K® == ZH?—+ H®* [prop.

supra ser. m. 1 P. 21. doriv aqa F. 24, o098’ — 26.
doefpuor] mg. m- 2 B, 24, 098’ dpa] 01dé b. Al 4 uga b.
26. HO] mut, in @Hm 2V, &H 217. twd‘nspa ago:]

% ovdevige BVD. 28,z 4 (Fnt'g] éuus;pug TG T A
b et e corr. F (post 4 del. §nrqp). :5] b. og:'v oy P,
corr. m, 2.

Euclides, edd. Heiberg at Menge. III. A%
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10 dno vig ZH vov and vijg HO, éorw 1o amo vijs K.
énzl ovw doniv og 6 BI mpog tov I'd, otrwg td amod
tiig ZH mgog vo and vijs HO, avasreépavt &g doviy
wg 6 I'B mpog vov Bd, ofrwg td dnd tvijg ZH mpos
70 amd tig K. 0 0% I'B mpds tov B idyov oix
Exet, Ov TeTpdyVOg BeLdUds WPdE TETQdy@YOY doidudy”
o0vd’ Gpa T dnd g ZH medg 1o dmd vije K Adpov
&y, Ov Tergaymvog aiduds meds TeTpdynyoy aeLiucy”
acvppergog dou fotly 3 ZH ) K pixes. xal Stwaras
% ZH vijg HO psifov ¢ dnd vig K- 1 ZH &pa vijg
HO psifov Sbvarar vd dmd acvpudrpov favri] pixst.
xel ovderépe tov ZH, HO odpperpds éove tf) fxxer-
pévy i prixe v A. 7 dpe Z@ dmovous) doriv Exo.

Evonro: dga 7 &xvny dmorouy 7 ZO: Jmep Ede
Osifat,

Ga’.

‘Edv yoolov mepidynrar vnd §nris xal dno-
Toutis mewryg, 4 v06 ywplov Svvaufvy anotouy]
oz,

ITepusgiodm yip ywpior t&6 AB Umo dyvijs tijg AT
xal dmotopdy medrns tijg AJ* Adyw, Ot % 0 AB
ywelov Svvepdvy amorvopr) fariv.

‘Emel pap axovopn fot mpwtny 4 AA, fore alri
mopodapuotovoe § AH of AH, HA &pa $qrel slou
dvvapse povov evpustgot. xal GAn § AH ovpusreds. |
dovs T Exxepévy $nrfi tf) AT, xat f§ AH tig HA
ueifov ddvera e Gmd ovpudrpov favry wixst dbv

3. 4o om. F. 4, I'B] B FB.  Bd] supra add. I"
m 1 b, 4B corr. ex BA uel BI"' V., 5. tig] tod . 8.
#yec] ovn Epec P 10. zp] corr. ex w6 m. 1 F. 4] ir ras.

m 1P 11. ovguéreor B, corr. m. 2. 18, 7 4 pyxe V.
14, 8mep £8m deifer] comp. P, om, BFVh. Seq. demonstr.
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XIII lemma). quomiam igitur est BI"I'd = ZH*: HE?,
conuertendo [V, 19 coroll) est
I'B:BA=2H%: K2

ueram I'B: B4 rationem non habet, quam numerus
quadratus ad numerum quadratum. itaque ne ZH?
guidem ad K? rationem habet, quam numerus que-
dratus ad numerum gquadratum. quare ZH, K longi-
tudine incommensurabiles sunt [prop. IX]. est autem
ZH? -+ H® = K* itaque ZH quadrata excedit H®
quadrato rectae sibi incommensurabilis. et neutra
rectarum ZH, H® rationali propositae .4 commensu-
rabilis est longitudine. itague Z@ apotome est sexta
[deff. tert. 6].

Ergo inuenta est apotome sexta Z&; quod erat

demonstrandam.
X(CI.

Si spatium comprehenditur recta rationali et apo-
tome prima, recta spatio aequalis quadrata apotome est.
Spatium enim 4B ratio-

4 4 _E 2 o A
nali AI" et apotome prima
A4 comprehendatur. dico,
r B I X rectam spatio 4B sequalem

) N __o gnadratam apotomen esse.

& :
S nam quoniam A4 apo-
o & tome est prima, ei congruens
X sit 4H. itaque AH, HdA
rationales sunt potentia tan-
P — P

tum commensurabiles [prop.

alt, u. app. 16. ¢’ F, gf’' BVDb, et sic deinceps.  19. foze
BV, comp. Fh. 20.76] 6 V. 20 %] m. 2 F. 28, ydg)
om. b, m. 2 B. =pdwn fozly BEV. 24, AH, Hd] in ras.
m. 2V, 27 davapirgov F, et V, sed corr,

p U



10

15

20

26

276 ZTOIXEION /'

fpu to TeTapreo piper roU dmd tis AH loov mepd
v AH negefindf éldstmov elder tergoyovm, elg
eVupsron avrny diaipsl. TeTpnofe § AH dliya xara
10 E, xel ve dmod vijg EH ldoy nmape thy AH magu-
Befirjodo fAietmov :lde Terpaywve, xel f6To TO VRO
rov AZ, ZH ovpperpog dpa éovlv 4 AZ v ZH.
xal Sz vdv E, Z, H onueiov v A mapdlinios
7y0woov of E@, ZI, HK,

Kal érel ovppevgds doviv 1 AZ < ZH pixas,
xel ) AH dpo éxarége tov AZ, ZH ovpucreos ot
pijxei. adda § AH ovppsteds fove tff AT xel éxa-
tépa apa vov AZ, ZH evppcroog ot tf) AT prinse.
xal dove ey m A" §nryy dpa xal éxavépn vév AZ,
ZH dovs xal ixavegov tav AI, ZK ¢nrov éoniv.
nel mel oUpuerpds doviy n JE vij EH pijxec, xol 1
4 H aga énarépy taov 4E, EH ovppergos dove wixer.
$nrny O m AH xal aovppergog vii A prxe gy
dpa xol énovépe vov 4 E, EH xel devuuerpog vij AT
pixee éxdregov dpa tdv 40, EK ufoov doriv.

Keiodo 0% r udv AT loov rergdymvor ©o AM,
26 0t ZK loov revpdywvov dpnoiode xowny yoviay
&qov avrd Ty tmoe AOM o N5 =xepl iy eveny
dgo dwcpsrpov o ta AM, NE vergayova. éotwm
atrov diduergog § OP, xal netapsypdpdo to oyjue,
Zxel olv lgov a1l to Umd vdv AZ, ZH megieyducvoy

1. pégse] -eg- in ra.s B o gmé] m. 2 F. 2. =g
corr. ex wijg m. 2 F, A in ras, F. 3. Gieegel] supra
add. prxes m. 2 V, du-‘lsr. B , 8iéln b, 4 @] ro F. 6.
ZH] (alt) HZF. 8. nz&wcav] ﬁg&w- inras. m- 1 P. ZI]
mut. in ZHm. 2 F, 9 7] vis i1, ¢li’F. AT Ie
corr. m, 1 F.  18. éomw P.  14. AT] AT P, I'in ras. V.

£o’rug dor: BY, comp. Fh. 15. nu{] éﬂlt) om. V. 19,
éovi PBYV, comp. Fb.  20. xal welofo 22. 40, OM
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LXXIII]). et tota 4H rationali propositae AI" com-
mensurabilis est, et 4 H quadrata excedit H 4 quadrato
rectae sibi longitudine commensurabilis [deff. tert. 11.
itaque si quartae parti quadrati 4 H?® aequale rectae
AH adplicatur spatium figura quadrata deficiens, in
partes commensurabiles eam diuidit [prop. XVII].
secetur 4 H in duas partes aequales in E, et quadrato
EH? aequale rectae .4H adplicetur spatium figura
quadrata deficiens, et sit 4Z>< ZH, itaque 4Z, ZH
commensurabiles sunt. et per puncita E, Z, H rectae
AT parallelae ducantur E®, ZI, HK.

et quoniam A4Z, ZH longitudine commensurabiles
sunt, etiam 4 H utrique 4Z, ZH commensurabilis est
[prop. XV]. unerum 4H, AI' commensurabiles sunt.
quare etiam utraque AZ, ZH rectae A4I' longitudine
commensurabilis est {prop. XII). et A4I" rationalis
est. quare etiam utraque 4 Z, ZH rationalis est.
itaque etiam utrumque AJ, ZK rationale est [VI, 1;
prop. XI]. et guoniam A E, EH longitudine commen-
surabiles sunt, etiam 4 H utrique 4 E, EH longitudine
commensurabilis est [prop. XV]. uerum A H rationalis
est et rectae 4 I longitudine incommensurabilis. quare
etiam utraque 4 E, EH rationalis est et rectae AT
longitudine incommensurabilis [prop. XIII}. ergo
utrumque 4@, EX medium est [prop. XX].

ponatur igitur quadratum AM = A4I, et spatio
ZK aequale anferatur quadratum N& communem an-
gulum habens 4AOM. itaque quadrata AM, N5

PF, tov A0,0M Bb. 23. doui] eloe V. zergdymve] om. V.
%irﬂ;] inras. V. wdr]m 2F.  mequegdpevov] -ov in
ras. V,
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bodoydviov tH dwd tiig EH rergayove, v dou
g 1 AZ mpog viv EH, otrwg 7| EH meds thy ZH.
alt’ og piv § AZ mpdg v EH, otreg 0 A1 mgog
10 EK, o 0t 7y EH mgdg tiv ZH, otramg fori o
8 EK mpdg vo KZ* tiv dpa AI, KZ ufeov aviloydy
Zots 70 EK. ¥ovi 0} uel vov AM, NE péoov dve-
Aoyov ©d0 MN, wg év volg fumgoadsv &elydn, xal
dote vo [ptv] AT v AM zevpayave loov, vd 0k KZ
13 N5 xol ©6 MN doa vé EK loov dorlv. &iia
10 0 udv EK v 4@ éovey loov, t0 62 MN 6 A5
to dge JK loov fovl 10 TPPX pvapowe xol @ NX.
fove 0F xal vo AK loov volg AM, NJF vergayovowg:
Aotmov &go td AB loov éoil v ET. 76 0% T ©o
and tijs AN ‘ot vergdywvov: td dpx amd tig AN
15 tevpaywvoy lGov dorl v AB % AN apa Ovvares
T AB.
Aéyw 61, 6re § AN amovous éoviv.
‘Exel yap $nrév foniv Exdrspov vav AI, ZK, xel
dovy loov tols AM, N5, xal éxdrepov dpa tav AM,
20 NE gnrdv dovwv, rovrdor 10 and éxaréges rav 40,
ON' xal éxorépn dge tov A0, ON ¢yrq donv.
mody, énel péoov éotl 10 4@ xal vy loov o AF,
péoor oo fotl xel ©d AE. dmel odv vo ulv AN
péooy doriv, vo 8% NJE fnvdv, dovpusergoy dpa Zonl
25 70 A% v NE g 08 10 A5 mpds vo NJE, oframg
dotiv 1 A0 mpdg iy ON* dovupstpog &po éovly 17

2. triw] (prius) om. P. 6. Post avdloyow ras. 8 litt, V. 7.
NM B. 8 péy] om. BFVbh. 9.v¢jtg b, MN]EKX
in ras. V. EX]TMN in ras. V., faty foov V.  10. ©d]
{pring) z@é V. o) foov Zovi 16 V.  tf 48] in ras. m,
1P oreyv [ooy] om. V, leoyv doxiv F. 5 8k MN looy
doct 10 AE loov cea ©0 JK té V. 12, leov] om. V (supra
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circum eandem diametrum posita sunt [VI, 26]. sit
OP diametrus eorum, et describatur figura [cfr. uol. I
p. 137 not.]. iam quoniam est 4Z >< ZH = EH?,
erit [VI, 17]) 4Z:EH—EH:ZH, verum AZ:EH
= AI:EK et EH:ZH= EK:KZ [VI], 1]. itaque
EK medium proportionale est inter 41, KZ. est
autem etiam MN medium proportionale inter 4 M, N5,
sicuti supra [prop. LIII lemma] demonstratum est,
et AT=AM, KZ= NJF. itaque etiam MN — EK,
est autem EK = 4@, MN = A% [1, 43]. itaque
AK=7T¢X{ NE uerum etiam AK =AM} NE.
itaque reliquim 4B = XT. est autem XT= 4N?,
quare AN®= A4B. ergo AN quadrata spatioc 4B
aegualis est.

Iam dico, 4N apotomen esse.

nem quoniam utromque A1, ZK rationale est, et

Al =AM, ZK = NZ&,

etiam utrumque 4M, NE, hoc est .£0?% ON%, ra-
tionale est. quare etiam utraque 40, ON rationalis
est. rursus quoniam 4@ medium est, et 4O = A,
etiam 4% medium est. iam quoniam 45 medium est,
NE autem rationale, 4% et NX incommensurabilia
sunt. uverum AF:NE¥ = 40:NO [VI], 1]. itaque
A0, ON longitudine incommensurabiles sunt [prop.
XI). et utraque rationalis est; itaque 40, ON ra-

est ras.). 13, ZT] corr. ex BI"' V. 16 8¢ ZT] supra secr.
m 1 P. 6] corr. ex. o FV.  15. lov/] postea ins. F.

w] 6 F. 17T weln P 19, doee V. iaos] o B,
om. V. NE toa V.  20. dor: BV, comp. Fb, 21, dom
PBYV, comp. Fb.  23. dov/] dordy P, om. V. 24, dociv] dord
PBVD, comp. F. 25, NE] (prius) corr.ex NXm. 1 b, 4]
{tert) in ras. m, 1 P, .
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A0 tij ON pixes. 2l eloww augpovspme $yral’ af
A0, ON dga {nrel el6r Suvdper udvov Gvuuergor”
dmovous &g Lotly § AN. xal dbvera: o 4B ywglov:
7 dpa 10 AB yoplov dvveudvy amovour foTiv.

8 'Eav &go yweiov weguépnre: v dnrag xel va §Eqc.

Gof’.

‘Eay yoplov meprégntar vnd dnrfs xal dmo-
toptis Ssvrépag, N to yweilov Svvaufvy pionyg
éxoroul 6TL MEWTY.

10 Xoglov yag 0 AB meguezsodo vmé $nris Tije
AL xal amovouig devrépag tiic A4 iéyw, 8w 7 To
AB yoglov dvvepdvy ufons dmoropr éove mpamry.

"Eorm yap vjj A4 meoseguifoven § AH' of dpe
AH, HA {nrel slov dvvdper povov gvpustgor, xal 1

16 mgooaguofoven 1 JH ovuusteos Zoti Tf fxnmpivy
énri v A, % 8% bAq % AH wis mpocaguotovong
vijg Hd petfov Svvarar td and ovppdrgov fevrl) wajxes.
Inel o0y ) AH vijg HA peifov dvwarar 6 and ovu-
pérgov fovri), dov dom @ verdere ufos tov 4w Tijg

20 HJd loov mepa iy AH mopefindf édeimov &ldec
tétpaydve, &g oVppston evigy Sugsl. Terwicfe
oty § 4H iy xevd 0 E- el vé dnd vig EH laov
mepe vy A H nepufefinodo éAietnov eldst tevpayave,

2. ON] NOecorr. V. eloww V,sed » del. 4. vd 4B
&ga V. 5. xel t& £Efie) wal dmovouije mwedrng, 7 t6 ymoloy
dvvepivy dmoropr éorev Theon (BF VD). 8. péay BF Vb
et P, sed corr. m. 1. 11, 44] AB b; & 44 P, corr. m. 1.

12. AB] corr. ex 44V, péey BED, et V, corr, m. 2, 14,
Hd4) 4HF. dvvapéey V, corr. m. 2. 18. 1&;& om, F,
17. Ha] eras, V. Ante ovppéreov ras. 1 litt V. 18,
AH] H in ras. V. thg] corr. ex tf m. 2 V. 19. tot ]
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xel Z6rew 1o Umo tov AZ, ZH' ovppsrgog Gpa derly

7 AZ ] ZH unxee. xol § AH apn éxarégg viv AZ,

ZH ovppetgdg fori pijxes. §yun 0t § AH xal devu-

pergog i AL pixers xal éxorége dpe vaov AZ, ZH

6 dnref dore xel dovppstgog vif A wijxsr Exdvspov dpa

taov AI, ZK péeov foviv. mdiwv, émel oipperods

éovww %) AE vf] EH, xal 1} AH &go éxarépg tiv AE,

EH ovgucrpds éotv. add’ 4 AH edppstods éove v

AT wixer [yry doe xal éxarvépe rdv JE, EH xal

10 6vppsrgog vif A wixs). éxdregov dpa tav 46, EX
$nréy dorwv.

Zvvsordte ovv e pdv Al lcov tergdywvor o

AM, v 0t ZK icov epnenodeo 160 NE mspl v

abriy yoviey &v vG AM iy dno téy AOM msgl

15 tHY avtiy Gpa fovl didusteov ta A M, NE retpdyove.

featt Egm'co avrdv a‘r.:x'ysrpog 7 OP, xal xevaysypdpdm o

b g7 oyfue. émel ovv va AI, ZK péaa dotl xal édotiv loe

. zoig anwd tov 40, ON, xel vd amé tdy A0, ON

[dpe] péoe doviv' xel ol AQ0, ON kpe péaos slol

20 Ovvdpst wovov ovppergor. xal diel ©o Umd Tdv AZ,

ZH loov {ott vo and tijg EH, fotww dga og 9 AZ

ngd; v EH, olrwg 7 EH =gdg vy ZH* @il dg

utv 5 AZ mgog iy EH, olrwg v0 AI mgds v EK-

og 0t 5 EH mpdg vy ZH, otrwg {d6tl] 70 EK mpdg

26 10 ZK* vév dga AI, ZK péooy dvdioydv Zom to

1. dadppstgog b, sed corr. 3. Post prus add. xol &a

wév E, Z, H onptlov ) A napiilnio fjgbecey ol E®, ZI,

HK f(cort. ex ZK V). nol émel odpperesgs forw 7 AZ o ZH

prixee b, V mg. m. 1, F mg., sed euan. 4. £go] om. F;p 8.

AI]l mut. in 4ZF, 42 b. ZHDb, et e corr. F. {0zl BY,

comp. Fb, 7. 4 dH] H4 F. 8, éen] m. 2B. 9. dnry

— 10. pxec] om. P. 9, 4E, EH] E bis in ras, V. 10.
nal fxavegoy b, 11, fom PBYV, comp. Fb. 12, £d] com,
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rectae 4 H spatium adplicetur figura quadrata deficiens,
et sit AZ>< ZH. itaque 4Z, ZH longitudine com-
mensurabiles sunt. itaque etiam A H utrique 4Z, ZH
longitudine commensurabilis est [prop. XV]. uerum
AH rationalis est et rectae 4I" longitudine incom-
mensurabilis. itaque etiam utraque 4 Z, Z H rationalis
est et rectae 4 I" longitudine incommensurabilis [prop.
XIII]. quare utrumque A7, ZK medium est [prop.
XX]. rursus quoniam 4 E, EH commensurabiles sunt,
etism 4 H utrique 4E, EH commensurabilis est
[prop. XV].!) - uernm 4 H, AT longitudine commen-
surabiles sunt. ergo utrumque 4@, EK rationale est.

iam construatur quadratum 4 M == AI, et spatio
ZK aequale auferatur NE in eodem angulo 40M
positum, quo 4M. itaque quadrata 4 M, NX circum
eandem diametrum posita sunt [VI, 28] sit OP
eorum diametrus, et describatur figura [efr. wol. 1
p- 137 not.]. iam quoniam A4I, ZK media sunt et
Al = A40* ZK = ON?, etiam 40% ON?® media sunt,
quare etiam 40, ON mediae sunt potentia tantum
commensurabiles. et quoniam AZ><ZH = EH?, erit
(V171 4Z: EH=EH:ZH. nerum AZ: EH= AI:EK

1} Hoc promptius ex prop. VI comecludi poterat; nam
AH=24E=2EH,

ex 6V, 26 F. 14 ov wp AM] @ corr. F.  =ijv] va P rmr]
om. V. 15, dour & o V. 17. Post Zov/ add, Theon: xo
cmp.yet o dilnlown (BFVb in V post ued ras. 1 litt.). loow F,
ex] om. P, péans slof $ sed corr.  gef PB, com

Fb xuq corr. ex dv- V. ‘of — 20. dv- mg. m. 2

19. elal] elaly Liyo Gri natl P, 20. pévoy] eras. wppsma
V, corr. m. 2. xab Zxel] Emel yap P, 21, 50:[] BUpra scr.
m, 1 F.  Zous] corr. ex fsov m 1 F. 28 A1) 4H 24.
docf] om, P. 95, ZX] (alt) Z corr. ex K m. 1 V.
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EK. lov 6t xal tov AM, NF vsrgaydveov uicov
avdioyoy v6 MN* xaf éoviv loov 7o pv AT ©3 AM,
10 8% ZK v NE" xal 6 MN dpe [oov fotl ve EK.
dila v pdv EK loov [éorl] vo 40, g 6t MN laov
v AE Blov dpu 1o JK leov éatl 1 YD X pvaouovs
xal ©3 NE émsl ovw Sdov t6 AK loov ozl Tolg
AM, NE, dv vo 4K loov éotl v TDX pvapove
xel v NE, Aowmov &oa to AB leov fevl vg TZ.
1o 8} TX dove ©o &b viig AN 1o ano tig AN fga
loov édovl vp AB ywpip” % AN Epa dvvarer 16 AB
rwoloy,
Aéym [0%], Otv §) AN péong amovops) dori mpwrn.
‘Emsl pog ¢qrév do6n vo6 EK xal éomv ilgov 76
AE, ¢nrov Fpa forl to AF, rovréer td Umd rov
AQ, ON. péoov 8% ieiybn v6 NE* dovppergor dpa
dorl vo AE tp NE dg 8% vo AF mgds o NE,
otnwg fotiv f§ A0 mpdg ON' ol 40, ON &pa dovu-~
uergol eloe pipet. of Ggpe A0, ON péoar slol dvvaper
povoy avppergor gnrdy mepidyovonr' % AN Gga udong
énozops] ot mewvy” xel dvvaras o AB yuglov.
‘H @po 70 AB yogiov dvvapévy péong dmotour
for moavn” Omep Eds dsibou.
Gy’
‘Eav ywmoiov mwegiégnrar vmd gyrijg xal dxo-
1. EX] EIF. N&] MN F, sed corr. 8. ZK] corr, ex
KZm1V. 4.z5]z V. #n‘ﬂf]om P. z]s8V. 23]V,
foov ozl Bb. 5. vo] (prine) vg Vo. 7. ov] & @.  foul}
m 2F 8 TZX]in rs. V. 9 w6 8t TZ #6r] vovrion B.
10. dacly P. 18] 76 dno rijg P; v0 dwd rijg AN mg m.
1b 12 8] om. P.  pden FBFb, péene ¢, o corr. m, 2 V,

fomy P, 18. 76 EK — 14. 1 AE] in a8, F. 18, !c:v]
fori b, Post fooy add. =g (6 F) NM zovrigrs Fb, m. 2
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[VI,1] et [id] EH:ZH=EK:ZK. quare EK me-
dium est proportionale inter 47, ZK. uernm etiam
MN medium est proportionale inter AM, NJE [prop.
LI lemma). et 4J=AM, ZK= N}, quare etiam
MN=EK, uverum A4@=EK, 45=MN [I, 43].
quare AZK=T®X | NZ. iam quoniam 4K =ufM-|-NF,
quorum AK = PPX- N5 erit reliquum AB=TZX,
sed TX= AN® itaque 4N*= 4B, ergo AN qua-
drata spatio 4B aequalis est.

Iam dico, 4N mediae esse apotomen primam.
nam quoniam EK rationale est, et EX = 45, etiam
A% rationale est, hoc est 40 >< ON. demonstrauimus
autem, N5 medium esse [u. p. 282, 18]. quare A5,
N[E incommensurabilia sunt. est autem

AF:NE= A40: 0N
[V1, 1]. quare 40, ON longitudine incommensura-
biles sunt [prop. XI]. itaque 40, ON mediae sunt
potentia tantum commensurabiles spatium rationale
comprehendentes. itaque 4N mediae apotome est prima
[prop. LXXIV]. et est AN?= 4B.

Ergo recta spatio 4B aequalis quadrata mediae
apotome est prima; quod erat demonstrandum.

Xxc,

Si spatium recta rationali et apotome tertia com-

16. oelv P. 6 NS] m, 2 B. &g 8¢] nel og deux B.

17, #oviv] om. V. mgog iy FV.  &pa — 18. pyjus] Ov-
wdpee elol pévov ovpperoor in ras. V, mg. add. m. rec.: &pu
prinee eloly dovppereor’ e 8} dn’ avTdv teTpayoY GUpuETEE"
al A0, ON é&pa. 17, ovppsreor F, 19. AN] ON b,
AHF. péon BFVb.  21. 5} — gmplov] om. .  dvve-]
in spatio 9 litt, F. pfon BFb. 22. Omeg £8s deifar] comp.
P, om. BFVb.
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topijs Tpirng, 7 to goelov dSuvvapfvy pfeng
dnorou dote Sevrépa.

Xwplov yip ©6 AB neoueyfoda Umd dnrig tig AT
xei amotopng TelTns thHe A4 Adyw, St 1§ 0 AB
goolov Svvapdvy pfens damotops) dore dsurépa.

"Egte ‘pag tfj Ad mgosagudfoven n AH of AH,
HdA &ga gyrol elor Svvapse pdvov odupsrgor, xal
ovderépn tov AH, HA odpustods dote unxse vy éx-
xepdvy ¢y tff AL, 1 6 GAn % AH tijs mpooxguo-
foveng tijg AH petbov ddverar T amd cvupéroov
fovrf. émel ovv §) AH vijg HA peifov dvverar o6
dmd cuppdrgov favry, v don T verdere pigsr Tov
axd tig AH isov nmage iy AH wogefiindf éAdsixov
&l Terpaydve, &ls ovpperpe ety disdel. Terpriefo
ovv ) AH 8iye xove 16 E, xel ©d dnd vig EH idov
nage viy A H nagefefiiedo ideinoy elds tevpaymve,
xal Zotw o Umd tdv AZ, ZH. xal fydoder dik vov
E, Z, H onpeiov i} A nepdiinior of EG, ZI, HK"
atpustgor dpa sloly of AZ, ZH* evpperoov dgo xal
20 Al vd ZK. xol énsl of AZ, ZH odpusrool slos
wijxse, xel n AH dpa fxarépe tdv AZ, ZH ovu-
ustgds fore piixen, Gyry 02 © AH xel godupstgog
tf] AT wiixee: dove xal af AZ, ZH. éxdregov dgo rdv

1, péoy BFVb. 5. péon BFDb, ot V, corr.m. 2, 20 P,
9. -appof-] in ras. V.  10. dovppéreov b. 11, dmel — 12,
favri] punctis notat. V. 11, Hd] 4H P.  12. vof] corr.
ex to m. 1 b. 14, diedei pomer V. 16. vp] 76 @.  18.
H] om. V., ZI]) mub. in IZ V. 19. elolv ] ei- o corr, V.
20. elowr P. 23. wore xol of AZ, ZH] wol Exocéon dow
(supra ger. m. 1 V) vév 4Z, ZH Jnee dort xal dovpperpog of
AT prumer nol Theon (BF VD).
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prebenditur, recta spatio aequalis quadrata mediae
apotome est secunda.

Spatium enim 4B recta rationali A" et apotome
tertia 4.4 comprehendatur. dico, rectam spatio 4B
aequalem quadratam mediae apotomen esse secundam,

nam A H rectae 4.4 congruens sit. itaque AH,
H A rationales sunt potentia tantum commensurabiles,

4 4 _E 7 4 et neutra rectarum 4 H, HA
rationali propositae 4I" lon-
gitudine commensurabilis est,

T B ® I © totasutem 4H congruentem
A N 0 A H excedit quadrato rectae
|2 sibi commensurabilis [deff.

z Y 14 —I kg tert. 3]. quoniam igitur 4H 2

excedit 4 H* quadrato rectae
sibi commensurabilis, si }.4 H?
p T —In aequale rectae AH adplicatur
spatium figura quadrata deficiens, in partes commen-
surabiles eam diuidet [prop. XVII). iam 4H in E
in duas partes amequales secetur, et quadrato EH?
aequale rectae .4 H adplicetur spatium figura quadrata
deficiens, et git 4Z >< ZH. et per puncta E, Z, H
rectae AT parallelae ducantur E®, ZI, HK. itaque
AZ, ZH commensurabiles sunt. quare 41, ZK com-
mensurabilia sunt [VI, 1; prop. XI]. et quoniam AZ,
ZH longitudine commensurabiles sunt, etiam 4H
utrique 4Z, Z H longitudine commensurabilis est [prop.
XV]. uernm 4H ralionalis est et rectae 4I" longi-
tudine incommensurabilis. quare etiam 4Z, ZH [prop.
XIII]. itaque utrumque 4Jf, ZK medium est [prop.
XX]. rursus quoniam A E, EH longitudine ¢ommen-
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AI, ZK péoov éovlyv. mdiw, énel ovppereds doviv 4
AE ©fj EH prust, xal 7 4H &ga éxatége rov AE,
EH ovppsteds ot prixer. dqey 0t § HA nel dovp-
petgog tf] AL prjner fneny dga xal éxaréon tév AE,
EH xal dovppetgog tff AI' pijxer’ éxdregov dge tdy
A0, EK péaov foriv. xal Znel of 4H, HA dvvape
povoy ovuustpol Eaw, aovpuereos dou dovl mixer 1)
AH vij Hd. add q ptv AH ©fj AZ ovuppergds ot
urnet, % 08 AH vy EH' g6vppctgog dpn dotlv 7 AZ
i EH pixe. og 0% 7 AZ mods v EH, ottwg éovl
60 AT mpog 10 EK' aovpuergov &ga éotl ©6 AT
o EK.

Zvveordro ovv g piv AI ldov terpdyovov o
AM, 1 6t ZK loov dgnerede t0 NE mepl tny aveiy
yoviay &v v AM: megl iy adryy doa Sudperody
éore ve AM, NE. &oro avrov Sudpergos ) OP, xal
xotaysypdpdo 70 oyfjue. Imel odv 1o Umd tav AZ,
ZH ioov o1l 10 amo tijg EH, fouwv doa dg 7 AZ
ngog vy EH, otrws 4 EH mgog vy ZH. adlX’ dg
utv 1 AZ mpog v EH, ovrmg Zotl ©0 AT medg 0
EK' &g 6t 4 EH mpog v ZH, ovrwg éotl ©vo EK
npds 10 ZK* el og dpx 10 AT npdg 0 EK, otrag
70 EK mgdg v6o ZK' tdv dga AI, ZK péoov dvi-
Aoydv fove to EK. fom 0% xal vdv AM, N5 tsrga-
yovoyr pésov avedoyov t6 MN' xal éovwv [dov vo
ptv AI s AM, ©o 0% ZK 16 NJ' xal 10 EK &pa

1. dotv] Eori PBY, comp. Fb.  domw) dome V. 3, pajue]
om, B, 4H F, Ha i ras. V. 4, fnrp — b, m]uu%m
2B. b xal Euutepov V. 6. EK] OK P. fozl
comp. Fb. dyvapzic, ¢_euvan., V, 1. slol eduperpor v

doviv V. pauee] om. V. 8. AH] H in ras. V, deinde
add. pfxer m. 2.  Hda] 4HP.  all’ — 9, =3 EH] mg.
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surabiles sunt, etiam A4 H utrique 4 E, EH longitudine
commensurabilis est [prop. XV; ecfr. p. 283 not.].
uerum H. rationalis est et rectae A4I' longitudine
incommensurabilis, quare eftiam utraque A4E, EH
rationalis est et rectae 4I" longitudine incommensu-
rabilis [prop. XIII]. itague ntrumque 4@, EXK medinm
est [prop. XX]. et quoniam A H, HA potentia tantum
commensurabiles sunt, 4 H et H4 longitudine incom-
mensurabiles sunt; verum AH, 4Z et 4H, EH lon-
gitudine commensurabiles sunt. quare AZ, EH lon-
gitudine incommensurabiles sunt {prop. XIII]. est
autem A4Z: EH = AI: EK [VI, 1]. ergo 41, EK
incommensurabilia sunt [prop. XII.

construatur igitur quadratum AM = A1, et au-
feratur spatio ZK aequale N5 in eodem angulo po-
situm, quo AM. itaque 4M, NJE circum eandem
diametrum posita sunt [VI, 26]. sit OP eorum dia-
metrus, et figura describatur [cfr. uol. I p. 137 not.). iam
quoniam est AZ><ZH=EH? erit 4Z: EH—=EH:ZH
[VL, 17]. est autem AZ: EH = AI'EK [VI, 1], et
EH:ZH=EK:ZK [id.). quare etiam AI: EK=EK:ZK,
itaque EX medium est proportionale inter 41, ZK.
uerum etiam MN medium est proportionale inter qua-
drata 4M, N5 [prop. LIIl lemma]. et 41 =— AM,

m. 1P, 8 Post péw ras. 11itt. V. AZ pijner V. dozw V.

9. wixes] om. ‘5" doa] supra scr. m. 1 F. 10. AZ
supra sct. 4 b.  EH]inras. V. 11 zd] (pr.) o dmo tijg
o] v b. EX} E4 supra scr. K b. CoVpUETEOY — 1.
EK] om. P. 11, dorl vo] m. 2 F.  13. z$] corr, ex 76 m.
1F. tsrqa‘ywvmﬂ P, wed corr. 15. d¥] supra, scr, m, 1 F.

t3] o F, 17, wzd] #mg b, 22. wol g — 23. w6 ZK]
mg. m 2B 23 z ZK] ZK PB.

Eun¢lides, edd, Helhorg et Menge. IIL R



290 ETOIXEIQN ¢

toov forl 16 MN. aide vo pdv MN lsov fotl v3 A5,
10 8¢ EK loov [éotl] 10 46 xel Glov &ga td6 AK
toov fotl v TOX ypvdpove xel v NE. fore 8% xel
10 AK [dov vols AM, N5 Aoiwdv &pa ©6 AB laov
6 forl 1@ ET, tovréor. vg dmd thic AN revguydive”
7 AN dpa Ovvavar v0 AB ywelov.
Aépw, dv. AN péong dmoropy fove dsvrépe.
‘Emel yap péon elydn va AI, ZK xal éouv ice
volg and v A0, ON, pioov doe xal ixdtegov Tow
10 amo tav A0, ON* péey doa éxarépe tov A0, ON.
xol el oUpperpov dave vo AI ve ZK, avpperpov dpu
xal 76 dnd g A0 6 amd g ON. ndlw, émel
aovppcrgor £0elydn vo AI ve EK, acdupsroov &gu
dorl xal 10 AM véd MN, vovtéor. t0 dno tijg A0
156 3 va6 toy A0, ON' dove xal § 40 acdpuerpds
éore pojxsr tfj ON' of 40, ON dga péoa slol dv-
Vs ulvov GUMERETOL.
Aéyer 84, Ote xal péoov megidyoveiy.
‘Enet pog ploov 0elydn 10 EK xof fotiv icov
20 T vmo tov A0, ON, pdeov dpa 67l xal 76 Omod
tdy A0, ON' dere of A0, ON pfoar eisl dvvaps:
pévoy odupcToor péoov meguégovons. n AN dga uéong
dxorous) éore Osvrépe” xnel Svwverer 16 AB ymelow.
‘H &pu o AB ywelov Suvvapévn udens dmorops]
26 fote Osvrépe’ Omep E0e Selbo.
1. %6] corr. ex v m, rec. P.  td] corr, ex 0 m. ree, P,
2. A5] AR F. t6] corr, ex zé m, rec. P. dgzi] P, om.
BFVb. ~ @] corr, ex t6 m. rec. P. Post 48 in b adp. :~,
deinde spatium 1 lin. macat. 3. ¥ 5] mut. in NZ m. rec. B.
4, loov| (prine) m. 2 FV. 6§ AN] AMP; AN F, corr.
m 2. 6 AN] Adems. V. T péop BEVD. domsy P 11,

evppetgov] (prine) cdpuerpog . 12. 7ijg] corr. ex zédv F.
Post 40 add. ON B et supra m, 1 P, tijg] corr. ex
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ZK=Ng. itaque etiam EK=MN. vernm MN= A%
(I, 43], EX = 4®. quare etiam JK=7TPX+4 NE.
est autem etiam
AK = AM 4+ NE.

itague reliquum 4B = X T= AN? ergo 4N quadrata
spatio 4B aequalis est.

dico, 4N mediae apotomen esse secundam. nam
quoniam demonstrauimus, AY, ZK media esse, et
A= A0, ZK = ON?, etiam utrumque 40° ON?
medium est. quare utraque 40, ON media *est. ot
quoniam AI, ZK commensurabilia sunt {VL 1; prop. XI],
etiam 40% ON? commensurabilia sunt, rursus quon-
iam demonstrauimuns, 471 et EX incommensurabilia
esse, etiam 4M et MN, hoc est £0% et 40><ON,
incommensurabilia sunt. quare etiam 40, ON lon-
gitudine incommensurabiles sunt [VI, 1; prop. XI].
ergo 40, ON mediae sunt potentia tantum commen-
surabiles., iam dico, easdem spatium medium com-
prehendere, nam quoniam demonstrauimus, EX medium
esse, et EK=_A0><ON, etiam 40 >< ON medium
est. quare 40, ON mediae sunt potentia tantum
commensurabiles medinm comprehendentes. itaque 4N
mediae apotome est secunda [prop. LXXV]. et spatio
AB aequalis est quadrata,

Ergo recta spatio 4B aequalis quadrata mediae
apotome est secunda; quod erat demonstrandum.

téy F. 14 doriv . MN] NMP. 16 zg] corr, ex ©é
m 1F 16, eloty P. 18 megréyovae V, 19, yug] om
Fb, m. 2 B. 20 pérov — 21. ON (pnusg] m
oipsrgor .  ANb. péey BFVhL. 23 MW% zmg[ov]
om. Theon (BFVh). 24, uéen BFVDh. 25. dmeq £der deifon]
¢omp. P, om. BFVh.

At
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Eav yoeiov megiéyntar vnd §nrijg xal éxo-
Toptc TETAPTYS, ) TO yweloy dvvapévy élddomy
éotiv.

Xogiov yag 10 AB meguepéodo vmd dnrijs tig
AT xal amoroufs Terdgrng g Ad” Adyw, 8u ) o
AB yogiov dvvapfvy éldodmy otiv.

"Eotw yap tfj A4 mpodupuitovea v 4H' of Gow
AH, HA ¢yroai el dvvdper uovoy gvpuergol, xel 1
AH evppergds dore tf bexapdvn ¢nzf v AT pojue,
5 0% 0An v AH wig mooovaguofovens vis 4 H pstfov
Svvaror T dmd dovpudrgov favei wixer. émel ovw
% AH tig Hd psitov ddverar v dwd dovpuérgov
fovef] pixet, dov dow T Tevdgre udper vod dmo Tijg
AH loov mapa vy AH mogafindy élisimov elde
terpayove, &l aovppstge avtny Owdsl,  verprefw
ovv §) AH 0ya xere o E, xel vé d¢xd tig EH oy
aepa TRy 4 H nugefefijodo dilcinov sldea terpayive,
xol éor@ 0 vmo tdy AZ, ZH' devpucroos dga foti
pixee § AZ v ZH. figdwdav odv dix tév E, Z, H
wapddiniol taty AT, B4 of E®, ZI, HK. émel odv
¢ éoriv ) AH xal ovppergog v A pajxe, §nrov
wpe Zotly Slov vo AK. mdlw, énsl dovppsreos éoTiy
5 AH vij AT wijxer, xal elow appdrsgus fnral, picoy
dga doti 1o JK. szélw, dmei &dé.u.usrgo’g doriv ) AZ
i ZH pnxsc, aovpustpov dpa xal to A1 tp ZK.

2, vETdTNg auoto,u.ns V. 4. dov{ BV, comp. Fb, B.
¢neig Tijg] corr. ex vig m, 2 F, 6111:119 V. 6. Ad] ABd b,
4 in ras. m. 1 B. 7] eupra, ser, P 7. 4B] om. Bh, m.

2V. 8 44] mut. in 4Bm.2F, 4Bb. 1L AH]HAV
12. dvvapévy P. supuitgoy B corr. m, 2. 15. t’aov]
uédov (. 16. dovpperpor P, ovpuerer b, Sielel pnuer
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XCIV.

Si spatium recta rationali et apotome guarta com-

prehenditur, recta spatio aequalis quadrata minor est,

Spatium enim 4B rationali 4I" et apotome quarta

A 4 comprehendatur. dico, rectam spatio 4 B aequalein
quadratam minorem esse.

sit enim o H rectae 4.4 congruens. itaque 4 H,

H A rationales sunt potentia tantum commensurabiles,

y 4 E 2 et A4 H rationali propositae

H . . :

AT longitudine commensu-

rabilis est, tota autem 4H

r B & I~ quadrata congruentem A4H
4 N 0 excedit quadrato rectae sibi
AT longitudine incommensura-

z g bilis [deff. tert. 4]. iam quon-
X iam AH? excedit Hd4® qua-

drato rectae sibi longitudine

3 T M incommensurabilis, si { 4 H®

aequale rectae 4 H adplicetur spatium figura quadrata
deficiens, in partes incommensurabiles eam diuidet [prop.
XVIIlL]., 4H igitur in E in duas partes aequales se-
cetur, ot quadrato EH? aequale rectae .4 H adplicetur
spatiom figura quadrata deficiens, et sit 4Z >< ZH,
itaque A4Z, ZH incommensurabiles sunt. iam per E,
Z, H rectis A", B4 parallelae ducantur E®, ZI,
HK. quoniam igitur 4 H rationaliz est et rectae 41"
longitudine commensurabilis, 4 K rationale est, rursus

17, EH]Eecorr, V. 19.%6wv PV. 20.pjxnijom.V. ZH]
HZF. &% P. E,Z]Z EPFb, inras. m 2 B. 21
Bd] eras. V, B'b.  28. 6lov] supra scr. m. 1 b. 62
dovdv P.  26. dovppergoy] d- del. F.  doa dowl F,
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dvvestito ovv te udv AI ldov vergdyovov td AM,
s 6t ZK loov dgnoiede msel iy aevtiy yoviey
v Vb roy AOM vo NE. mepl 1w adrqy Zoa dud-
uergov fove ve AM, NE zerpdyove. f0to atrdy
dicgergog % OP, xal nevaysygdgpde to oyfpe. Zmel
ovv 76 tmo tév AZ, ZH idov éoti vg dnd viig EH,
dvdioyov doa fotly wg 1 AZ meog tiv EH, otrtag
n EH mgog iy ZH. dAd og ptv 7 AZ mgog wov
EH, otnwg Zorl 10 AI mpog 70 EK, ag 6t y EH
npog iy ZH, ovrag fori 10 EK meog 10 ZK* teov
doae AI, ZK péoov dvadoyov éore 10 EK. #ore ¢
xel 1ov A M, NE rerpayovov uédov avaiopor 1o MN,
xeel dorey lgov vo piv AI ©6¢ AM, 0 0t ZK vé N5
xel ©0 EK dpa lgov dorl v MN. dilé ©6 piv EK
laov ol ©o 40, 7 o MN igov fori w0 AF  Clov
dgo vo 4K loov forl v TOX propove xal e NE.
Znel ovv Glov 10 AK leov foti toig AM, NE rerpa-
yovorg, wv to AK loov dotl 16 POX pvauove xal
@ NJE terpayeve, lomdv &oe to 4B lgov Zori 1
2T, vovréans v ano tiig AN terpayove: 1 AN dou
dvvarai 16 AB ywplov.
Aéyw, 8tL 3 AN &doydg éotwv % xadovuévy éAdecov.
‘Enel yag ¢nrov dovi vo AK xal Zonv igov rolg
dno iy A0, ON tevpiyavosg, to dpa ovyxslpsvor
éx tov amo tov 40, ON ¢nrév derww. meliv, el
0 AK péoov deriv, xal dovw loov 10 AK g dlg
v v 40, ON, ©6 dge 8lg Und vy 40, ON pégov
2. Post ZK ras. 1 litt. F. 8. vé»] om. BFY. AON
P et supra acr. M, b, 76] ecorr.m.rec. b, 4. dave] zlo: P.
5. 3] m. reec. P. 1. AZ] AH, supra scr. Z, b, mjw]

om. P. 8 AZ] Z in ras. F. 9. ovmg] owmg Zorly 1 EH
mgos y ZH' 413" g piv % AZ mede thy EH, ovrmg b.



teayover] om, V. 18, AI] .
loov éozl] dotev loov F, faoy V.

Fl
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doviv. ual émsl dovpperpov elydn 1o 41 vo ZK,
acvupstgoy Epa xel 1o dmo tig A0 rvergdywvor Td
dxd tijg ON rerpaydve. of 40, ON dga Svvdus
eloly oovppergos motoborL 1o uly Gupxelpevor éx THY
an’ avrav retpaymvev ¢yrov, td OF dig vx’ ovrov
péoov. R AN &ga kAoydg eriv 1 xedovusvy édocwy’
xal dvverer 0 AB yweiov. °

‘H dpa 10 AB ywpiov dvveudvy éidoomv éotiv:
Oneg #0s deikou.

14

Ge'.

‘Edv yoplov megiéynrai va0 ¢ntiig el dmwo-
Toutjg épmng, f 16 ywoiov Svveapdvy (4] pera
¢nrov uédoy td Glov moiodad éGTiv.

Xawolov yag 10 AB msquepéode tmo fnrig Tig
AT xol dmovopiis mépmtys tijs A4 idym, 6t 4 o
AB ywplov Svvaudvn [f] uera gyrod uddov o Glov
xoiotod ZoTiv.

"Eote yip tfj A4 mposagudbovoe 3§ AH' af dpo
AH, HA ¢yrel sloe Svvdus pdvov 6vppstgor, xal 7
nposapudtovee n H.A evpuergds fove wrxe vfj Exxss-
pévy Onr v AT, 5 6} 64y § AH tijg zmpocapuo-
fovene g AH peifov dvverar té amd dovupfrgov
favel, dav Goo T Terdore pdosr TOb amd tig AH
loov mage thy 4 H mapafin®f fdsinov slder vstpa-

1. fovi BYD, comp. F. 2. ovpguergor B, corr. m. 2. deu
dorl{ V. zevedywvoy] om. V. 3. aoé}metpot elae Svvope V,
deinde del. m. 2: fid 0 dedvregoy Ssdonua tod fifilov. 6.
AH F. dvaloyog P, sed corr. 7. AB] B corr.ex I'm. 2 F.

8. dov{ B. 9. Omeq €8z Seifo] comp. P, om. BFVh. 12,
7] (alt) om. FVb, m. 2 B. 13. 6z BY, comp, Fb. 18.
%] om. FVb, m. 2 B. 20. H4)] in ms. m. 1 b, 4H P,

pitxee] om. V.o e AT paixee V. 22, ovppfrgon B, corr. m. 2.
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et quoniam demonstravimus, 471 et ZK incommensu-
rabilia esse, etiam 40%, ON* incommensurabilia sunt.
itaque 40, ON potentia incommensurabiles sunt ef-
ficientes summam quadratorum rationalem, duplum
autem rectangulum medivm. quare 4N irrationalis est
minor, quae uocatur [prop. LXXVI]., et AN*= 4B.

Ergo rectn spatio 4B aequalis quadrata minor
est; quod erat demonstrandum.

XCV.

Si spatium reeta rationali et apotome quinta com-
prehenditur, recta spatio aequalis quadrata recta est
cum rationali totum medium efficiens.

Spatium enim 4B recta rationali 41" et apotome
quinta 44 comprehendatur. dico, rectam spatio 4B
aequalem quadratam rectam esse cum ratiomali totum
medium efficientem,

nam AH rectae 4.4 congruens sit. itaque 4H,
H 4 rationales sunt potentia tantum commensurabiles,

y 4_E 2 g et congruens H4 rationali
propositae 4 I' longitudine

r \ L commensurabilis est, tota au-
B & I tem AH quadrata excedit

4 ¥ o0 congruentem A H quadrato
P rectae sibi incommensurabilis
= [deff, tert. 5]. itaque si }.AH’
cO5s aequale rectae 4H adplicatur
spatium figura quadrata de-

p v |p  ficiens, in partes incommen-
surabiles eam diuidet [prop.

XVIII]). 4H igitar in puncto E in duas partes aequales
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yovm, sy aovupeTee aviny duedel. Terwriodm ovy 4
AH 8{ye xeve 6 E onpslov, xal vd axé vijc EH
loov mupe tny AH napafeflicto fldsimov slde ve-
roayovep xal fote o vwo tdv AZ, ZH eovupergog
dow dotly 1 AZ vfj ZH prnsr. xol Emel aevpperodg
foriv § AH vy A pijxet, nel eloww epgpdreger fyral,
uéoov bpa dotl 10 AK. malw, émel fyry domv 1)
AH xal 6bppsrgog v AT prxsi, gyrov éore vo AK.
ovvserdra obv ve piv AI [sov tergdyavoy 10 AM,
1 02 ZK loov terpdywvov agpneiode to NE mepl
™y avtiy yeviey vy vmo AOM' mepl iy adtiy
doo Oiopstpov fori ta AM, NE terpdpove. Edtw
atriy dudpergog n OP, xal xerapeypdpde to oyfjuc.
opolwg &y dzlkopey, 6vi § AN dvvarar vo AB yoglov.

Aéyw, ove § AN 5 ueve gnrov uéoov vo Slov
moL0D6E £6Tiv,

‘Enel pop udoov £0elydn o AK xol éovwv ldov
toig dmo tov 40, ON, v dpa ovpnsiycvov éx rov
and tov A0, ON péoov fovlv. mddw, énel gyrov
éove ©0 AK xafl dotv loov 16 dig vnd tov A0, ON,
xal adtd fnrov dorw. xal Zmel aevppereov ot 1o
AT w6 ZK, dovpusrgov &po ot xol 10 dmo thg A0
1@ and tg ON' of 40, ON fga dvvdpe sloly dovp-
BETQOL WOLOVGRL TO uiv Suprsipsvoy éx Tdv an’ adTHv
reTgepovoy ufdov, té6 8¢ dlg vn’ avrdv fnrov. g
Aouwyy dge 7 AN &Aoyog domv % xoiovufvy pste

L. Post duedei del. prjne: V. 3. AH] Heeorr. m. 1 V.

4. 76] corr. ex vg P. B. rff] eupra scr. m. 1 b Post
pinee add. xel Fydwcey 0id oy E, Z, H o5 AT (A1) meedl-
inlos of E@, ZI, HK b, mg. FV. 6. I'4} in ras. V, AT P.
B. Ante suuprrgog ras.1 htt. V. doo dov/ Vb, m. 2 F 9.
dovdto b, foro V.  10. tergoyovor] supra ser. F. o NZ = ]
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secetur, et quadrato EH? aequale rectae AH adplicetur
spatinm figura quadrata deficiens et sit 4Z >< ZH.
itaque 4Z, ZH longitudine incommensurabiles sunt,
et quoniam AH, I'4 longitudine incommensurabiles,
et utraque rationalis est, 4K medium est [prop. XXI].
rursus quoniam A4 H rationalis est et rectae AT lon-
gitudine commensurabilis, 4K rationale est [prop.
XIX]. construatur igitur quadratum AM == A4I, et
spatio ZK aequale auferatur quadratum N5 in-eodem
angulo /OM positum. itaque quadrata AM, N
" circum eandem diametrum posita sunt [VI, 26]. sit
OP eorum diametrus, et describatur figura [unol. I
p. 137 not.]. eodem igitur modo demonstrabimus,
esse AN?*= AB.

dico, 4N rectam esse cum rationali fotum medium
efficientem. quoniam enim demonstrauimus, 4K me-
dium esse, et A K = A40% 4 ONZ, A0 4 ON? medium
est. rursus quoniam 4K rationale est, et

AK =2 40 >< ON,

hoe et ipsum rationale est. et quoniam AI, ZK in-
commensurabilia sunt, etiam 40?, ON? incommensu-
rabilia sunt. quare 40, ON potentia incommensu-
rabiles sunt efficientes summam quadratorum mediam,
duplum autem rectangulum rationale. itagque reliqua

om. Theon {(BFVU). 11. om0 v BFb, AOM o NEB
(ME @) Theon (BFVD). 12, dou] elow inrae. m. 2V, <o
mrag. m 2 V. AM] Ainras, m. 2 V. 18 dvyrelpevor
om, V. 19. docf BY, comp. Fb.  21. aded] o dlg Foa vmo
tév AQ, ON Theon (BFVbh). 4sr. PBV, comp. Fb. 22
AI]l mut. in JEm. 2 F, AE b, 23. ON] (prius) e corr. V,

25. ] om. B.  28. xwlovpéyn] #e- supra scr. m. 1 b. 4
psed b,
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¢7nrov ufeov vo Glov mowvow xel Suvarer T 4B
yoglov,

‘H 16 AB &ge yweiov Svvapsvy psre §nrov uéoov
0 Glov mowoded fotiv: Omep Edsc dsiken.

’

65’

‘Edv goplov megiegnrac vxd ¢nriie xal dnwo-
Touis Extng, n 10 ywelov Svvapdvy pere pédov
uégov to GAov morovod foTev.

Xwplov yoo 10 AB msguexdodm vmo fyrijs g AT
nel amotouss Exvng tig A4 Adyw, Ot B 10 AB
yoplov Svvapévy (§] psre pédov psoov o lov morotod
geTeLw.

"Eore yag i} A4 mgosapudfovea B AH" af dge
AH, Hd4 {§yral elov dvvdper povov ovupsrgor, xel
ovdsTépn atrav OUVppsTpos £ove vy fxxewpdvy énTh Thf
AT unxse, © 8% 6An 7 AH g meosupuofovans tijg
A H pettov dvvarar 16 ano dovpusrgov favri pijxe.
énel oy 5 AH viig HA peitov dvvarar v dxo dovp-
ufrgov fovrh pyxer, dev doo TG terdore pépet tou
ano tig AH leov maga iy AH magafindy édieimov
elde Tevpayavo, sls aovppstoa avTyy Sredsl, TeTuodo
oty § AH 8iye noté: v E [onpeiov], xal 16 dnd tijg
EH [oov mage iy AH mogaBefiioda éAAeslmov £idee

3. doxx 10 4B V. Gga] om. PB, m. 2 F, ywoloy
&pa B. 4, 8mep #0ec Seifon] comp. P, om. BFVh. 6.
o=’ P, 8. &ovt BY, comp.Fb.” 9. 4B] ABI'P. 10. Exryg
tijg] corr. ex Fatng m., rec, P. 11. 7] om. BFVb, 14,
wel obderépe] in ras, F,  15. avras] tay AH, Hd BVh, e
corr. F. 18, zi¢] (alt.) e F.  17. ovppéreov P.  favrod F.

18, #wed — 19. prmes] mg. m. 2 B, 19, favriig B, favred F.
vob] 16 b. 20. AH] 4H B,  mopePilopsr B, mege-
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AN irrationalis est cum rationali totum medium ef
ficiens, quae uocatur [prop. LXXVII]. et AN?= 4B,

Ergo recta spatio 4B aequalis quadrata recta cum
rationdli totum medium efficiens est; quod erat de-
monstrandum.

XCVIL

Si spatium recta rationali et sexta apotome com-
prehenditur, reeta spatio aequalis quadrata recta est
cum medio totum medium efficiens.

Spatium enim 4B rationali 41" et sexta apotome
A 4 comprehendatur. dico, rectam spatio 4 B aequalem
quadratam rectam esse cum medio totum medium
efficientem.

nam AH rectae 4. congruens sit. itaque 4H,
H 4 rationales sunt potentia tantum commensurabiles,
4 4 E Z H et neutra earum rationali pro-
positae AI" longitudine com-
mensurabilis est, tota antem

i
r B I K

AH congruentem 4H quadrata

4 ¥ excedit quadrato rectae sibi
Nk longitudine incommensurabilis
S—Y .n';..: & [deff. tert. 6]. iam quoniam
X AH? excedit HA® quadrato

- rectae sibi incommensurabilis

F M longitudine, si + AH?® aequale

rectae 4H adplicatur spatium figura quadrata deficiens,
in partes incommensurabiles eam diuidet [prop. XVIII].
A H igitar in puncto E in duas partes aequales se-
cetur, et quadrato EH® aequale rectae 4H adplicetur

folidpevoy F, mequfillopsy Vb, 22 onueiov] om. P, zg]
6 F.  23. foov] om. V.  loowy dieimov V.
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rergayave, xal fotw ©o vnd tov A2, ZH' aovppstoog
dpa fotly 3 AZ vij ZH pinsi. og 0% § AZ moog
v ZH, oinrwg ot 16 A1 meds 160 ZK* dovppsroov
doa fotl v0 AT v ZK. nol énel of AH, AT fmral
sl dvvapse povoy ovupstgor, péoov fotl ro AK.
meédov, émsl af AT, AH ¢nral sioe xel dedupctoor
wifxse, pégoy fovl xal v0 AK. émsl ovv of AH, HA
dvvdpe pévov evppetpol slow, dovuucrpos doa darly
N AH tf HA pixe. g 0% n AH =medg v H I,
otrwg Zott 16 AK mpos vd KA+ dovupsroov dpe
dovl 10 AK i KA. ovvedrito odv v ulv AT
Igov terpaymvoy 10 AM, v 0 ZK loov apppiedo
mepl thy avriy yoviev 0 NE' megl tv avryy doa
diduzrpov éore ta AM, NE verpayove. Eeto avrdov
dutpsrgog 1 O P, xal xevayeypdpdo 10 oyfjua. duolmg
&7 zolg émave delbousv, ove § AN Ovvetar to AB
1oglov,

Aéya, v § AN [7] peve péoov péoov vd dlov
moLovow faTiv.

‘Ensl yag uéaov elydy 10 AK xai éotiv ioov
roig ame vy A0, ON, 10 &po ouvyxeluevov &x rdy
axd tov A0, ON pioov fovlv. mdlw, émel péoov
80elydn 16 AK xal dorv ldov e bl vwoé vav A0,
ON, =al zé 8lg Um0 év A0, ON péaor doriv. mxal

26 émsl agvppsrgov £8slydm vo AK v JK, aovuppsron

[#pe] dott xel ¢ dmo rov A0, ON rvergayove T
dlg vmwo rdy 40, ON. =xal émel dovppsrpor fote o

1. devppergor P, corr. m. 1. 2, ZH] HZ F. 8. 4I]
dxd AIF. 4 doxly P. AI] corr. ex A’ m, re¢, P, 5.
AK] corr. 6x 4K m. rec. P, 8. maliv — 7. 4K] om, P.

10, K4] 4KV, 11, Kd] corr.ex 4KV, 12, dypperiede
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spatium figura quadrata deficiens, et sit 42 >< ZH.
itaque 4Z, ZH longitudine incommensurabiles sunt.
est autem AZ:ZH = AI:ZK [VI, 1]. itaque A1,
ZK incommensurabilia sunt [prop. XI]. et quoniam
AH, AT rationales sunt potentia tantum commensu-
rabiles, 4K medium est [prop. XXI]. rursus quoniam
AT, JH rationales sunt et longitudine incommensu-
rabiles, etism 4K medium est [id.]. quoniam igitur
AIl, HA potentia tantum commensurabiles sunt, 4H
et HA longitudine incommensurabiles sunt, est autem
AH:HA = AK:KA4 [VI, 1). itaque 4K, K4 in-
commensurabilia sunt [prop. XI]. construatur igitur
quadratum 4 M= A1, et spatio ZK aequale auferatur
NE in eodem angulo positum. itaque quadrata A4M,
N5 circum eandem diametrum posita sunt [VI, 26].
git OP eorum diametrus, et desgribatur figura [uol. I
p. 137 not.). eodem igitur modo, quo supra, demon-
strabimus, esse AN? = A4B.

dico, AN rectam esse cum medio totum medium
efficientem. ram gquoniam demonstrauimus, 4K me-
dium esse, et 4 K=_A40*4- ON?, 40?4 ON® medium
est. rursus quoniam demonstranimus o K medium esse,
et 4K =240> ON, etiam 240> ON medium
est. et quoniam demonstranimus, 4K et 4K incom-
mensurabilia esse, etiam 40+ ON? ot 2 40><ON
incommensurabilia sunt. et quoniam 4I, ZX incom-

0 NEV., 13, meel — yovluy] om, Fb, mg. m. 2 B. m}njw]
(pring) adriy wy o6 AOM V. 10 NE]owm. V. 14. don
el V. tergdywve] om. V. 16, Svworar — 18. AN] mg.
m 2V. 18 7] (alt) om. P. 20, fov] m. 2 F. 22
fatl PBVY, comp. F. ~ 24, e/ PBY, comp. Fb. 26, dea]
om. BFVbh.
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AI v ZK, devppstoov dgn el vd dmd Tig A0 g
and tig ON' of A0, ON &ga dvveps loly devy-
HETQOL MOLOTOHL T6 TE CUYxslpEvoy éx TOY dm edTHV
Terpaywvoy pégov xal 16 dlg v’ avrev pédov Fre e
te 4 adrdv vergdyeve devpuiTea t@ dlg U avTav.
7 Gpe AN #loyog demiv 4 xmlovpdvy pere udeov
pédoy 1o Slov morovee xal dvvarar vo AB ywglov.

‘H #ga 1o ywplov Svvapdvn pera uéoov péoov 1o
Slov mowovee doviv: Bmeg Ede detbo.

6§

To. axdé amoToudjs mage onryy magufalid-
pEvov mAdtog WOLED AROTOUNY WQWTYY.

"Eeve axovoun i AB, énray 8t § I'd, xal v6 dmo
g AB loov nmega viv I'd nogafefiedeo vé I'E
widtog mowovv myw INZ° Aédyw, Ot 9§ I'Z dmoropq] dou
mpaTY.

"Eote yugp ) AB mgodapudfovea 57 BH' of dge
AH, HB {nrel elor Svvdups pdvoy adpusrgor. xel
v piv and vijs AH loov mege viy I'd magefeflicdo
10 I'@, 6 0t dmo vijic BH 16 KA. Glov &pa v6 I'A
isov édatl toig dmd tév AH, HB' dv 10 I'E loov
dotl ©d amo tiig AB' Aowmov dpw vo Z.A loov éori
1o Olg Umo rdv AH, HB. twergijoBw 5 ZM Siya
xere t0 N enusiov, xel 7700 dw zod N o I'd
wapadindogs 1 NE' ixdregov &ga tov ZJ5, AN
toov dotl ve vwo tov 4AH, HB. xal émel ta dmd

2. ON] (priag) NOP. 3. zz] uév BFVb., quyreipsvor]
m 2V, 4 xef] ine.m. 1V. “Iu] e inras, V. 8 AN]
corr, ex AN B, 7. mwowobome . 8. ywglov] AB BFb, 4B
goploy V. 9. Gmee #u Seifeu] :~o P. 11, dno] om. b.
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mensurabilia sunt, etiam 40% O N? incommensurabilia
sunt, itaque 40, ON potentia incommensurabiles
sunt efficientes summam quadratorum mediam et duplum
rectangulum medium et praeterea quadrata et duplum
rectangulum incommensurabilia. itaque 4N irrationalis
est cum medio totum medium efficiens, quae uocatur
[prop. LXXVIII]. et AN®= 4B,

Ergo recta spatio illo aequalis gnadrata recta est
cum medio totum medium efficiens; quod erat demon-
strandum.,

XCVIL

Quadratum apotomes rectae rationali adplicatum
latitudinem efficit apotomen primam.

Sit 4B apotome, I'4 autem rationalis, et quadrato
AB? aequale rectae I'd adplicetur I'E latitudinem
efficiens I'Z. dico, I'Z primam esse apotomen.

p 3 H _ nam B rectae AB. congruens
—— sit. 1taque 4 I, H B rationales sunt

[prop. LXXIII]. et rectae I'A ad-
plicetur I'® = A4H?®, K 4 = BH?.
itaque totum I'd= 4H* | HB®
quorum I'E= 4 B% itaque religuum ZA4 =2 AH><HB
(11, 7]. jam ZM in puncto N in duas partes aequales
secetur, et per N rectae I'4 parallela ducatur NE.
itaque Z 5 = 4N=_AH>< HB. et quoniam 4H?-|- HB?

r Z _NK M potentia tanfum commensurahiles
I
!

12. moei P, corr. m. 1. 17. 4B] Bin ras. V. BH] HB

ecorr. V. 19. AH] corr. ex A m, 1 F. 22 ZA) AZ P,
23, zér] om. P. 25 ZE] EZF. AN]correxNAY,
26. t@ Fmef tmwo V.

Euelides, edd. Heiberg ot Mengs. IIIL 20
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oy AH, HB ¢yva dovwy, xei d6ve voly amd tév A H,
HB isov 10 4M, gnrov doe forl 10 AM. xel naga
oy iy I'd mepuféfinrar xdavog mowody v I'M:
¢nry doe fotlv ) I'M xal cvpusrgog vff I'Ad unnst.

5 madw, émel péoov forl t0 Olg vmo tov AH, HB, xel
16 dlg Uno rov AH, HB loov ©0 Z 4, pédov &ga to
Z A, xol mopix fyroy v I'd megéxsivas xidrog mototy
iy ZM' fqey dou éotlv § ZM xal @ovupergog ti
I'd pixer. xal Zzel vé piv dmd oy AH, HB $qre

10 Zeriv, vo 0} dlg tmo tdv 4 H, HB pédov, aovpucron
dpe fotl to and tov AH, HB ©d dig vmo rov AH,
HB. xal volg plv dnd vév AH, HB iloov éarl 16
I'4, g 6t dig vnd tév 4H, HB ©0 ZA' aavppsrgov
dge: fovl vo AM v Z.A. g 6 o AM mds To

16 Z A, obrag dovly  I'M mpds vy ZM. dovpusrgog
ttpa dotlv §) I'M v ZM prer. xol sicwy dupdrspoas
¢nral of Gou I'M, MZ $yral sloc Svvdps pivoy
evupergor §) I'Z &dpr dmotopun fomiv. .

Aéyw 3, 8u xal mepdry.

20 ’'Emel yep zdv émd vév 4H, HB péeov dvdioydv
dote 70 Umo tov AH, HB, =l d6ve 10 pdv and rijg
AH toov 16 I'®, zj9 81 amd vijg BH loov t6 KA,
T 0% Vmd rov AH, HB 10 NA, xal tov I'O, KA
dpu péoov dvdioydy fove vo NA' fovv dpa &g o

25 I'® mgdg vd N A, olrws to NA mpos to KA. aid’
&g plv 10 I'® meds v6 N A, otrws dotlv 5 T'K mpdg

1. gnzd — 2. HB] mg. m. 2 B, 1. éovw] dous PBVD,
com% wel doze toig] voig 36 V. 3. megaxsirer Theon
(BF b), naguﬂdﬂlﬂmt supré add. m. 2 B. 8. o] corr. ex
w6 FV. 8 Zdziv] borl wal F.  xal mmp ¢zgog] bis b,  10.
Gcm BY, comp. b, #lo: F?  péoa P, etg' corr, m, 1, 11,
épa] om. B. fatty P. 12, um’] xaf fars BEVD, dorl]
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rationale est, et 4 M == 4H® | HB! 4M rationale
est. et rectae rationali I'4 adplicatum est latitudinem
efficiens I'M. itaque I'M rationalis est et rectae I'd
longitudine commensurabilis {prop. XX]. rursus quon-
iam medium est 2 AH><HBE, et Z4=2 4H><HB,
Z 4 medium est. et rectae rationali I'4 adplicatum
est latitudinem efficiens ZM. itaque ZM rationalis
est et rectae I'S longitudine incommensurabilis [prop.
XXII). et quoniam 4H?®-- HRB® rationale est, 2 AH>< HB
autem medium, 4 H® 4 HB? et 2 AH >< HB incom-
mensurabilia sunt. ef
I'd= AH® 4 HB? ZA =2 AH> HB.
itaque 4M, Z A incommensurabilia sunt. est autem
AM:ZA=TM:ZM [VI, 1]. itaque I'M, ZM
longitudine incommensurabiles sunt [prop. XI]. et
utraque rationalis est. itaque I"'M, MZ rationales sunt
potentia tantum commensurabiles. ergo I'Z apotome
est [prop. LXXIII).
iam dico, eandem primam esse. quoniam enim
AH >¢ HB medium est proportionale inter 4H® et
HB? [prop. XXI lemma), et I'® = 4H? K A== BH?
NA==_4H > HB, erit etiam N4 medium propor-
tionale inter I'®, K 4. quare '&:NA = NA:KA.
est autem I'@: NA=IK:NM et NA:KA=NM:KM
[V, 1]. itaque 'K >< KM= MN? [VI, 17] =} Z M
om. BFVb., 13 HB] corr.ex 4B m.1b, HB fsov V. 15.
wpv] om.B. 18, éonr BVY, comp. F.  21. dowi] (alt.) doviw P,
TH] COrT. ex wm1F. 22 -m 8 Omd tév AH, HB ltov to
NA, @ 8 éxo tijc BH loov 10 K4+ xal #7k. Theon (BF Vb).
24, NA4] e corr. V. forty — 25. meog o NA] mg. m.
1P 26. WA] corr. ex ANV, ovrag — 26. NA] mfg;]

m. 2 B. 28, NA] corr. ex AN V {gziv] m. 2 F.
ras. 1 litt. b.

20%
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v NM* &g 6% vo NA ngos 70 KA, olrwg fotly
% NM moog viy KM 16 &pe vmo wév 'K, KM
loov éotl v amd thig NM, tovtéon. ve tevdgro pdost
tot and thg ZM. xel émel odpuevgdv fote TO dmd
tijg AH v dxd tiig HB, avupergiy [fore] xal 0 I'G
o KA. dg 0} ©6 I'@ mpdg o KA, obrwg 4 T'K
noog v KM' odupcrpog dge dorly § I'K vjj KM.
éxel ovv 8Yo svdeier dwviool slow of TM, MZ, xai
t¢ vevdpre pfest Tod amd tiig ZM ldov maga i
I'M meguféfinror dielmoy elder tevouywve Td Txd
rov I'K, KM, x0! éov. ovppsvgog 5 I'K ©fj KM,
7 &ga I'M g MZ peifov Ovvare: vf and cuppsrgov
favrfy pijxet. xal éovwy ) DM avppsetgos v Sencspdvy
éyey v I'd wixer 5 dpa I'Z amotous) Z6v. wmgairy.

To dpe amd dmotopdis mega $nryy mapabailépevoy
mAdtog moiel dmovousny mpdTny' Omep e dsiken.

an'.

To dmd péong dmorouss TedTyg Raga SRy
moegafuliopsvor mddrog moiel dmorouqy dsv-
tépav.

"Eotm péong amorous; mewty 5 AB, dqii 8 ¢ I'4,
xel ve) amo tijg A B loov maga vy I'd megafefliiodao
t0 E midvog mowotw toy I'Z* Aéyw, Owe 9 I'Z dmo-
Tops] fore devrépe

"Eevw yap tj AB mgooeguifovoe 1 BH' of dga
AH, HB péoet &lol dvvause udvov ovppergor ¢nrov
mepiéyovour. xal T udy and ric AH loov mepa Toy

1. 6g 6 — 2, XM] om. F, uvidetur fuisse in mg. 2. Poat
prine X M add, xel dbg ¥poe % I'K mpog thiy NM (MN F), ofrog
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et quoniam 4 H® HB® commensurabilia sunt, etiam
I'®, KA commensurabilia sunt. est autem
I'g: Kd=TIK: KM

[VI, 1} itaque I'K, KM commensurabiles sunt [prop.
XI). iam quoniam sunt duae rectae inaequales I'M,
MZ, et } ZM*® aequale spatium rectae I'M ad-
plicatum est 'K >< KM figura quadrata deficiens, et
'K, KM commensurabiles sunt, I'M? excedit MZ?
quadrato rectae sibi commensurabilis longitudine [prop.
XVII]. et I'M rationali propositae I' 4 longitudine
commensurabilis est. itaque I'Z apotome est prima
[deff. tert. 1].

Ergo quadratum apotomes rectae rationali adpli-
catum latitudinem efficit apotomen primam; quod erat
demonstrandum, :

XCVIIL

Quadratum mediae apotomes primae rectae rationali
adplicatum latitudinem efficit apotomen secundam.

Sit 4 B mediae apotome prima, I'4 autem rationalis,
et quadrato 4B® aequale rectae I'4 adplicetur I'E
latitudinem efficiens I'Z. dico, I'Z apotomen esse
secundam.

nam BH rectae 4B congruens sit. itaque AH,
HB mediae sunt potentia tantum commensurabiles

NM =gt i KM FVh. 8, zoviéeniy P. 4. ovppergos P,
corr. m. rec. foniv P, 5. égrt] om. P, 11. Zomv P,
covupezgog F. 12, 'M] MTI e corr. V; XM supra ser.
T'h, MZ]ZMPF. dovppérqev b, d- add. m. 2 F. 15,
mope ¢nriv] om. V. 16, &meg &0 d2ifor] comp. P, om.
BFVb 21. péan BFVL. 22. Post muge del. ¢gn m. 1 P.
Al rMF. 28, TE] corr, ex I'& m, rec. P. 25, BH]
corr, ex ZH m, 2 V. ol dpa] doa f F, 26. slotw B.
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I'd mogafefiiodo vo I'® mldrog mowoty v LK,
T 0F and vijg HB loov vo KA mddvog mowovy v
KM 6lov ége ©6 I'd lov dati roig and tdv AH,
HB' pégov dge xal vo I'A. xel mege dnyoyw tqv I'd
5 mepdxsTer mAdtog mowovy Ty M fyray &pa focly
% DM xel doviustgog tfj I'd wijne. xel énel vo I'd
lsov éovl toly amd vy A H, HB, av to dnod tijg AB
taov dovi v I'E, Aotmby &oa v dig vmo tdv AH,
HB loov Zovl v ZA. ¢§nrdv 0 [fone] vd dlg vmo
10 vov AH, HB* {nrov doa ©0 ZA. xel mepa $nryy
v ZE mogdxsiror widrog morotv iy ZM' nri} dpw
dorl xal 5 ZM nel odupsroog vi] I'd pijxsi. émel ovw
e pdv amd zov AH, HB, tovtéore to I'd, upéeov
dotlv, 6 0% 8ig vmd Tdv AH, HB, roviéon. 1o Z A,
16 $nrow, aovuusrgov #gn fori vo I'd vy ZA. og 8% 10
I'4 mpds vo Z A, otrws dotly § I'M mpds tpy ZM-
acvppetgog dga § I'M v ZM pixe. xai sl dyu-
poregar ¢nrel of dpa I'M, MZ fqral sier Svvdps:
povov edupergor 5 I'Z Gpa amorour Zotw.
20  Aéym &, 61 xel davrépe.
Tevunodo yap n ZM Oiye xava to N, zod f18e
oue tov N tff I'd mapdiinlog i NE' fxarepov &oo
trav 25, NA loov {ori vpp Umo tév AH, HB. xal
insl rév ano vov AH, HB rerpaydvoy péoov dvd-

1. 7o dpe fefirefe p. 6 '®) om. V, supra est ras.
K] TKw I'@ V. 8. I'd]Idb. 4 Post HB add
sl bove ta omd vov AH, HB péow sel fow tg T4 V. 5.
éntr] -79 in ras. P. 6 5 I'M xal] m. 2 F. B. {otl tad
I'Ej g I'E dv g. 9. éom] om. P. 10. doa] dozt nal V,
supra add. &pe m. 2; o wal F? gmxt ¢). 12 feriy B. 14
dor/ PBFY, comp. b.  HB ¢nzév V. ZA] I'4, supra scr.
Z, b 15, $qrov] om. V.  &pal m. 2 F. 16. mgog 6
=6 B, corr. m. ¢, feeiv] om, V. 17, dodpperpog — ZM]

h.



ELEMENTORUM LIBER X. 311

p s g spatium rationale comprehen-

et —— dentes [prop. LXXIV]. et qua-
r Z NK M drato 4H*® aequale rectae I'd
adplicetur I'® latitudinem efficiens
'K, quadrato autem H B* aequale
K A4 latitudinem efficiens KM
quare totum I'd = AH? 4 HB'. quare etiam I'A
medium est. et rectae rationali I'4 adplicatum est
latitudinem efficiens I'M, itaque I'M rationalis est
ot rectae I'A longitudine incommensurabilis [prop.
XXII]. et quoniam est

I'd = 4H® 4 HB?Y,
quorum 4 B? = TI'E, erit reliquum 2 4H>< HB=2Z 4
[, 7). uerum 2 4 H>< HB rationale est. itaque Z.A4
rationale est. et rectae rationali ZE adplicatum est
latitudinem efficiens Z M. itaque etiam Z M rationalis
est et rectae I longitudine commensurabilis [prop.
XX]. quoniam igitur 4H® -+ HB® hoc est I'4, me-
dium est, et 2 4 H>< HB, hoc est Z 4, rationale, I'"4
et Z4 incommensurabilia sunt. est autem
IFd:ZA=IrM:ZM

[VI, 1]. itaque I'M, ZM longitudine incommensura-
biles sunt [prop. XI). et utraque rationalis est. itaque
I'M, MZ rationales sunt potentia tantum commen.
surabiles. ergo I'Z apotome est [prop. LXXIII].

iam dico, eandem secundam esse. ZM enim in N
in duas partes aeguales secetur, et per N rectae I'A
parallela ducatur N5, itaque ZE=NA= A H>HB.

4 E E6® 4

mg, m. 2 B, 18, Heal o, post MZ hab. F. 19, denu BVD,
comp. F,  20. Gz doxl{ Vb,  devrépa dotiy B, 23. 251
Z in ras. B. 24. énmel] fr: B (supra est ras.).
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Aoydv dovs 16 vwd viv AH, HB, xai fovw loov 1o
udv axd g AH o I'®, ©o 8t vxd wov 4H, HB
70 NA, t6 8t éno vig BH vg KA, xal zév I'8,
KA dpa péaov avaloyor fet véo NA- Eotwv doo oig
10 I'@ mpdg t6 NA, ovrwg vo NA mpog ©o KA.
aAd’ og udv 16 I'® medg 10 NA, otrwg dotlv % 'K
npog vy NM, g 6% t&0 NA meog ©0 KA, obreg
dotlv §} NM zgog vijv MK' wg éga % 'K mpog v
NM, otrag éotlv 3 NM mgog vy KM- ©0 #po vmd
tav I'K, KM ooy orl 1é amo tiig NM, rovrion
TP TeTdQre pegse vouU dmd tig ZM [xel émel ovu-
peTpdy fore v6 dnd vig AH v¢ énd zhg BH, ovpus-
toov dove xal vo I'O v K A, tovréorw 5 'K v} K M.
énel oty dvo ebdear dwvicol slaw of TM, MZ, xal
0 tevdgre péos To¥ amd vis MZ ilsov mape Ty
pedbove vy I'M mapafsfiyrar éldsimov sider Tergo-
yévo o Uné rov 'K, KM xel els ebuperoe adryy
duepet, 5§ doe I'M tijg MZ peilov dvverar ve amd
ovpufrpov favrf; wijxei. xal foTiv 9 mpodugudfovae
% ZM ogvupsrpog pixer tij dxxewpdvy nri] o TA 5
&g I'Z dmotows} éore Sevrépn.

To dge amd péong amorouts WewTyg waga GnrHy
nepafaliduevoy wAdros mowsl amovouny dsvrigav:
omep E0er detka.

oo,

To amd pfeyg dmorouts dsviépag maga
énTy waguPaiiopsvoy midrog sl axoropuRy
teiTyv.

1. fomy] fome V. [oov] sopra scr. m. 1 V. 2. 1] in
ras. V. 8, rg)] rév mut. in w6 m. 1 V. ] ig P =]

w0 PV. ] o b b5 76 NA] (alt) mg. m. 2 F. =meag
16 KA] 160 NA . Deinde del. m.1: adl’ o¢ piv 70 I'® medg
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et quoniam 4 H>< HB medium est proportionale inter
AH?* ¢t HB [prop. XXI lemma], et AH? =TI,
AH> HB=NA, BH*= KA, etiim N.A me-
dium est proportionale inter I'®, KA. itaque erit
I'O:NA=NA:KA verum I'O:Nd=TK:NM,
NA:KA=NM:MK [VL1]. quare 'K: NM == NM: KM.
itaque FK>< KM= NM? [VL, 17], hoe est =}Z M2,
iam guoniam sunt duae rectae inaequales I'M, MZ,
et } MZ? aequale maiori I'M adplicatum est spatium
'K > KM figura quadrata deficiens et eam in partes
commensurabiles®) diuidit, I'M* excedit MZ*? quadrato
rectae sibi commensurabilis longitudine [prop. XVII).
et congruens Z M rationali propositae I'A longitadine
commensurabilis est. itaque I'Z apotome est se-
cunda [deff. tert. 2],

Ergo quadratum mediae apotomes primae rectae
rationali adplicatum latitudinem efficit apotomen se-
cundam; quod erat demonstrandum.

1C.
Quadratum mediae apotomes secundae rectae ra-
tionali adplicatum latitudinem efficit apotomen tertiam.

1) Nam A H? et BH® commensurabilia sunt, et
AHV:BH'=TI€@:KA=TK:KM
[VI, 1]; tom u. prop. XI.

76 N4, ottog vd N4 meoe 16 KA V. 8 NM] Ninras. V,

9. ferdy] om. V., 11, 7o9] o F. wod dmel — 13,
KM)] om. P, 12. #9z:] om. Fh. Post BH del. obrmg
m 1 V. 18, dort] supra ser, m, 1 FV. 14, dv0 sddsion
suprascr.m. 1 F.  xal t6] = 8§ BFVY, 15, 74jg] e corr. V.

MZ] corr. ex ZM V. 17. 6] mat. in v m, 2 P, 18.
77g} corr. ex = m. rec. V.  20. Mg. yo. ¢odppergog m. 1 P.

r'd] I'd e . 22. m;porng] om. P. 24. gmeg Eder
dtifenr] : y= P, om. BF Vb,
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"Eorw pdong dmorous; Gevtépe 7 AB, fyry 0% 3
Ir'd, sl @3 amo tijg AB loov mege vy I'd mage-
Bepiriodw o I'E midrog mowovw iy I'Z' Adpw, Gne
7 I'Z amovous] éore toiry.

*Egrm yao vij AB mpoeupudfovee % BH' af dpa
AH, HB péoar &lol dvvaper pdvov ovuperpor uéoov
mepuiyovder. xel vg plv dmd tig AH idov mags vy

. I'd nogafefinodo rdo I'6 xidtog mowvr v 'K,

10

15

20

26

te 8% dxnd rijc BH ilgov mage iy KO magufeflriodn
t0 K A mhdrog morovw vy KM- Gdov dga td I'd leov
dorl toig emd vov AH, HB [xel dori péoa T &mo
vov AH, HB]" péoov doa xal 70 I'd. xel mape fyriy
v I'd mogaféfinres midrog mowoty v I'M* qrn
doo fovly ) I'M xel dodppsroog v I'Ad wixe.. xal
émel 6Aov vo I'd foov éarl zolg dmd rov 4H, HB,
wv 10 T'E lsov éorl v d=d vijg AB, lotaly dpa o
AZ loov éorl td Olg ©vmd tdv 4H, HB. reruieda
ovv ) ZM Oiya nave vé N onustor, xal o I'd magdl-
Andog fgPo § NE* éxdrvegov &gu tav Z5, NA leov
dorl v vmo tav AH, HB. pfoov 0t to Dmwo rév
AH, HB" péaov dga dorl xal 1o Z A, el wage fnryw
v EZ mogaxeiver whavog mosoiv tiy ZM: $nui
tpn xel  ZM xol acvupergog i I'd umxst. xal
énel ol AH, HB dvvepe: uyovov elol ovuustgor, dovpu-
uergog dpa [fovl] pixee % AH ©fj HB* dedpusroov
dpe éorl nal vo dmwo vijg AH té twd vdv AH, HB.
dAdé v pdv dxd vig AH evpperps fovi To dxd Taw

1. uéen BYV. devedpa] in ras. V, 4. zolty focly
BFVbh. 9. K@) corr. ex 'O V., 10. XM] corr. ex KA
m 1F. TA] corr. ex XA V. 11, xa/ — 12. HB] om.
FVb, m. 2B, "13. fprév P. 17, A2} corr.ex ZA V. 2L
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Sit 4B meédiae apotome secunda, I'd autem ra-
tionalis, et quadrato 4B aequale rectae 'S adplicetur
I'E latitudinem efficiens I'Z, dico, I'Z apotomen
tertiam esse.

nam B H rectae A B congruens git. itaque 4AH, HB
mediae sunt potentia tantum commensurabiles spatidm

4 g y  medium comprehendentes [prop.

f————— LXXV]. et quadrato A4H® ae-
I’ Z NK M quale rectae I'4 adplicetwr I'®

latitudinem efficiens I' K, quadrato
. autem BH® aequale rectae K@

adplicetur K4 latitudinem effi-
ciens KM, itaque totum I'd = 4H®-| HB: et
AH® + HB® medium est. itaque etiam I'4 medium
est. et rationali I'4 adplicatum est latitudinem of-
ficiens I'M. quare I'M rationalis est et rectae I'd
longitudine incommensurabiliz [prop. XXII]. et quon-
iam est I'd = 4H® 4 HB? quorum I'E = AB?
erit reliquum A4Z =2 4H> HB [II, 7]. iam
ZM in puncto N in duas partes aequales se-
cetur, et rectae I'4 parallela ducatur Nz itaque
ZE=NA= AH><HB. uwerum 4H>< HB medium est.
itaque etiam Z.4 medium est. et rectae rationali EZ
adplicatum est latitudinem efficiens ZM. quare ZM
rationalis est et rectae I'4 longitudine incommensu-
rabilis [prop. XXII]. et quoniam 4H, HB potentia
tantum commensurabiles sunt, .4 H et HB longitudine
incommensurabiles sunt. quare etiam 4H? et 4H><HB
incommensurabilia sunt [prop, XXI lemma, prop. XI}.

¥ E = a4

ZA) corr.ex ZAm. rec. P, mut.in AZ V. 23, xef] (primum)
fomwy V. 25, dovd] om. P. AH] Hinras. V. 73] om. b.
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AH, HB, ¢ 0t imo zdv AH, HB t6 dlg ¥md tdv
AH, HB" aovuusren &pe o1l ve dno tov AH, HB
zi3 Olg Do tov AH, HB. dide tols plv amd vav
AH, HB l6ov Zotl 10 I'd, ¢ 6% dig 9md rov AH,
HB ldov dorl vdo ZA" cevpusrgoy dga éoti o I'A
19 ZA. g 0% 10 I'd mpdg v0 Z A, obrwg éotlv 5
I'M ngdg vy ZM: dovupsergog &g éorlv 3 I'M =]
ZM pixe. wei elow aupotegee $nrel” of ggu I'M,
MZ ¢nral sloc Svvdpe: povov ovppsTool” damoToun
dpa éotly 5 I'Z.

Aéyar 81, St nel Tolry.

‘Enst pap ovpuereov ior: t0 dnd tijc AH td and
rijc HB, evpusrgov dpa xal vo 'O vg KA dove
xel m K vij KM. xol émel vov ano vov 4H, HB
péoov avdioyov fov 1o vmo 1ov AH, HB, xal o
v piv and tijs AH igov vo I'®, v 8t and vijg HB
lsov v6 KA, 16 8% vmo vév AH, HB leov td6 N A,
xal tov I'®, KA &pu péaov dveloydv éove 160 N A
forwv dpee wg 10 T'® meig t0 NA, olzeg 0 NA
mpos 10 K 4. ddd’ og wulv 10 I'® xgog vo N,
ottwg éotlv n I'K wmpog typv NM, og 0% 10 NA moog
10 KA, otnwg dovly §y NM mpig vy KM ag dpa
% T'K =mgog tv MN, otrag forviv § MN mpog nv
KM ©d dge v rov 'K, KM idov éorl v [dnd
zijg MN, tovtéer. tg3) revdgre péps vov amod tig Z M.
imel ovv 8vo eddelow dvidol elow of TM, MZ, xal
1 verdpre pfese vod dmd thig ZM ldov mega Ty
I'M nopefiéfinrac éAdeimov eldst tevpayove xel &

1. 0] ogypsrgés: d67i 6 Theon SBFVB). 2. Post HE

del. 6 ZA V. aovpuerpe — 3. HB] om, P. 2. dodppcrge
— 5 ZA]lmg.m 1V. 2 dee] om. b, lonr doe V.  dxmd]
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uerum AH® et AH?-+ HB?, AH><HBet2AH>HB
commensurabilia sunt. itaque 4H2+ HB? et 2 AH><HB -
inecommensurabilia sunt [prop. XIII]. est autem

Pd= AH*+4+ HB* ZA =2 A4H > HB.
quare I'4, Z A incommensurabilia sunt. est antem
r4:Z4=IM:ZM [VI, 1]. quare I'M, ZM lon-
gitudine incommensurabiles sunt [prop. XI]. et utraque
rationalis est. itaque I'M, MZ rationales sunt potentia
tantum commensurabiles, ergo I'Z apotome est [prop.
LXXIIT].

Tam dico, eandem tertiam esse. nam quoniam .4 H?,
HB® commensurabilia sunt, etiam I'®, X 4 commen-
gurabilia sunt. quare etiam I'K, KM commensura-
biles sunt [VL, 1; prop. XI]. et quoniam AH>< HB
medinm est proportionale inter 4H? et HB® [prop.
XXIlemma), et I'®=4AH? KA=HB? NA—AH><HB,
etiam N4 medinm est proportionale inter I'®, K 4.
itaque I'@: N4 = NA:K 4. est autem

I'O:NA=TK:NM, NA:KA=NM:KM
[VI,1]. quare 'K:MN==MN:KM. itaque [VI, 17]
FK>< KM= MN?=1ZM* quoniam igitur duae
rectae inaequales sunt I'M, MZ, et { ZM?® aequale
rectae I'M spatium adplicatum est figura quadrata
deficiens et eam in partes commensurabiles diuidit,

mé B. 4. Fd] corr, ex I'd m. ree. P.  zé] vd V. 6. 7]
(privg) mut. in ¢t V. 7. ’M] HI'h. ZM]| MZ P, I'M b.

8. Post ZM eras. p V. 9. MZ] ZM F. 12, evppergos
P, corr. m. rec. 13, dex dos V. ~ KA TAP. 14 KM
cdppergog dome V.  zdv](alt) om.b. 15. fovs] (prius) oz P.

17. omé] ¢mo F.  20. tov KA P. 21 NM] MN bp. 22,
KA NE? P, MNF. dog — 23 tjw KM]] punctis del. V.

23. MN] NM V, doriv] om. V., MN]NMYV. 24
amé — 26, vé] mg, m. 1 P.
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ovupetpe avriy Owgel, 1 I'M épe viig MZ pettoy
dvveras ©$ dmd ovppdreov favr. xel ovderdpe Tov
I'M, MZ ovpperpds €ote unner T éxxepédvy Onrfi vi
4 5 dpa I'Z amoropy 6z tolry.

To &gu amd péong exoropsjs dsvrépus xupe $nray
nagafaiddpevoy xAdvog moisl amotouny toltny: Smee
Edsu dsikee.

o

To ano $ddocovoes xwupa ¢nrny wepafaiid-
[REVOV TAGTOG TWOLEL ATMOTOUNY TETEQPTNV.

"Eovw fldasov 7 AB, ¢nry 6t 5 T'd, xel v dad
tiig AB Toov mage ¢nriy v I'A megefefiiodo 1o
T'E midrvog mowiw iy I'Z' Ayw, Grr 4§ T'Z dnovouy
éove Tevegry.

"Eotw yue ) AB mgocwguifovee § BH of &on
AH, HB dvvdust slolv dovpuerpor morotidar to udv
ovpxelpsvor #x tov and tév AH, HB tsrpeyovey
¢nzév, vo 6 dlg vmd tdv AH, HB péoov. xel to
ptv end tvijg AH isov mepe thv I'd mepefsfifjodae
10 I'® xdavog mowovv wow I'K, v§ 8% and vz BH
toov vo KA mhdrog mowoty ty KM' Blov dpa 1o
T'4 [oov i6ti votg dmd v AH, HB. xal dore 7o
svpnelucvor éx Tév axd vov AH, HB ¢yrov' Jurov
dpe fotl xal to I'd. xal mape $nrgy wy I'd moagpd-
xesvae whazog morovy vy M gy &pa xal ) I'M
xed ovppereos v I'd e, xal dmel Slov vo I'A
fsov Zetl volg dmo 1év AH, HB, &v vo T'E loov iorl

1, uvppngov P. MZ)ZMP. 3 p,nusa.] om. b. 4
doiw P. B, m%corr extpm 2F.  dmé]m 2 F  aepd
¢nTiy] mg. m. 2 6. Omeg {850 deiken] om. BFVD, comp. P.
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I'M? excedit MZ*? quadrato rectae sibi commensura-
bilis. et neutra rectarnm I"M, M Z rationali propositae
I' A longitudine commensurabilis est. itaque I'Z apo-
tome est tertia [deff. tert. 3].

Ergo quadratum mediae apotomes secundae rectae
rationali adplicatum latitudinem efficit apotomen se-
cundam; quod erat demonstrandum,

C.

Quadratum minoris rectae rationali adplicatum lati-
tudinem efficit apotomen quartam.

Sit 4B minor, I'4 antem rationalis, et quadrato
A B? aequale rationali I'4 adplicetur I'E latitudinem
efficiens I'Z, dico, I'Z apotomen quartam esse.

nam B H rectae 4B congruens sit. itaque 4 H, HB
potentia incommensurabiles sunt efficientes 4H*-} HB?

4 g y Iationale, 24H>< HB gutem me-

l — divm {prop. LXXVI]. et qua-
I' Z NK M drato AH® aequale rectae I'd
adplicetur I'@ latitudinem eoffi-
ciens 'K, et K4 = BH? latitn-
dinem efficiens K M. itaque totum
I'd— AH* 4 HB® et AH® -+ HB? rationale est.
quare etiam I'./ rationale est. et rationali I'A4 ad-
plicatum est latitudinem efficiens I'M. itaque I'M
rationalis est et rectae I'd longitudine commensura-
bilis [prop. XX]. et quoniam totum I'f = 4H* | HB?,

4 E a8 4

11. fidoswr] é- in ras. m. 1 P, 14, doriv P.  zevdgry
foviv V. 1B, ydg] m. 2 F. 16. HB] supra ser. m. 1 P,
; 18, pér] om. % 21. KM]J 'K b. 26. xaf] om. Fb,
oty V.
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"t dmo s AB, Aowmdv dpa td Z A lgov farl 6 Olg

10

15

20

26

tmo rov AH, HB. tstpijodm ovv §§ ZM diye nere
10 N onuetov, xal 38w di& vov N omordpe tav I'd,
MA megadindos 4 N5 éxdregov doa tév Z5, NA
feov éorl 16 vmo tov AH, HB. xol dnsl o dlg vmd
tév AH, HB péoov éovi xal éovww lgov v Z A, xoi
6 Z A dpe péoov otlv. nel mege $yryy Ty ZE
naguxsitar wAdTog mwowdy vy ZM: ¢y doa foriy
7 ZM xal aovuustgog tff I'd pijxee. xel énsl vo pdy
cuyksipEvoy éx 1ov dmd tav AH, HB $nrdv devw,
70 8} dlg imd rov AH, HB uéoov, dovuueroa [dpu]
dotl v& dmo tdv AH, HB ¢ dlg vmé tév 4H, HB,
loov 8¢ [éovi] vo I'4 roig end taov AH, HB, g &
dig vmd vdv AH, HB ioov vo ZA* &oduusrpoyv dpn
[dotl] 20 T'M v ZA4. & 0% vo I'd meds 70 Z A,
obrag fotly 5 T'M modg wiv MZ' d&oduuerog dga
dotlv § T'M 5} MZ pujxer. xal elary dugdrzge: ¢yral
of dpe I'M, MZ §yrel elor Svvdper povov edppsroor
amotopyy ige éoviy 7 I'Z.

Aéya [04), v xal Tevagry,

'Ensl yag of AH, HB Svvdus sioly aevpusrool,
dovppetgoy oo xel to dxd vig AH vé axo tig HB.
xel dori T piv and vig AH loov ©o I'®, wp 0% dxo
riig HB loov v0 K A" aevppstooy dga éoti v0 I'O g
KA og 0t 76 I'® mpds 10 KA, odrwg fetly 5 I'K
mpds v KM devuusrgog dga forlv ) I'K ©ff KM
pnxee.  xel éxel vév dmwo v AH, HB péaov dvd-
doydv dovi vd {mo vov 4H, HB, xal d6tiv icov to
plv axd wig AH v I'O, 1o 8% énd vijg HB ¢ K 4,

1. zd] (alt.) ridv P. 2. ofv] otw xal P, 8. zo# N
snpsiov V. 5. rav] om. P. 6. 7] corr. ex 6 m. 1 B,
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quornm I'E = 4B erit reliquum ZA=2A4AH><HB
[II, 7). iam ZM in puncto N in duas partes aequales
secetur, et per N ufrigne I'd, M.A parallela ducatur
N itaque Z)5 o= NAd = AH>< HB. et quoniam
2 AH> HB medium est et 2 4 H>< HB=Z A4, etiam
Z A medium est. et rectae rationali ZE adplicatum
est latibudinem efficiens ZM. itaque ZM rationalis
est et rectae I'4 longitudine incommensurabilis [prop,
XXII]. et quoniam .4 H® 4 HB*rationale est,2 4H><HBE
autem medium, AH® - HB? et 2 AH>< HB incom-
mensurabilia sunt. werum I'Ad = AH®*4 HB? et
ZA=2AH>< HB. quare I'd, Z_4 incommensurabilia
sunt. est autem I'd:ZA=IM:MZ [VI, 1]. quare
I'M, MZ longitudine incommensurabiles sunt [prop.
XI]. et utraque rationalis est. itaque I'M, MZ ra-
tionales sunt potentia tantum commensurabiles. ergo
I'Z apotome est [prop. LXXIII].

Iam dico, eandem quartam esse. nam quoniam
A H, HB potentia incommensurabiles sunt, etiam 4 [*
et HB®' incommensurabilia sunt. et I'® = A4 H?,
KA==HB. quare I'®, KA incommensurabilia sunt.
verum I'@: KA=TK: KM [VI,1]. itaque I'K, KM
longitudine incommensurabiles sunt [prop. XI]. et

7. for PBY, comp, Fb. 10, for: PBY, comp, Fb.- 11,
dger] om. P, 13. & b, dgri] om. P. 14. zd] corr. ex
g m. 1 F. 16 foe/] om. P. 6] in ras. m. 1 P.  Supra
' o ras. est in V. I"_d‘] ZAP. ZA)TAP. 16 medes
vpp] = B, ZMF.  dodppergog — 17. MZ] om. P.  20.
4] om. FVb, m. 2 B. 22. doe] dore V, HB] corr. ex
BHm 2V, 23 6] corr. ex =6 m. 1 F. 26, I'K] KI" P.

27, prinet] mg. m. 2 V. 28. 1d) (alt) zg PV. 29. pév]
om. V. ] w6 PetV,corrm 1. 6]2p P. 5] 16 F.

Supra X4 add. ¥V m. 1D

Fueclides, edd. Helberg et Menge. IIL 1



322 LTOIXEI2N /.

20 0t Umo vdv 4H, HB té6 NA, rév dpa I'®, KA
uéooy dvdioydy doti o NA- Ietwv &pe dg to I'®
neos 0 NA, otrag 10 NA mpds to KA. &Ad g
ptv ©o6 'O mpdg t6 N A, ovrmg éoviv § I'K mpds v
5 NM, dg 0% ©6 N4 mpog ©0 KA, ovrwg dotlv § NM
npog iy KM g dpa % I'K mpdg v MN, ovrwg
dotlv 7 MN mpds iy KM 10 &pe Umd rdv T'K,
KM laov doxl t amo tiig MN, rovtéers ¢ rerdgro
uéper vov dnl vijg ZM. émel ovv Ovo ebdelm dvigol
10 elow of UM, MZ, xal v6 tetagre ufpst vov amd vijg
MZ loov mope tiy I'M mepafifinrar édielmov slda
vergapave v vmo vov 'K, KM xel el dotpucron
avry Swpsl, 3 dea I'M g MZ ustfov Svvarer 1o
axd acvppfrgov favei. xel fovey Odn y I'M ovu-
15 pergog prjxee T exxspévn nrfl off T'd' v goa T'Z
amoropy; £otL TETHQTY.
To dpe dmd éAdosovog xal te EEfig.

oo .

To amo tig pera ¢nrov pfdov vo Giow

20 wocovOng Wugk fnTfv nagafiallipsvoy mAdtog
wotel amoTouny mépmTYV.

"Eorw v pere ¢yrvot pédov td Glov mowotoe % AB,
¢nrn 0%  I'd, xol ©@ ano vijg AB leov mape Ty
I'4 mogefsfiiobmw 0 I'E midrog mowdv tiy I'Z’

26 déyw, Ore v I'Z dmovous) éove méumoy.
"Eorw yap v5] AB mposagudfovee % BH' of dgu

1. ¥=d] corr. ex d=é V. wav] (alt) vé b. 8. N 4]
AN F. ottwg — 4. NA] mg. m, 2 B, 3KA]KAF
4. pév] om, V. Gm:[v m. 2 F. 6. og] xal dg b, mg. V.
oo — 1. iy XM mg. 6. tiv] (alt.) z6 . 8 NMP,
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quoniam 4 H>< HB inter 4H®, HB* medinm est pro-
portionale [prop. XXI lemma}, et AH*=10, HB}*=K 4,
AH > HB = N, inter I'®, K 4 medium proportio-
pale est N4 itaque I'@: N4 = NA:K A4 uverum
I'é:NA=IK:NM, NA:KA=NM:KM [V], 1]
itaque I'K: MN=MN:KM. quare 'K >< KM= MN?*
[VI, 17} =% ZM? iam quoniam sunt duae rectae
inaequales I'M, MZ, et { MZ? aequale rectae I'M
adplicatum est I'K >< KM figura quadrata deficiens et
eam in partes incommensurabiles diunidit, I'M?® excedit
MZ? quadrato rectae sibi incommensurabilis [prop.
XVHI]. et tota I'M rationali propositae I'4 com-
mensurabilis est longitudine. itaque I'Z apotome est
quaria [deff. tert. 4].
Ergo quadratum minoris, et quae sequuntur.

CL

Quadratum rectae cum rationali totum medium
efficientis rectae rationali adplicatum latitudinem efficit
apotomen quintam.

Sit 4B recta cum rationali totam medium efficiens,
I'd autem rationalis, et quadrato 4 B? aequale rectae
I'4 adplicetur I'E latitudinem efficiens I'Z. dico, I'Z
apotomen quintam esse.

nam BH rectae AB congruens sit. itaque rectae

10. sel t6) v S FV. got] m. 2 F. 12 ¢d] zé b. 14,
svppiteov et V, sed corr, fomy] om. V. 1. pmm]
dore V. 17, mxl T Eg-qs] moga dnvny uaguﬁalloywov widrog
wousl gmotourny terderny Theon (BFVb). 22. %] (prius)
om. V. 28 ¢nvj— AB] mg. m.1P.  zg] e corr. P, 24
Td4) 4aT'F. I'Z] corr. ex I'd P. 26. I'Z) ZI" & com. V,
AT o. 26. yog] m. 2 F.

21%
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AH, HB sodsiar Svvduse eloly acvppergor moroboar
70 plv evpxelpevov & tov dx elnov Tsrgaycvey
uéooy, vo 8t dlg vm’ avrév fyrov. xal te pdv dmo
tiig AH leov mage iy ['d mapefsflijcdbm 2o I8,
1o 0t damo tijg HB looy v0 KA Blov &pa to I'A
taov éotl tolg ané tov AH, HB. 10 8% esvyxelusvov
éx tov émd vév AH, HB &ua pdooy éotly: udsov
doa forl 10 I'd. xal mepa Sneqy iy I'd mepdxeirar
mAdrog mowovv v I'M- Jnqiy dpa éovly 7| I'M xal
acvppsrgog v I'd. xel émel Sdov ©o I'd loov éorl
ol éno vov AH, HB, av v0 I'E lsov éovl ©6 dnd
viig AB, Aoimdy #oa w0 Z A loov derl e dlg Dmo
tov AH, HB. tevuniodo ovv 9 ZM 8lya xeve o N,
xal 100 S vod N Omovépe vov I'd, M A megai-
Iydog § NE- Exdregov dpa vov Z5, NA loov ozl
10 vmo tav AH, HB. xal énsl 70 &lg dmd tév AH,
HB ¢nzov éore kel [éonw] iBov 16 ZA, $nrov cen
dovi 10 ZA wol mage $pray iy EZ megdxevar
wAdrog morovv Ty ZM' Gnry) dea Zotly 7 ZM xal
cvppetgog v I'd pixer. xel el to wiv I'Ad pésov
doviv, 0 0% Z A $nvov, aovupctoov dgu forl 10 A
©p ZA. og 0t 1o I'd medg ©v&o ZA, otrmg § I'M
npog thy MZ' devppcrgos dpu éorlv 6 I'M ©jj MZ
prxsr.  xed slow eppdregor gnrel’ of dpa I'M, MZ
onral elor Ovvdper povov Ovpustgor dmotoun Hea
dorlv 5 T'Z.

3. pév] om. V. 5, Post 34 ras. 2 litk V. HE] mut,
in ABm. 2 F, in ras. V. I'd] Ain ras. m, 1 P, corr. ex
4 B. 6 16 8§ — 7. dno taw] ta Ot end tis V. 1. lotiy
&6t{ PB, comp. FV; elvai V, supra ser. for: m. 1. 8. I‘A]
mut. in A" m. 1 F. 9. I'M] I'H o. énte}] én- om, ¢.

11. TE} BAB. 13. o%v] om. V. 14, nel — N7 supra
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AH, HB potentia incommensurabiles sunt efficientes

summem quadratorum mediam, duplum autem rectan-

gulum rationale [prop. LXXVII]L
\ et rectae I'A adplicetur '@ = 4H?,
| ‘ KA=HB. itaque totum

4T ETE 64 I'd== AH + HB®

Sy verum AH®+ HB* medium est;

itaque etiam I'4 medium est. et
rationali I'4 adplicatum est latitudinem efficiens I'M.
itaque I'M rationalis est et rectae I'4 incommensu-
rabilis [prop. XXII). et quoniam I'd = 4 H*-} HB?,
quorum I'E = AR? erit reliquum ZA—24H><HB
(I, 7. iam ZM in N in duas partes asquales secetur,
et per N uirique %, M4 parallela ducatur NJ.
quare ZE=NA4=AH><HB. et quoniam 2 AH><HB
rationale est, et 24 H>< HB=Z 4, Z A rationale est.
et rationali EZ adplicatum est latitudinem -efficiens
ZM. itaque ZM rationalis est et rectae I'4 longi-
tudine commensurabilis [prop. XX]. et quoniam I'4
medium est, Z 4 antem rationale, I'4 et Z _f incom-
mensurabilia sunt, est autem I'd:Z 4= TM: MZ
[V, 1]. quare I'M, MZ longitudine incommengura-
biles sunt [prop. XI]. et utraque rationalis est. itaque
I'M, MZ rationales sunt potentia tartum commen-
surabiles. ergo I'Z apotome est [prop. LXXIII].

scr. m. 1 P. 17. éotav] om. P. ZA] Z (uel &) corr,
ex N V, item lin. 18.  18. EZ] e cor. m. 1 V. 19. ZM
(alt.} ZHb., 2. aﬂvwﬂws B, supra ¢ras. estin V. I'4
corr. ex I'Z by , Z eras. 21. dativ] dosi PBFV,
comp. b.  23. tiv] 76 V.  foviv] dorl xel Vo, 24 rm,
MZ o V.




326 ETOILEION !,

Aéyw 87, 6vi xal mwépmry.

Ouolws yap dstbopev, v 10 vxd rav FKM leov
dotl v and vig NM, toviéor. 1 terdorp wégst Tov
and vijg ZM. xol émel acvpperpdv foTi TO dmd vig

5 AH v ano tijg HB, loov 0% vo udv damd tijg AH
tg I'®, ©6 0t dxo g HB tp KA, dovupctoor dpa
o I'® 19 KA og 0k 0 I'® mgog 70 K 4, otreg 1
K mgds tqv KM* aovdpustgog dge %y 'K vj KM
wixss. émsl ovw dvo ebsiar dvicol slawr of TM, MZ,

10 xel TG tevdore ulpet Tov and tiig ZM loov mege v
I'M nogaféfinrer éAAsimov &lds. vevpaywve xal &ls
aovpusroa abriy Siwgel, B dpa I'M tijc MZ psitov
Stwarer T and aovuufrgov favef. xal foviv %) xgoo-
eguofovon 1 ZM ovupsrgos vf Sxxsipdvy ¢nefi vf -

15 1 &ou I'Z dmovous éove méumen Bmep £3s1 Ostbou.

»
ef’.

To dmo viig uera uédov pédov 7o Jlow
moLoveny wope ¢nrTNY megafaridusvoy midtog
motel amotouny Exryv.

90 “Eotwm 7 pere ploov péeov td Slov morovea 9 A B,
oy 0t 4 T'd, xal = dnd tijg AB loov mupa i
T'4 mogefefiiode w0 I'E midrog morotw thy I'Z:
Adym, otre  I'Z amovour doriv Exty. -

"Eare pop tif AB npodaguifovea 3 BH' of doa

95 AH, HB Svvdus eloly dovupctgor mowotoar 16 e
cvyxelpsvoy &x tov an’ evrdy Terpuydvay pldov xel

1., qu m.2F 2 I'K,XMFV. 4 dn]jom. Vg. b,
AH) (alt.) A ecorr. F. 6. I'8] @ in ras. m. 1 P. 8. s
om. P, EKM]TI'MPetBinras. &oa dotly Vo. EM
IMPetinras. B. 9 eo P, corr. m. 1. 10, ZM]| MZ
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Jam dico, eandem quintam esse, npam similiter
demonstrabimus, esse PK>< KM= NM? =} ZM? ot
quoniam A4 H? HB! incommensurabilia sunt, et 4 H*
=TI®, HB:—= KA, I'® ot KA incommensurabilia
sunt. est autem I'®: K4 =TIK:KM [V, 1]. quare
I'K, KM longitudine incommensurabiles sunt [prop.
XI]. iam quoniam sunt duae rectae inaequales '},
MZ, et }ZM? aequale rectae I'M adplicatum est
spatium figura quadrate deficiens et eam in partes
incommensurabiles diuidit, I'M? excedit MZ? quadrato
rectae sibi incommensurabilis [prop. XVIII]. et con-
gruens ZM rationali propositae I'd commensura-
bilis est.

Ergo I'Z apotome est quinta [deff. tert. 5]; quod
erat demonstrandum. -

CIL

Quadratum rectae cum medio totum medium effi-
cientis rectae rationali adplicatum latitudinem efficit
apotomen sextam.

Sit 4B recta cum medio totum medium efficiens,
I'4 autem rationalis, et quadrato 4 B® aequale rectae
I'a adplicetur CE latitudinem efficiens I'Z. dieco,
I'Z apotomen sextam esse,

nam BH rectae 4B congruens sit. itaque AH,
HB potentia incommensurabiles sunt efficientes sum-

P, et V (?), sod corr, m. 1.  13. fovef prinee V. 14, ZM]
MZ P. 15. Smeq £der deifen] om, BF In hac pag.
eb sequenh multi loci enan. in F. 21 mroa] nagn dnriv V.

iv] supra ser. m. 1 V. 22, ] o b. 24, agpofovon,
supra ger. xeos m. 1, F. HB P. 26. Post HB ras, &
litt. V. Bupra e scr. péy m. 1 b,
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0 dlg Tmwd vy AH, HB ploov xul devgucrgor o
ano vy AH, HB ¢ 8lg v=mo vov AH, HB. maga-
Bepisjedo oly mape iy I'd v plv dmo tijg AH
foov © I'® mldvog mowiw vy 'K, tj 8 dmo =ijg
5 BH 7o KA' 8iov dpa 76 I'4 loov éorl 7ols and vy
AH, HB' péoov doa [fotl] xal vo A xal mepa
ooy v A napaxeizar mddrog motobv vipy I'M*
onen dpa dovly f§ I'M xal aovpustgog v I'd pojxse.
énsl ovw 16 I'A Ieov fotl tolg émd tov AH, HB,

10 @v =6 T'E [oov 0 and vig AB, Aowmov dpx vo6 Z A4
loov dorl te dlg vmd tdv AH, HB. xal {ove to ol
Vo vdv AH, HB péoov: xal vd Z A &pa pédov doviv.
xal mape ¢nrmy iy ZE mogdxsiver wAdrog moiovy
vy ZM ey dpa dorly } ZM xel aovpperpog T

16 I'd e, xal éxel va d=zd vov AH, HB dodpusrod
éote v Olg vmo tov AH, HB, xal dov. voig piv amd
tév AH, HB loov v6 I'd, ¢ 8¢ dlg vmd tédv AH,
HB ooy 0 Z .4, acvppsteov dga [éozl] vo I'd ¢
ZA og M 16 I'd mpdg vd Z A, olrwg dotlv § T'M

20 mpodg riy MZ* dovpperpos doa fotlv § I'M tff MZ
prixs. xel slow dupdvepar gyrel, of I'M, MZ é&pa
éyral slor Svvdpse pévov olpueroor amovops Geu
éorlv 4 I'Z.

Aéyw 09, ot xal Exzy.

o5  'Emsl yag vd Z.A loov forl v d‘lg 1m0 v AH,
HB, rerpijodo Siye § ZM xeve 0 N, xal f100 6id
rot N tfj I'd mepdlinlog § N5 éxdregov doa raw

1. péoor] $nedy F.  woed] xal fue V, #u 8 BED, dovp-
perge BF VD -m v6 P. 5. Post K4 add. widvos woody
iy KM m 6. éori] om. P. 8, dovie] ozl el V.,

10. faov sz v 5] 6 @. 11, fom) ylveran V. 8
corr. ex 8/ m. 2 1%, 6t PBY, comp. Fb.  16. zoi§
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T z ~Nx M mam quadratorum mediam et
2 AH><HB medium et 4 H*-} HB?,
A — 2 AH > HB incommensurabilia
| e [prop. LXXVIII]. iam rectae I'd
A B H  adplicetnr I'® = 4 H® latitu-
dinem efficiens I'K et K4 = BH? itaque totum
I'd = 4H®+ HB® quare etiam I'4 medium est.
et rationali I'd adplicatum est latitudinem efficiens
I'M. itaque I'M rationalis est et rectas I'4 longi-
tudine incommensurabilis [prop. XXII}, jam quoniam
I'd= AH?+4 HB? quorum I'E = 4B erit reliquum
ZA4A=2A4AH> HB [II, 7]. et 2.4 H> HB medium
est. quare etiam Z.4 medium est. et rationali ZE
adplicatum est latitudinem efficiens ZM. quare ZM
rationalis est et rectae I'4 longitudine incommensu-
rabilis [prop. XXII). et quoniam AH? - HB?,
2 AH >< HB incommensurabilia sant, et
4= AH* 4+ HRB' 74 =2 AH> HB,
I'd et Z 4 incommensurabilia sunt. est autem [VI, 1]
Fd:ZA=IM:MZ quare I'M, MZ longitudine
incommensuorabiles sunt [prop. XI]. et utraque ratio-
nalis est, itaque I'M, MZ rationales sunt potentia
tantum commensurabiles. ergo I'Z apotome est {prop.
LXXTII].
Iam dico, eandem sextam esse. nam gquoniam est
ZA—=2AH> HB, recta ZM in N in duas partes
aequales secetur, et per N rectae I'4 parallela du-

w3 V,  dwd vav] om. P.  17. I'4 — 18. fvov ©é] ow. b.

18. dov{} om. P. 19. o] (alt) om. P. Z 4] corr, ex
Za4? F. 20, my] om. P. ~ MZ]in ras. V.  MZ] corr.
ex ZM V. 2L dge] om. V. 22, elaw P.  dorwy age B.
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Z5, N4 loov dotl v vmd vév 4H, HB. xel fmel
al AH, HB dvvaus sloly doduperpor, &65uustoov
dga forl vo dwo vis AH v¢ dnd vig HB. ddla tg
pdv amo vig AH lgov éorl o I'®, vf &} dmo

s t5ig HB looy dovl ©6 KA dedppsrpov dga dorl 1o
e o KA. og 0t ©o I'O x9og & KA, otrwg darly
7 TK modg iy KM* aedpperpos dpa éorly 5 'K
i KM xal énel 1év and tév AH, HB péoov dvd-
Aoydy dori ©d 1md vov AH, HB, xai ot 16 pv amd

10 tijg AH loov ©o I'®, 16 Ot axd tijg HB lsov vo K A,
v 0% Umd véiv AH, HB lgov v0 Nd, xel rdv dpa
I'e, KA péoov avdailoydy fov vd6 NA' foviv dga ds
o I'@ mpdg t6 N A, otrwg vo N4 npdg v KA. xal
0i ta abra §) I'M tijg MZ petfov ddvarar v dno

16 dovppérpov favefl. xal ovdstépn avrdv GUppereds
dove ti] éxxspdvy Onrii v T4 n I'Z &g emovous
doriy Exty' Omsp &0er deifar.

eV .
‘H tvij amoropf] prixet OUUEETpos dmoTous
20 éote xal Ty vdfse 5 T,

"Eorw amovousn 4 AB, xal vij AB wixss 6Oppergog
forw 5 I'd* 2éya, dve xal § A awovour) éots xal
©;j raker f avry tf) AB.

'Emsl yap amoropr] foviv 7 AB, Eore avri] mgoo-

2. elol ovpperqoe b 4, ©d dnd Tig re p. 6. far/]
om, V. 6. tg) corr. ex Td m. 2 P. 8. dxd tov] om, P;
imé raw supra scr. o m., 1 b; dwé tdév ins. m. 2 F. 11. 7o
8 om6 — NA] mg. m.2V. 6] 6 V. AH] Hecom V.

Zsov dort B, 12. NA] N b, 18. N4] (prius) 4, supra
add, ¥ m. 2, F. 14, za nm'm corr. ex tuvza V. MZ]
corr, ex ZM V. 15, davppérgov] corr. ex cvppéreor m. 2 B.
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catur N5, itaque ZE=NAd=_4{H><HB. el quoniam
AH, HB potentia incommensurabiles sunt, 4H* et
HB? incommensurabilia sunt. est autem I'® = 4 H?,
K A= HB: quare I'®, K4 incommensurabilia sunt.
est autem '@: K 4= I'K:KM [V], 1]. itaque I'K,
KM incommensurabiles sunt [prop. XI]. et quoniam
AH > HB medinmm est proportionale inter AH?® et
HB? (prop. XXI lemma], et '@ = AH?, KA = HB®,
NA = AH ><HB, etiam N 4 medium est proportionale
inter I'®, K 4. itaque I'®: NA = NA:K A, et eadem
de causa [cfr. p. 326, 9 sq.] 'M? excedit MZ? qua-
drato rectae sibi incommensurabilis [prop. XVIII]. et
neutra earum rationali propositae I'4 commensura-
bilis est,

Ergo I'Z apotome est sexta [deff. tert. 6]; quod
erat demonstrandum.?)

CIIl.

Recta apotomae longitudine commensurabilis apo-
tome est et ordine eadem.

Sit 4B apotome, et rectae 4B longitudine com-
mensurabilis sit I'4. dico, I'd quogue apotomen esse
et ordine eandem ac AB.

nam quoniam 4B apotome est, BE ei congruens

[ ] L]
1) In B figura haec est ' f_::‘ deinde in mg.
adiicitur wera addito é» #lip, !

16. I'd] 4 iv ras. m. 1 F. 17, Sneg Eder deita:] comp. P,
om. BFVb. 21, obupergos foro pymes BFD. 23, 7] m.
2 P, 24. mpoocaguifoven fstm avel V.  adtf o Fh.




n

om.

r

»

9.  A4Z] Z4B.

. AE] om.g, 4 B,
4. dotl om. P,

3. 6]

rius)

Yoriv &ou] om.

P2 T B 3 AN
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git. itaque A E, EB rationales sunt potentia tantum

4 8 E commensurabiles [prop. LXXIII]

P fiat BE: AZ=4B:I'd [V], 12].
e
r a Z quare sfiam ut unom ad unum,
ita omnia ad omnie [V, 12]. itaque 4E:I'Z = AB:I'4.
unerum AB, I'4 longitudine commensurabiles sunt,
itaque etiam AE, I'Z et BE, 4Z commensurabiles
sunt [prop. XI}. uerum AE, EB rationales sunt po-
tentia tantum commensurabiles. itaque etiam I'Z,
Z A4 rationales sunt potentia tantum commensurabiles
[prop. XIII).

Iam quoniam est A E:I'Z = BE:A4Z, permutando
[V,16] est AE: EB=IZ:Z 4. AE? igitar EB? ex-
cedit quadrato rectae aut sibi commensurabilis aut
incommensurabilis. iam si 4 E? excedit EB* quadrato
rectae sibi commensurabilis, etiam I"Z? excedet Z 1%
quadrato rectae sibi commensurabilis {prop. XIV]. et
sine AFE rationali propositae longitudine commensu-
rabilis est, etiam I'Z ei commensurabilis est [prop.
XTI}, sive BE, etiam A4Z [id.], siue neutra rectarum
AE, EB, etiam neutra rectarum I'Z, Z A4 [prop, XIII).
sin 4E® excedit quadrato rectae eibi incommensura-
bilis, etiam I'Z? excedet Z4* quadrato rectae sibi
incommensurabilis [prop. XIV). et sive 4 E rationali
propositae longitudine commensurabilis est, etiam I'Z

14. 8] om. P, 8 BV. 16, 7] corr, ex rov m, 2 P. 16,
Ante &f e xel () m.2 F. sline corr. V. 17, dovppérgou
B, corr. m. 2; «- supra add. m. 2 F. tig] e F. 1
dovppérgov B, et F, sed corr. 19. 4E] 48 e comm. F. 20,
TZYZT F. 21, obferiqn] ovirenéoa P. ~ 22. vij¢ EB] mg. m.
1P ddvarou] sapra add. %oe m. 2 F, Svvjosron b, ovp-
pétgov P, corr. m, 1. 23, «fjg] corr. ex =i V.









_18. omeq 31 dsikou] comp. P, om.
'm.2F, zijgh. {lacdon:] élaam
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quoniam est 4E:EB=TZ:Z4 [V, 12; V, 16], erit
etiam [prop. XXI lemma]
ABY: AE>X EB=TZ2":I'Z < Z 4.

nerum A4 E? I'Z® commensurabilia sunt. itaque etiam
AE >< EB, I'Z >< Z4 commensurabilia sunt [V, 16;
prop. XI). siue igitar 4 E>< EB rationale est, etiam
I'Z >< Z A rationale est [def. 4], sine 4 E>< EB me-
dium est, etiam I'Z><Z 4 medium est [prop. XXIII
coroll.].

Ergo I'4 apotome est et ordine eadem ac A8
[prop. LXX1V —LXXV]; quod erat demonstrandum.

Cv.

Recta minori commensurabilis minor est.
Sit enim 4B minor et rectae 4B commensurabilis

I'4. dieco, etiam I' 4 minorem esse.

r nam fiant eadem. et quoniam A E, ERB po-
tentia sunt incommensurabiles [prop. LXXVI],
etiam I'Z, Z4 potentia incommensurabiles

TB sunt [prop. XIII]. iam quoniam est 4E:EB

-4

g | =TZ:24 [V, 12; V, 16), erit etiam

AE*:ER*=TIZ7%; ZA’” [VI, 20 coroll.]. 1taque
etiam componendo [V, 18] est
AE*+ EB* : EB* == I'Z} + ZA*: Z 4"

Z

om. Theon (BFVb). 17. I'd] (prms) I' e corr, m. 1 F.

éovi PBY, comp. Fb. 18, adra tois uoouoov v. 19.
IF'Z] Z ecorr. m. 1 b. 20, vjv] om. Bb, 21, rqv m, 2 F.

28. Zd) 4Z B. _ {ordy] supra ser. m. 1 V. COIT. 6K
6 m. 1 24, 7dv] wije . ofitw Bb. 25 Zd] (prius)
SUpTS ser. m, 2 F (Z incertum est).  wal dwodldf] om. P,
Dem del. ag zé 27 o BE upog 10 dxo zilg Zd, oftmg ta
Gno vy AE, EB npog ta éno zdy IZ, Z4 V,

Eaclides, edd. Heiborg et Menge. IIL 2
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odppergor 0F ot vd dmo i BE @ amo vijs JZ*
ovppcTgov dge xal 10 ovyxslpsvov dx tdy amd Tév
AE, EB rstpaydvay 16 ovyxsipuéve éx tdv dnd taw
T'Z, Z 4 vevgayovav. ¢yrov 64 dote to ovpxelpsvoy
5 % tdv dné tdv AE, EB tergayovav' (yrov e
dotl xal td ovpmslusvov éx rewv amo rav I'Z, 24
rerpayovor. mdiw, éxel dotww dg vd cwo rijs AE
npds 10 vmo tdv AE, EB, oVrmg t6 dnd vijg I'Z
npog 6 Pwo v I'Z, Z A, evppsrgoy 0% o dml g
10 AE vergdyovoy té axo tig I'Z vetpaydve, ovu-
pevooy dpe fovl xal 16 vxd tov AE, EB v tmo row
Z, Z4. uéeov 6% 16 ¢md tdv AE, EB" uéoov
dpo xal to tmd véy I'Z, ZA- of TZ, Z A dpe dv-
vapsr eloly aooppergor moioddar To pdy ovyxsiusvov
15 & oV dn’ adrodv Terpayavay §nTév, o & Ux adrdv
pésov.
‘Eidesov tgu otlv 5) Td Onep éde delkac.

o5’
‘H tf pete ¢nrot péoov to Slov morodoy
20 SUUUETPOS RETER $NRTOD MéGOV T0 040V Noiobad
foTiv.
"Eove psra ¢nrov uédov o Ohov moiotoa 5 AB
xel T AB adppergos v I'd" Adyw, dv xal § I'd
pere gnrov wécov vd Glov mowevoe foriv.,
96 'Eorm yap v AB mpogugpuifovea 5 BE al AE,
EB dpa dvvdpes elolv dovppergor motovent To uly
ovynclusvoy éx vov and twov AE, EB rerpaydvav

1, dorv P, cdl corr. ex g m. 1 F,ex ok (3 V. AZ)
Z4aP. 3. zergiymver Pb et comp. ins. m. 1 V. 4 I'd,
A4Z %, b ¢yval F, sed corr. 8. Zaef] elol F. 7. 1d]
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uerum BE® A4Z* commensurabilia sunt. itaque etiam
AE® 1+ EB® et 'Z* 4 Z4* commensurabilia sunt
[V, 16; prop. XI). uerum 4E? | EB? rationale est
[prop. LXXVI]. itaque etiam I'Z? 4 Z .4 rationale
est [def. 4]. rursus quoniam est
AE*: AEX EB=TZ*:TZ <24

{prop. XXI lemma), et 4 E* I"Z? commensurabilia sunt,
etiam 4K >< EB, I'Z >¢< ZA4 commensurabilia sunt.
AE> EB autem medium est [prop. LXXVI]. quare
etiam I'Z >¢ ZA4 medium est [prop. XXIII coroll.].
itaque I'Z, Z4 potentis incommensurabiles sunt effi-
cientes summam qua.dra.torum rationalem, rectangulum
autem medinm.

Ergo I'4 minor est [prop. LXXVI]; quod erat
demonstrandum.

CVL

Recta rectae cum rationali totum medium efficienti
commensurabilis recta est cum rationali totum medinm
efficiens.

Sit 4B recta cum rationali totum medium efficiens
et rectae 4B commensurabilis I'4. dico, etiam I'A
rectam esse cum rationmali totum medium efficientem.

nam BE rectae 4B congruens sit. itaque 4E, EB
potentia incommensurabiles sunt efficientes AE? |- EB*

om. V., 9. Post Z4 add. xei éraildf BFb. 18, ¢Qu £orl
»nal BFb. Z4] (alt) Z in ras, m. 1 B. 17. 8neq &e
deifon] comp. P, om. BFb. De additamento in V u. app.
ar, 24. 19. srowmm piinog F. 20, Ante pere add, need
avr] BFb, m. 2 V moloBoo to dlov b, 22. woieoa 10
8lov V. 94, 70 Odov péoov b. 25 BE] E e corr, m, 1 P.

2%
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péoov, vo & A’ elbrov ¢nrdv. xel e adra xeve
oxsveodo. Opolwg &% dsttopsy voly medregov, Ore al
I'Z, Z4 & t$ avrp Adyp &lol taly AE, EB, xal
cvppstpoy €0t 10 Gvyxelpsvov éx tov dxd tov AE,
8 EB veroayavov ©6 ovyxapéve e viv dxd vaov I'Z,
Z 4 tergaydvov, 10 8 Umd vdéy AE, EB ¢ tmd
tov I'Z, ZA* more xal of 'Z, ZA4 dvviper sicly
davupeTgor morovoal T0 uly ovyxsipevov éx TV &xo
riv I'Z, Z4 vsrpeydveov pédov, to & vx adedy
10 ¢nriv.
‘H I'd &pe peve fyrov géeov vé SAov motoved
éoriv Oxsp E8ss dstfou.

et
‘H vfi pere péoov pfoov td §Aov =moioday

16 6UpperQog xal avty pera péeov péoov tod Gdov
mototi6a datev,

*Eorw peve ploov péoov o Glov mowodioa 1 AB,
xal ti; AB kovw ovpusvpos vy I'd" Adyw, Gt xal 4
T4 usve péoov pécov o BAov mowoied otiv.

20  "Egtw yap vi; AB mpooagudfovea § BE, xal ta
adre norsonsvdodw: of AE, EB dga dvvdus: sloly
aevpuETPOL WoLoTGRL TO TE duyxslusvoy &x tdv an’
VIOV TETQRY@YRY pédov xal “vo Umw altov pddov
xal ¥ri aovppsToov To Cuyxslusvov éx Towv dx’ avrdy

25 TeToRydvy TH VR evtév. xel elow, og Ed:lyby,
al AE, EB cvpuergor taig I'Z, Zd, xal 0 ovyxsl-
pevoy éx viv ant vov AE, EB rergaydver g ovy-

3. =] e corr, V.  sloly B. 4 1] 7d pév Bh, uls
gupra ser, m, 2 F,.  b.zdy I'’Z — 6. EB] mg. m. 2 B (edr
4E, EB eliam in textn sunt a m. 1). 6. 8’ Fb. 12, §=ep



ELEMENTORUM LIBER X. 341

A4 - medium, 4E > EB autem rationale [prop.
LXXVII]. et eadem comparentur. similiter
" igitur atque antea [p. 336, 20 sq.] demon-
strabimus, esse I'Z:Z4 = 4E:EB, et
19 AE*+ EBYI7%-}-ZA4 ac AE><EB,I'Z<ZA4
commensurabilia esse. quare etiam I'Z, Z4
~Z potentia incommensurabiles sunt efficientes
I'Z: + Z 4* medium, I'Z >< Z 4 antem rationale.
Ergo I'4 recta est com rationali totum medinm
efficiens [prop. LXXVII]; quod erat demonstrandum.

=¢]

e

=

CVIL

Recta rectae com medio totum medium efficienti
commensurabilis et ipsa recta cum medio totum me-
dium efficiens est.

Sit 4B recta cum medio totum medium efficiens,
et rectae 4B commensurabilis sit I'4, dico, etiam
I'4 rectam esse cum medio totum medium efficientem.
-4 T nam BE rectae 4B congruens sit, et
eadem comparentur. itaque 4E, EB potentia
incommensurabiles sunt efficientes summam

B quadratornm mediam et rectangulum medium
I T4 praetereaque summam quadratorum rectangulo
incommensurabilem [prop. LXXVIII]. sunt
“Z autem, ut demonstratum est [p. 334, 14 sq.],
AE, EB rectis I'Z, Z 4 commensurabiles, et
AE: -+ EB,, I'Z* + Z 4% ac AE>} EB, TZ><Zd

£3e1 8sifen] comp. P, om. BFb. De V u. app. ur. 25. 14.
::mmmg pitxer F. 18, dotw]) om. BFb. 21. dou] m. 2
euan 25, adréy F.
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xsipdvo ix tov dnd vav I'Z, Zd, 6 0% vmwo vay
AE, EB v vno vav I'Z, ZA4" %ol ol TZ, Z A4 &pe
Svvdpe sloly devpuetgor moiovem 1O TE Gupxelpsvoy
. éx rdv dx’ evrav TEreaydvey uisov xel TO UR' avtdy
5 wéoov xal i dovppergov Td ovpxsipsvov éx Towv dn
avtay [rerpayevov] v6 On’ odrov. :
‘H T'd &pa peve péoov uéoov o odov morovod
doviv Omeg Eder deibou.

en'.

10 dmd dnrod pfeov dpaigovpivov 4 70 Aoimdy
yoglov Svvapdvy ple 800 didymy ylverar fjzor
amoroun 7 édeccav.

'dxd yag nrod vot BI' ufeov appneiiePom. rd BA-
Ayw, 0ti % w0 Aowwdv OSvvauévy tvd6 EI pla ddo

16 @Adywy plverac 7o dxovopn) v fldscav.

Exxclod@ yop ¢nen § ZH, xal vgp pdv BIT loov
napa vy ZH magufefirfoda dpdoywviov mepalinld-
yeouuor v® HO, 16 3¢ AB loov appefodew to HK:
Aoamdy &g vd ET loov foti vg 46. Znst odv fyrov

90 pév dovu vo BT, ulaov 8} vo B, leov 8} vd utv BI'
p HO, to 0t B4 vé HK, ¢nrov plv &pa dorl vd
H®, uégov 8t t6o HK. xal mage $yeiw wviv ZH
nepaxaer ey v &ga § ZO xal evppsrgog i

1,td 8 — 2 %/ mg. m. 2F., 3. 7e] om. P. 6, ze-
toayovar] om. P. 8. gmwee £z deifon] comp. P, om. BFb.
10. Post §nrov del. xal F.  11. plyveran BFb. 12, {lde-
tovy PVh. 13. BI'] in ras. V. 14. losmar yweior BF b,
6 ET dvvapéyy BFb. 16. 2dyov F, corr. m. 2. ¥i-
yvstar BFb.,  dldwvwoy B.  17. Post megofeflijeiio del. o
HE m.1 P, ras, ¢ litt, V. 18. 4B] e corr. Y, B4 P. 19,
ET)TEB.  46] 84 F.  20. pév] (pring) om. b. 2L
gnzov] bis b. 28, mopaxsivraw BF. aga £oziy BFb.
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ZH pixei, ¢yry 8 4 ZK xal covppstgog v ZH
pixers dovuperpog Epe éotly 9 Z6 tij ZK pijxer. of
20, ZK dpa fyrel sar Svvaps govov evppergos
aroroun Gea ferly f K6, mpodaguifovoe 0% avry 3
KZ. iwou 8y 7, ®Z vijg ZK petfov dvvarar va dmo
agvppéreov 1 ot

dvvdeda medregov 16 and gvuuétpov. xei oty
0Ay 5 OZ evpuergos tf] bexerpdvy guyvy pixse vy ZH:
arotous) dpu wpory orly § KO. to & Oxd Gyrig
xel amovoudls Wewryg WEQisydusvov 7 Svvapdvn dwo-
Tout foniv. 1) &ga v0 A6, rovtéor. vo EI, dvwauévy
amovops) foTiv.

Ei 8% 7 ®Z vijg ZK peitov Svverm vo dmd dovp-
pézgov favrf, xal lovv Ody 5§ ZO ovppcrgog vf éx-
xeepdvn $yvhi pixer v ZH, amoroun terdory doriv %
K®6. 1o & vmo {fyriic xal dmoropdle vevdoyng msgr- |
syousvorv 14 dvveudvy éldocwy foviy: Omep §0er detbar.

0.

'Axd péoov gnrod dpargovpévov dliac Yo
&Aoyos ylvovrar fivor wéeng amworoun TewTy
pére ¢nrov wécov 1d Slov morodoe.

‘And yag uédov tov BI fnrov doperodwm 1o B,
Adyw, Gt § 0 Aowmov 10 ET dvvaudvn pla 8vo diéyov

1. ZH] (pnus) HZ F. 2, Post prnes (alt) add, xaf
efo'w apa.potsoan énroel b, 3. ZG] @z BF. ¢&lar P. 4.
3§] & P. 5. ZK . gPasBFbﬂ‘etsumscrmSV
8Z] Z® b, 6. uavpp toov P % ov] o 11 mp dxd
awppétpov BFb. 1; - T av,up.etpw] 7. =h
corr. ex 0 m. 1 b, m. rec. covpu rqw P 8. ez
corr. ex ZH V, ) F. 9 3¢ BFb. 10. meqieyspevoy
om. BFb. 11. %] ins. m. 1 B. 6] (priuvs) ine. m, 2
18. @Z] inras. b, ZO F. rijg] tie b.  ovppéreow V, corr.
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XIII). itaque Z®, ZK rationales sunt potentia tantum
commensurabiles. quare K& apotome est [prop.
LXXIM], KZ autem ei congruens. iam @Z3 excedit
ZK® quadrato rectse aul commensurabilis aut incom-
mensurabilis. : -

Prius excedat quadrato commensurabilis, et tota
6 Z rationali propositae ZH longitudine commensu-
rabilis est. quare K@ apotome est prima [deff. tert. 1].
recta antem spatio comprehemso recta ratiomali et
apotome prima aequalis quadrata apotome est [prop.
XCI). ergo recte spatio 4@, hoc est EI', aequalis
quadrata apotome est,

sin @22 excedit ZK® quadrato rectae sibi incom-
mensurabilis, et tota Z@ rationali propositae ZH
longitudine commensurabilis est, K& apotome est
quarta [deff. tert. 4]. rects autem spatio comprehenso
recte rationali et apotome guarta aequalis quadrata
minor est [prop. XCIV]; quod erat demonstrandum.

CIX.

Spatio rationali a medio ablato aliae duae rectae
irrationales oriuntur ant mediae apotome prima aut
recta enm rationali totum medium efficiens.

A medio enim BI" rationale auferatur B4. dico,
rectam spatio reliqguo EI” aequalem quadratam alter-
utram rectarum irrationalium esse sut mediae apotomen
m 2 14 @ZBF. 15 ZH)corr. ex ZO® m, 1 F, dno-
touy) dpe BFb.  18. 3¢ B. 17. Poat foxiy add. 4 dox 1o
(om. b} 4@, tovtécw to ET, Svvapévy éldoswy Loty BF, mg.
m 1 b 8mep #9se dzifoe] comp. P, om. BFb, 19. Post
dmd add. 1o b, m. 2 F. 20, yipvovree B.  péep B, 22,

d=d] corr. ex ¢mé V. dmo — Bd] bis b.  23. pia] om. b.
leyoy b.
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El 8} 9-OZ tijg ZK peifoy dvvara tg dnd dovu-
pérpov, xal dotiv 7 mpocagudfovea n ZK oduusvgog
5} ensipdvy sy winee v Z H, dnovour méumry Latly
n K@ dore 5 1o EL Svvapdvy pere fyrov udeov
20 10 OAov mowovod Zoviv: Omeg #8sc deike,

o'
‘Ao péoov péoov doargovuévov devuusd-

1. ylyvetes Bb.  péon Bb. 4 four P.  84] corr.
ex#im.2B, 8¢ Fb. b wef) om. 9. ZH]ZIb. "ZXB.
6. Z&)BZ P. elow P.” 8, aivyj BFD.  39] 8¢ BV.
©Z] in 18s. m. 1 b, 10, ovppérgov V, corr. m. 1. 11
©2] 26 V. 14, Post ZH add. 7d 8% vxo dneije wel dwo-
Touns Seviégus 7 dvvapfvrn uedng a:nrocauq fons :zpm‘m b, F
. m, 2, 15. rovréony P. uée dave modiey V

16 @Z]inras. V, ZO P, 17 xat?‘ &wry. saf BFb,
pixs] om. b 19. KO®] 6K T. Post EI' del zmnin'
m, 1 20. Gmeq £3e: 8eifai] comp. P, om. BFb, 22,

pédov] (n.lt) sapra scr. m. 1 P, pécov |upm ser, m. 2 F.
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primam aut rectam cum rationali totum medium effi-
cientem. _

ponatur enim rationalis ZH, et spatia similiter
adplicentur. itaque eodem modo [p. 342, 19 sq.] se-
wquitur, Z@ rationalem esse
et rectae Z H longitudine in-
commensurabilem, K Z autem
rationalem et rectae Z H lon-
gitudine commensurabilem.
itaque Z®, ZK rationales
sunt potentia tantum com-
y =T mensurabiles [prop. XIII1
ergo K@ apotome est [prop.
LXXIII), ei autem congruens
ZK. iam @Z* excedit ZK* quadrato rectae aut sibi
commensurabilis aut incommensurabilis.

iam si @Z® excedit ZK*® quadrato rectae sibi com-
mensurabilis, et congruens ZK rationali propositae
Z H longitudine commensurabilis est, K& apotome est
secunda [deff. tert. 2}, Z H autem rationalis est. quare
recta spatio 4@, hoc est ET, aequalis quadrata mediae
apotome est prima [prop. XCII]. sin ®Z? excedit ZK®
quadrato rectae incommensurabilis, et congruens ZK
rationali propositae ZH longitudine commensurabilis
est, K@ apotome est quinta [deff. tert. 5]. quare recta
spatio EI' aequalis quadrata recta est cum rationali
totum medium efficiens [prop. XCV]; quod erat de-
monstrandum,

B E Z K €&

H A

CX.

Spatio medio a medio ablato toti incommensurabili
reliqguae duae irrationales oriuntur aut mediae apo-
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1. ylysovrar B. 2. péon Bb. 5. BJ] Becorr. V. 6.
&oriv B. 7. wson Bb.  perd] pere vod P, 12, fony P,
Deinde add, ¢méusizar P, ot V, sed del.  18. wef] fore »el b,
foniy wai B. af] el f b, Z8) BZ FV. 14. ZK
8K P. 15. {otlv] om. Bb.  mpocagpofover — 17. favrj
om. P, mg. V. 16. 34] 8¢ BV. 18, 87] oty BFD. ;’g
©Z B, ZK)] Z posten ins, V. 19, odderdpe V. Ty
cor.exto m 2 V. ZO] @ZBb etin ras, V. 20, dow
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‘H amoroun ovx &6ty 7 aviy 5 éx dvo
dvopdrm.

"Eotw anovouy n AB' Aéyw, ov. § AB olx Eovww
7 avry 14 éx dvo dvopdray.

E! yag Suvvardy, fotw xal éxxeloBo $qry % AT,
xel T ond s AB ldov mape iy I'd megefefijoda
ogoywvior to I'E midrog mowtw iy AE. ‘sl
ovv amorour] fotiv % AB, émotous) medty éotly 4 AE.
forw avrf) meooapuifovee § EZ' of AZ, ZE &pa
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AZ ebupergog ot vy Sxmapdvy Onrii poixee vff AT
mediy, énel e 0vo ovopdrov dotiv § 4B, éx dvo dpa

1. auotop.n {mm B. t'ﬂamq FV. 7d] om, b, rovr-
éonir B. 6] % v Bb, 2. péan B. {atly dxorops) Fb,
8. 28] 8Z Bb et in ras. V. owppérgov V, corr.m, 1. 4.
prinsi] om. PV. om)suoa FV. = 6 dou] om Bbe. 6.
¢ Bb. 7. fows] domy 5} BFb. 7] dore 7 BFb, et e corr. V.
8. &oa] del. V, om. BFb. ~ zovréoms PB. ‘Ante ¢ add,
# m, 2 7 pere F. 9, Gmwep #8s: deifae] comp. P, om. B.
11, -:y] supre ser. m. 1 b. 13, 4 4B] (alt.) om. . 15,
A7 in ras. m. t P. 18. ¢neiw miv BFb. In sequentibus
mulfa renouata et euan. in F. 1B, &po meaizy b. 19, adey)
adei 4 b, 21, devppfrgov B, sed d- eras.  23. o] om. W%
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cunda [prop. XCIII]. ergo recta spatio 4@, hoc est
ET, aequalis quadrata mediaec apotome est secunda.

sin Z&* excedit ZK? quadrato rectae sibi incom-
mengurabilis, et neutra rectarum @Z, ZK rectae ZH
commensurabilis est longitudine, K@ sexta est apotome
[deff. tert. 6]. recta autem spatio comprehenso recta
rationali et apotome sexta aequalis quadrata recta
est cum medio totum medium efficiens [prop. XCVI].
ergo recta spatio 4@, hoc est ET, aequalis gquadrata
recta est com medio totum medium efficiens; quod erat
demonstrandum,

CXI.

Apotome eadem non est ac recta ex duobus no-
minibus,

Sit 4B apotome. dico, 4B eandem non esse ac
rectam ex duobus nominibus.

nam, i fieri potest, sit. et ponatur rationalis 4"
et quadrato .4B? aequale rectae I'd adplicetur rect-
angulum I'E latitudinem efficiens 4 E. quoniam igitur
g 4B apotome est, 4E apotome

HE est prima [prop. XCVII], sit

4 = 'Z EZ ei congruens, itaque A4Z,
ZE rationales sunt potentia
tantum commensurabiles, et 4Z*
excedit Z E*® quadrato rectae sibi
commensurabilis, et 4Z rationali
propositae 4T longitudine com-
mensurabilis est [deff. tert, 1].
r rursus quoniam 4B ex duobus
nominibus est, 4E ex duobus nominibus est prima
[prop. LX]. in H in nomina diunidatur, et 4H maius

Ar-




. HZ (prius)
dotw] om. V.
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- nomen sit. itaque 4H, HE rationales sunt potentia
tantum commensurabiles, et 4 H® excedit HE® qua-
drato rectae sibi commensurabilis, et maius nomen
A H rationali ptopositae A4I" longitudine commensu-
rabile est [deff. alt. 1]. itaque etiam A4Z rectae 4 H
longitudine commensurabilis est [prop. XII]. quare
etiam reliqua HZ rectae 4Z longitudine commensu-
rabilis est [prop. XV]. uerum A4Z, EZ longitudine
incommensurabiles sunt. quare etiam ZH, EZ lon-
gitudine incommensurabiles sunt [prop. XIII] itaque
HZ, ZE rationales sunt potentia tantum -commensu-
rabiles. EH igitur apotome est {prop. LXXTII]. uwerum
eadem rationalis.est; quod fieri non potest.

Ergo apotome eadem nof est ac recta ex duobus
nominibus; quod erat demonstrandum.

Apotome et irrationales eam sequentes neque mediae
neque inter se eaedem sunt. nam quadratum mediae
rectae rationali adplicatum latitudinem efficit ratio-
nalem et rectae, cui adplicatum est, longitudine in-
commensurabilem [prop. XXII], quadratum autem
apotomes rationali adplicatum latitudinem efficit apo-
tomen primam [prop. XCVII], quadratum autem mediae
apotomes primae rationali adplicatum latitudinem efficit
apotomen secundam [prop. XCVIM], quadratum autem

PYV. 11. EZ] mot. in ZE V. &gu forl] 8¢ in ras. 4
litt. . 12. Zatéy P. Post prues add. xof elor dnrel mg.
m 2B 13. ¢lot] om, PV. 14 EH)] comr.¢x HE V, HE
P,EN @. 15 't'}]] (alt.) om. b, 16 Gmeq #5=e d‘siﬁalﬂ‘ comp.
P, om. BFh. 17, mégiopa] om. P, iy” BVD, pa’ 21.
] = b. 22. ¢nd] om. F.

Euclides, edd. Helberg et Menge, III. 23
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8t Gy deriv, aldjiov 83, émsl tf vdfs odx sloly
af avral, dfiov, og xal’ edrel of Gioyor Siapépovary
aldgiev. xol émel 0é0exves % dmovousy odx ovdw 1
avty vj & dvo dvopdrov, mowver 0t midry mapa
nriy megaPalidpsver ol pera vy dmotouny dmworouds
axodovdwg Exdorn tfj vifer tf xed’ edriv, of &}
pere Ty dx dvo dvopdtov Tag éx dvo dvoudremv xal
evral v vofee dxolovPmg, frepar dpu sloly of pera
v amorouny xel Fvspor al weve Ty éx dvo dvoudraov,
o3 sivon vff vake wdoag dldyovg 1y,

Méony,

‘Ex dvo ovopdrmv,

'Ex 0vo péowv meodtyy,

‘Ex 8vo péowv dzurépav,

Meslfove,

‘Prrov xal pédov Svvapdvyy,

1. %6 86 — 8. dwcsqa}] wmg. m. 1L V. & #larroves Bb,
comp. F, 9. perd] om. 11. otw] corr. ex ot m. 1 P.
12. meawrov] (prius) in ras. V. 18, émel] 8w B, 17.
regafoedlopsye ¥, corr, m, 2. «f] om. P, gupra ser.m. 1 V,
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mediae apotomes secundae rationali adplicatum lati-
todinem efficit apotomen tertiam [prop. XCIX], qua-
dratum antem minorie rationali adplicatum latitudinem
efficit apotomen quartam [prop. C], quadratum autem
rectae cum rationali totum medinm efficientis rationali
adplicatum latifudinem efficit apotomen quintam {prop.
CTIl, quadratum autem rectae cum medio totum medium
efficientia rationali adplicatumn latitudinem efficit apo-
tomen sextam [prop. CII]. iam guoniam latitudines,
quas diximus, et a prima et inter se differunt, a prima,
quia rationalis est, inter se autem, quia ordine easdem
non sunf, adparet, ipsas quoque irrationales inter se
differre. Et quoniam demonstranimus, apotomen eandem
non esse ac rectam ex dnobus nominibus [prop. CXI],
et rationali adplicatee rectae irrationales apotomen
sequentes latitudines efficiunt apotomas secundum suum
quaeque ordinem, irrationales autem rectam ex duobus
_nominibus sequentes rectas ex duobus nominibus et
jpsac pecundum suum quaeque ordinem, alise sunt
irrationales apotomen sequentes, aliae irrationales
rectam ex duobus nominibns sequentes, ita ut omnes
XIII irrationales ordine hae sint:

1. Media.

2. Recta ex duobus nominibus,

3. Ex duabus mediis prima.

4, Ex duabus mediis secunda.

5. Maior.

6. Recta spatio rationali et medio aequalis quadrata.

uéy B, af pév b, péy supra add. m, 2 F. 19. zag éx ddo
évopdrar] om. V. - 20. avzdg b, elow dpa V. 21 of]
om. P,  perd] nara P )

23¥%
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To amd ¢nrije wege tqv éx dvo dvoudrmv

10 xegaPfaldousvor mAdrog woLsi amoropyv, #g
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t§} éx 8vo dvouctav.

16 “"Eovw ¢qry pdv n A4, éx 6vo dvoparmy &% 5 BI,
g wetfov dvopa fgtw 7 AT, xel t6 dnd vig A loov
éotw 10 Umd vy BT, EZ' iédywm, 6ve + EZ dmorous
dotiv, Wg To Svdpare ovuusvd dov volg I'd, 4B,
xel &y T avtd Adyw, xel i ) EZ iy aveiy Efa

20 tafw tf} BI. :

- "Egrw pag mddw to dno tig A looy 0 Umd tav
Bd, H. énel ovw vd vmo tév BI, EZ loov dotl 745
imo tov Bd, H, ferwv dpa og 5§ I'B xpog v B 4,

De his 18 irrationalibus cfr. Martianus Capella VI, 720.

5. éldzrove BFb, 8. gf ] om. b, gua’ F, @8 BY. 11,
tf fou F. 12, éwépasy PBF.  16. 8% dvoudver V.  18.
dr) T4 F. 11. By I'BF. 18 dou] dorwP. T4l T
ecorr. V.,  AB] A pupra scr, m. 2 V. 19 vefw Efer V.

EEG# fxee BFb, in B supra ser. £ m, 2, 22. Bd}l d e
corr. V, 4B F. ]t PV. t¢g] mut.in zd m.1 P, 76 V.
28. Post t&v ras. 1 Jitt. P. I'B] BI'F.
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7. Recta duobus spatiis mediis aequalis quadrata.
8. Apotome.

9. Mediae apotome prima.

10. Mediae apotome secunda.

11. Minor.

12.-Recta cum rationali totum medium efficiens.
13. Recta cum medio totum medium efficiens.

CXII. %)

Quadratum rectae rationalis rectae ex duobus no-
minibus adplicatum Iatitudinem efficit apotomen, cuins
pomina nominibus rectae ex duobus nominibus com-
mensurabilia sunt praetereaque in eadem proportione,
et praeteren apotome ita orta eundem ordinem habebit
ac recta ex duobus nominibus.

: Sit A rationalis, BI" autem ex duobus mominibus,
cuins maius nomen sit 4TI, et sit BI'>< EZ = 4%
dico, EZ apoiomen esge, cuius nomina rectis I'A, 4B
commensurabilia et in eadem proportione sint, et prae-
terea rectam EZ eundem ordinem habere ac BI.
nam rursus sit B4 >< H= 4% iam quoniam est
BI'>XEZ==BA><H, erit 'B:BA=H:EZ V], 16].

A——
)
Bt 4 1 r Hi
E Z
Kt I I &

uerum I'B> B 4, itagque etiam H>EZ [V, 16; V, 14].

. 1) Dubito, an haec propesitio et sequentes Euclidis non
gint, sed de hac re alibi niderimus.
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I'd =pdg tijiv AB. edupergov 8t ©6 and =i I'd =
and tijc 4B evupcrpov dpe fotl xal vo and vig OK
16 dno tig KZ. xal éouwv og td and zijg OK meog
16 70 dwo tiig KZ, ot % @K mpdg v KE, énel of
1pels of ®K, KZ, KE avaioydy elowv. ebuusrgog
dpae n OK tff KE wijxers @ove xal 9 @FE vy EXK
ovppctels ot pipwer. xol énsl o amd viis A Isov
éovl T vmo tdv EO, BA, ¢nroév 8¢ dove vo and i
20 A, ¢nuov dou fotl xel to Umwd vov EO, B, xal
mege guriv Ty B4 megdxsites ¢nry dea forlv g
E@ xal cvppergos v B4 uixa dove xel 4 evu-
uergog avef § EK ¢nuif dotu xel ovpuergos zij B
prixsi.  fmsl ovw Zeviv dg 7 I'd mpdg AB, ofrtwg 7
26 ZK mpdg KE, of 8t I'd, 4B dvvdus povov &ial

1. ustfwy — 2. forw] inrxas. V. 1. I'B BI‘ P. 2
for(] om. V. 3 I'B] BI'PV. 4 wj»] om. Bb. 5. wjs]
om. Bb. AB FVb. j»] om. BFb, eyovitw — 6.

Elom b. 6. vjy] om. B ZK| KZ lg wjv] om.
BF 7. medg] bis g. 8. ﬂgv KE FV. dg yup] om. P,
supra scr, V.  zdv] om. P.  gyovpevey P. 10. tzw» KE V,

11. 4B) BAF, v XZ BFb, 12, 4B] e corr. V,
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sit E@=H. itaque I'B:B4=@E:EZ. quare diri-
mendo [V,17) I'4:BA=@Z:ZE. fiat ®Z: ZE=ZK:KE,
quare etiam @K:KZ ~ ZK: KE; pam ut unum prae-
cedentinom ad unum sequentium, ita omnia praecedentia
ad omnia sequentia [V, 12]. est antem ZK:KE =
I'4: 4B, quare etiam @K:KZ =TI4d: 4B, uerum
I'a®, 4B* commensurabilia sunt [prop. XXXVI].
itaque etiam @K% KZ? commgnsurabilia sunt [VI, 20
coroll.; prop. XI]. est autem @K?:KZ? = @K:KE,
quoniam tres rectze @K, KZ, KE proportionales sunt
[V def. 9). itaque @K, KE lpngitudine commensura-
biles sunt [prop. XI], quare etiam @E, EK longi-
tudine commensurabiles sunt [prop. XV]. et quoniam
A* = E®>< B4, et A* rationale est, etiam E® <B4
rationale est. et rationali B4 adplicatum est. itaque
E® rationalis est et rectae B longitudine commen-
surabilis [prop. XX]. quare etiam EK, quae ei com-
mensurabilis est, rationalis est [def. 3] et rectae B.J
longitudine commensurabilis [prop. XII]. iam guoniam
est Td: 4B=ZK:KE, et I'd, 4B potentia tantum
commensurabiles wunt, etiam, Z K, K E potentia tantum

Bd P, 13. 8X] I'd . 14 KZ] ZK in ras, V. 15.
Post KZ add, ﬁda[z&rj 1&9 og 7 I'd mgdg 4B, om:mg 7 ZK
meoe K6. ullu xel ag 5§ I'd meog 4B, ou':mc 1] @K mebs
KE. teeis oty wﬂswu’ eloiy uvuloyov uomﬂ; p.k'u 7 0K, Sro-
zepa JE 7 KZ, efen 7 KE, é‘m:w ovv og 1:0 num ©ij§ meaitg
ngoc o axd Tilg devzégus eldog, ot N medTy meds TNy Toltyy,
Toveioriy aig 0 axo OK weds v mm KZ b wijv] om, b,
16. elos BYDb, comp. F.  17. doa foxiv BFb. OK] K
o corr, V. . Post uhixec add, xol dsddeze b, m. 2 F.  dore]
e ¢ corr. V. EK E@b 19, EO] 8EV. fomw L.
20. fotdy L. BFb, e corr. V. ~ 21, 4B BF, 22
Post doze ras. 1 htt V. 98 dmvL. J4BF o m]c?]
om. L, supra scr. m. 2 B, 25. ZK)] corr. ex ZH m. 2
d] m 2P ra]l 4T F. slalv L.
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ovppevgor, xal ol ZK, ' KE Ovvdpse wovor &lol ovp-
petgor.  ¢quvy 8¢ devwv §) KE* dnry) Epa dotl xal 5
ZK. of ZK, KE aoa gnral Gwap,el, wlvov slol evu-
uergoL” mr.m:op.-q dpe fotiv  EZ

"Hro. 8 5 I'd vijg AB petfov dvwaver tg6 dxo
cvgpitoov vty 1 T 4md Govpplrgov. '
B EL utv ovv 1§y I'd tiig 4B peitoy dvvarms v dnd
ovpuérpov [favenl, xe} 4 ZK tiig KE pstfov dvvi-
gevar Tl and ovpplreov fuvty. xal & uly evupsteos
dotiv v I'd vy boxaipdvy fnefj wixee, xel § ZK* &
0t 7 Bd, xal 9 KE- ¢l 0t obdevépe vov I'Ad, 4B,
aal ovderépa rév ZK, KE.

E¢ 8¢ ©) 4 vijg 4B peifov dvvares ve dnd dovy-
pérgov éevel), xal §) ZK vig KE psifov dvirjestec
vd amd dovppéreov favry. xal & plv 1 I'd ovp-
ReTQos ot f) dxxepdvn. ey jojxe, xal § ZK- &
0t % Bd, xel § KE' & 6k oVdstépa rav I'd, AB,

- xal oddsripe tév ZK, KE' dors axovour Sotiv 1)

20

25

ZE, g & dvouare v ZK, KE ovupetod édvi roig
zijg éx 0vo dvopdrwy dvduaer tolg I'd, 4B xal &y
te atrd Adyw, xal v edey vafw.dye v BT omse
e detben. ,
eiy .
To dnd ¢ytijs mapd emorounv mapafaiis-
psvov midrog woiel vy éx dvo dvopdrav, 1g
1. KE &pa LBF. 2, Post KE add. xai avppecgeg 7 Bd
wisee LBFb,  fouw deu V. éeviv LPB. 3. ZK] (prius)
RZ BFb (de L non liquet). Deinde add. xel wppﬂeoc 7]
I‘d wee LBFbL, . ﬁnmt elow L, §nral sioe BFD. :’%
Fb. 4. EZ] ZE in ras. V. 6. 7] supra scr m.
rec v wppetpou ¥V, sed corr. 8, dovppérgov L, et V,
sed ¢- eras, fawsj] om, P, ZK] KZ B. 11 BA'] maut,

in 4BV, 4B b. ~odBerdpa P. ~ 12, nal — 13. 4B] mg.
m 2 F. 12. od8stége P. KE] E in rae. m, 1 P, 13,
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commensurabiles sunt [prop. XI|. uwerum KE ratio_ﬁalis
est; itaque etiam Z XK rationalis est. itaque ZK, KE
rationales sunt potentia tantum commensurabiles. ergo
EZ apotome est [prop. LXXIII].

JIam. I'4% excedit 4B* quadrato rectae aut sibi
commensurabilis aut incommensurabilis,

gi igitur I'g? excedit 4 B® quadrato rectae com-
mensurabilis, etiam ZK? excedit K E* quadrato rectae -
sibi commensurabilis [prop. XIV]. et siue I'"Af rationali
propositae longitndine commensurabilis est, etiam ZK
ei commensurabilis est [prop. XI, XII], siue B,
etiam KE [prop. XII], siue neutra rectarum I'd, 4B,
neutra rectarum ZK, KE. sin I'4* excedit 4 B' qua-
drato rectae sibi incommensurabilis, etiam Z K*® ex-
cedit KE? quadrato rectae sibi incommensurabilis
[prop. XiV]. et siue I'4 rationali propositae longi-
tudine commensurabilis est, etiam ZK ei commensu-
rabilis est, sine B4, etiam KE, sine neutra rectarum
I'd, 4 B, neutra rectarom ZK, KE, ergo ZE apotome
est, cuius nomina ZK, K E nominibus I'4, 4B rectae
ex duobus nominibus commensurabilia sunt et in eadem
proportione, et eundem ordinem habet ac BI' [deff.
alt. et tert]; quod erat demonstrandum.

CXII1.
Quadratum rectae rationalis apotomae adplicatum
latitudinem efficit rectam ex duobus nominibus, cuius

48] B4? L. 14. wal — 15, fovrf] om. P, mg. m. 2 V.

16, éoriv L.  Ante ZK eras. H V. 17, odferdpu V. 18,
ovdsrign PV (non F). - @ore] -8 in ras. V. 19. ra] (alt)
‘om. P,m. 2 V. dorwv L. 20, éx] dx viv V.  dvopady
LPBF. 21 e zafi» LBFb. BI') BB P 23 o]
PL, o' F, g8" b, gsa’ BV. 24. mage] oeo L.
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ta dvopara ovppstpd £ati volg THg axoTtoudg
dvopace xal év te adre A1dyp, fri 6k ) yevo-
pévy éx dv¥o dvopdrav tnv aveyy tdfiv Eyes
Th dXoTONT.

"Eover §nry piv # A, dmovoun 0k 5 BA, xal tg
énd tijs A loov fotm o tmd rav Bd, K@, dors ©d
ano tijg A ¢nriig meps iy BA amovopyy xepefai-
Adpevor midreg mousi vy K6 Aéyw, 6t éx dvo dvo-
udrov dotly § KO, %g va dvdpara ovpustod fore
Tolg g B4 dviped: xal v 10 alrd Adyw, xal I
7 KO iy adriy fxe tabiw i} B4

"Eerm yip 1 Bd meosagudtovea § JI of BT,
I'd oo gyreai slov Svvdus povov evppsroor. xal g
and viig A loov dorw xal vo Umd vov BI, H §yvov
Ot to amwo tijg A fnrdv dpa xel vd Uxd vdv BI, H,
xal mwage $yryqy v BI” magaféfinrar: ey dpa éoriv
% H xol ooppsrgog vj BI' prxer. Zmel odv 1o omo
zov BT, H leov ol te vnd véy BA, K@, dvdioyov
tou éozly wg ) I'B spds B, ovteg 1) KO xpdg H.
pelfov 0% 4 BI' viig BA* peliav &pa xal § KO vijg H.
xeiodw vy H loy 7 KE' odppergos doa daviv vy KE
1] BI' pyxe. xai émsl éotiv g 77 I'B mpds B,
otnw; 7 @K meog K E, avacrgépavn doe doviy ag 3
BT mpog tiw I'd, otrag 1 K@ npdg OFE. peyovérm
ag 7 KO mpdg OF, oftwg 4 ®Z mpdg ZE* xul Aowwy

1. doziv L. 2. dvopaay PLBF,  yiyvopévy LBD, ye-
voutyn PVp, 8, ¥ye) supra add. Em. 2 B, 6. 4] 4B b.
ooue] -£ inras, V. 7, Bd] 4B g. 8. moieiv LEb, o
corr. m: 1 B, 6zi) Gre i PV, @ fone] fomr L. 10, Gvd-
peoww PLBF, fn] 8w LBFb. 11, Fgee LB. 13, elow L.
14. »e{] omn. LBF¥Vb,  15. Hl m. 2 F.  18. docéy PV,
om. LBFb. 19. I'B] BI' PV. 20. tfig] (prius) =modg b.
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nomina nominibus apotomes commensurabilia sunt ef
in eadem proportione, et praeterea recta ex duobus
nominibus ita orta eundem ordinem habet atque apotome.
Sit A ratiopalis, B4 autem apo-

Ty tome, et sit B >< K@ = 4%, ita ul
A, quadratum rectae rationalis 4 apotomae
114 H B4 adplicatum latitudinem efficiat K@,
a dico, KX® ex duobus nominibus esse,
7 |  coius nomina nomipibus rectae B4

1Z e s .
commensurabilia sini et in eadem pro-
ig portione, et praeterea K@ eundem or-

dinem habere ac Bd.

nam A4 I' rectae B 4 congruens sit. itaque BI, I'd
rationales sunt potentia tantum commensurabiles [prop.
LXXII). sit etiam BI'>< H== 4 uerum 4* rationale
est. itaque etiam BI'>< H rationale est. et rationali
BI' adplicatum est. itaque H rationalis egt et rectae
BI' longitudine commensurabilis [prop. XX]. iam
quoniam est BI'>< H= B4 < K@, erit [VI; 16]
I'B:Bd=K@®: H est autem B> BAd. itaque
etiam K& > H [V, 16; V, 14]. ponatur KE = H,
itaque KE, BI" longitudine commensurabiles sunt. et
quoniam est I'B: B4 = @K : KE, conuertendo [V, 19
coroll] est B4 =K@®:OF. fiat KO:OE=~=@Z:ZE.
itaque etiam KZ:Z@—=K@:@E=BI:I'4 [V, 19].
uerum BT, I'A4 potentia tantum commensurabiles sunt.
itaque etiam KZ, Z@® potentia tantum commensura-

dou for{ BFh, 21, KE]ecorr. V, EXP. 922 mjp» Bd
BFb. 28. ty KE BFb., 25 X8] corr. ex,. KH m, 2 F.



* B, "@Zb. odrwg 7 B. ©Z]'Z8b. 1. ZE] EZF.
Gore] -e in ras. V. og]m. 2 F.  odtwg td BFb. - 8.
wng] eras. . medg — devréoas] mg. m. 2 F. 9. ZE]
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‘biles sunt [prop, XI]. et quoniam est K&:OF —=KZ:Z0,
K®@:BE—=8LZ:ZE, erit etiam
KZ:20—=@6Z:ZE.

quare efiam ut primum ad tertium, ita quadratum
primi ad quadratum secundi [V def 9). itaque etiam
KZ:ZE=KZ*:Z®. uerum KZ3?, Z6G* commensu-
rabilia sunt; nam KZ, Z@ potentia commensurabiles
sunt. itaque etiam KZ, ZE longitudine commensu-
rabiles sunt [prop. XI]. quare etiam KZ, K E longi-
tudine commensurabiles sunt [prop. XV]. KE autem
rationalis est et rectae BI' longitudine commensura-
bilis. itaque etiam KZ rationalis est ef rectae BI'
longitudine commensurabilis [prop. XII]. et quoniam
est BI':I'd == KZ:Z®, permutando [V, 16] est
BIr:KZ =dI:Z6. uerum BI', KZ commensura-
biles sunt. itaque etiam Z®, 4I' longitudine com-
mensurabiles sunt [prop. X1]. BI, I'4 autem ratio-
nales sunt potentia tantum commensurabiles. itaque
etiam KZ, Z® rationales sunt [def. 3] potentia tantum

commensurabiles [prop. XIII]. ergo K@ ex duobus
nominibug est [prop. XXXVI]. .

Jam i BI™ excedit I'4® quadrato rectae sibi com-
mensurabilis, etiam KZ? excedit Z&® quadrato rectae
sibi commensurabilis [prop. XIV]. et siue BI rationali
propositae longitndine commensurabilis est, etiam KZ

corr. ex Z@ P, 11, ydg] dee B. 12, tﬁl) tig Vb.  dore)
-¢ in ras. V, doze xaf b, 13. don] om. PV.  14. devp-
pezpog b. 18. mpdg] (prius) bis b, 17. oftwg — 18, KZ
bis F. 17 AT) I'4 P. 18. Z2@) intas. V, OZ P. I'd
inras. V, Jr'P.” 19. ¢f] of 84 V.  3£] om. FV, 4E Bb.

20, xaf — 81, K®] mg. m. 1 V.  20. KZ] K& B. 2L
8vo doa BFh. &'(m] om. BFb, 22. I'd] B4 PFb et B
eras. Y.© 28, dovppergov F, sed corr. 24, dovppirgov P.
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I'd gvuustgig fowe tf &xxaplvy Oyrq pipxes, wel 7
Z@, & 0% ovderépe 1wy BI', I'd, olderépa rov
KZ, Z6.

Bl 6} # BT tijg I'd upeitov dvvaras v dmd
acvppiroov fevrf, xal ) KZ wijg ZO psifov dvvy-
oetor T and acvuuétoov favril. xal &l plyv ouppctedg
dovwv 1 BI vy buxerpdvy fyrii prnee, xel § K2, &
0t % I'd, xal % 26, & 8 ovdetépe tdv BI', I'4,
ovderion tdv KZ, 76,

Ex dvo dpa dvoudvov éotly n K6, 4g te dvdpare
w6 KZ, ZO® cippsroe [lon] voly vis dmovoutjs dvd-
pact tolg BI', I'd xal &v ©6 airg Aoye, xal fre 4
K® 15 BI' vy oty fie vabiv Smweg 806 Osibau.

ptd’.

‘Eév ywmelov megiégntar vm0 amoroptg xal
tijs éx 8vo bvopdrwv, W5 ta dvdpave Evu-
peTQd ﬂ.’ dav roig m'ig amoroufs dvopaes xel
év tH avrp Adye, 7 vo geelov dvvaudvy 61;:1;
édrw.

Megieyéodm yap ympiov 6 tmd tav AB, I'd tmo
amotopds thg AB xal tfg éx V0 dvoudrov vig I'd,
ng ueitov Svouw fetw v6 I'E, xal &ore a dvduara
tiic #x 0Vo dvopdrav ta I'E, Ed cvppsvee ve woig
viig dmoropsis Gvopac: voly AZ, ZB xal v 16 avre

1, T4} AT B et e corr. V. 2. BI' — zaw] postea add.

m. 1P Post I"d4 add. »elf b, m. 2 F. 4. dvwvnrar Bb.
b, wppézgvu V, sed. corr. KZ] Zecorr. V, K4 P, 28]
BZ in ras. V., 6. cvppbroor V, sed corr. 7. fomv] m.
2F. 8.26]8ZF. I'4dxul b 11 svppere B, fomi]
om. P, sopra scr. V. dvopasy B. 18. Br'] B4 PFb.
meg £er deifer] om. BFb. 14. e’ b et e corr. F,
os’ BY. 17, #z] om. BFV.  évdpasiy PFB. 19 dove
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ei commensurabilis est [prop. XII], sive I'A rationali
propositae longitudine commensurabilis est, etiain Z®
el commensurabilis est [id.], siue nenfra rectarum BT,
I'4, etiam neutra rectarum KZ, Z@ [prop. XIH].
sin BI® excedit I'4* quadrato rectae sibi incommen-
surabilis, etiam KZ® excedit Z@* quadrato rectae sibi
incommensurabilis [prop. XIV]. et sine BI' rationali
propositae longitudine commensurabilis est, etiam KZ
ei commensurabilis est, sine I'd, etiam Z® [prop. XII],
giue nentra rectarum BT, I'd, neutra rectarum KZ, Z@.

Ergo K& ex duobus nominibus est, cuins nomina
KZ, Z& nominibus apotomes BI', I'4 commensura-
bilia sunt et in eadem proportione, et praeterea K@
eundem ordinem habet ac BI' [cfr. deff. alt. et tert.];
quod erat demonsatrandum.

CXIV.
Si spatium comprehenditur apotome et recta ex
duobus nominibus, euius nomina nominibus apotomes
et commensurabilia sunt et in eadem proportione,

4 Bz recia spatio aequalis gquadrata ratio-

! i nalis est.

r L oy Spatium enim AB ><I'4 com-
0 7 prehendatur apotome 4 B et recta ex
o ,  duobus nominibus ', cuius nomen

K 4 Mm maius sit I'E, et I'E, E4 nomina
="' rectae ex duobus nominibus nominibus
apotomes 4Z, ZB et commensurabilia sint et in eadem

B, com%. FVb.,  20. ydp] corr. ex véd m. 1 V. 28, forom]
{prius) éor: BFb, 23. Ed] Jecorr.m. 1 b 5] m 2B,
24, évopooy B,
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Adyw, xel foro 1§ ©O vmé vov A B, I'd dvvaudvy 7 H'
}ls’ym, ots gnre) éoriv 3 H.

Exxelodo yip fnrg 9 O, xal v éxd vig O leov
oot iy I'd mogafsfiiedo midvog mototy topy K A-
dmoroun dea foviv § KA, %5 ra dvopera forwm o
KM, MA ovuppeton tolg tig éx 8¥0 owopdrwv dvo-
page toig TE, EA zal v ¢ avtd Adye. alla xal
ai 'E, Ed4 cdpuetpol «€ elor taly AZ, ZB nel &y
1§ avng Aoyw: fouv dga wg n AZ mgog Ty ZB,
otrag § KM moog MA. dvallek oo dovlv g 5 AZ
npog v KM, ovrwg 77 BZ mgds vy AM* xal Aosm)
dga 7 AB mpds Aowmyv iy KA doviv wg 5 AZ
ngog KM. ovppergog 62 7 AZ ©j KM odupsrpog
dou -dotl xal % AB v KA. xef éotv dg 7 AB mpdg
K A, ovrwg 1o 910 vov I'd, 4B ngodg 16 vmd rav I'4A,
KA ovppergor cga fotl xai 70 vxo tédv I'd, AB
t$ imd téy I'd, KA toov 8t o md vév I'd, KA
() amo tijg @ ovuusTgov Gge fotl TO vmd thv I'4d,
AB ¢ ano tig @. v 6t vwd vév I'd, 4B ooy éoTl 1o
and tijs H' ovuustpov dga éo6vl o dno tife H td
amd tig @. ¢yrov 6F vo dmd e @ yrov dgu fotl
xal 70 amo tiig H' ¢uyry doo dotiv 4 H. xal dvvera
10 vwod rov I'd, AB.

‘Exv &pa ywplov meguéynrai vmd amotoptjs xel Tig
éx 0o ovopdrav, g th dvduare eluustod foti Toip
tijg Gmovoudls Ovopws: xwl v v@ adrd Adyw, % TO
yoplov dvvaufvy dnry foriy.

1. 7] om. BFb, 7} e corr. V. H] HA b, 3. 8]
(prius) B® ¥, 4. tjv]| (prins) m. 2 F. 8. zijc ] #x
oy V. 7. aile — 9. idyp] mg. m. 1 F. 8. zoic b. 9.

AZ] corr. ex A V. 11. BZ] ZB B 12. 1]‘] pnus) post
ras, 1 litt. F, 13, mpég — AZ] om. F, tyy KM BFb.
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proportione, et sit H® = 4B >< I'd. dico, H ratio-
nalem esse.

ponatur emim rationalis @, et spatium quadrato
@* aequale rectae I'A adplicetur latitudinem efficiens
KA. itague KA apotome est, cuius nomina sint
KM, M A commensurabilia I'E, E4 nominibus rectae
ex duobus nominibus et in eadem proportione [prop.
XCH]. uerum I'E, EA etiam rectis 4Z, ZB et com-
mensurabilia sunt et in eadem proportione. itaque
AZ:ZB=KM: MA. quare permutando [V, 16]
AZ:KM=BZ:AM. itaque etiam AB:KA—=—AZ:KM
[V,19]. uernm AZ, KM commensurabiles sunt [prop.
XII). itaque etiam 4B, K4 commensurabiles sunt
[prop. XI]. est autem AB:KA=I'd>< AB:T'4d><KA
(VL 1]. itaque etiam I'A>< AB et F'4>< KA com-
mensurabilia sunt [prop. IX]. uerum I'd >< KA=@&".
- itaque I'd >< 4B et ®® commensurabilia sunt. est
autem H2=TIA> AB. quare H®, @ commensura-
bilia sunt. werum @* rationale est. itagque etiam H?
rationale est. quare H rationalis est; et spatio
I'd>< 4B aequalis est quadrata.

Ergo si spatium comprehenditur apotome et recta
ex duobus nominibus, cuius nomina nominibus apotomes
et commensurabilia sunt et in eadem proportione,
recta spatio aequalis quadrata rationalis est.

14, loxiv B, AB] KM tmpy.stpoc dou darl xel ) 4B @
(et F?). 15, tjjy K4 BFb. ottm B.  I'4] ante lacunam
2 litt. F, 4T b, AB] 48 b. mpog 4] om, g, 16. td]
m 2V, 17. viv] (prive) om. P.  18. @] @Z B, sed corr.

19. dw=6] corr. ex vmé m. 2 F. T@] corr. ex 6 m. 1 F.

6] corf.ex o m. 1 F. = 20 z6] #ai w6 BFb. 22, dnuyj]
COIT. 6X ¢$nriv V. 25. damv P. 26, ovdpeory PB. 27,
fore BV, comp. Fb. Deinde add, dmsp £8ec dsiton F.

Eunclides, edd. Heiberg et Menge. IIT. 24
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Ilégiopa.
Kal péyover fpiv xai Oie tovrov gavepdy, om
dvvativ dori dnrov yoplov vwd aldpov edPeamdv weQL-
éyeedou. Omep #der deifan.

ote’.

‘Amo péong é&msigo:r &Aoyor ypivovrar, xal
0vdeula ovdspid rov mpdregoy 1 avTy.

"Eosto péon § A Adyo, Ot amd vig A &mspou
“hoyor yivovier, xal ovdsule ovdemd Tdv mpdrspov
N evri.

‘Exxelodew ¢yrn v B, xel vd vnd rdv B, 4 isov
fotw 16 amd Thg I alopog dpa doriv q I o ypap
Umd aldpov xel ¢yuijg FAoyov doriv. uel ovdepid THV
mEOTEQOY 7 VT TO pag an’ ovdsig THY TPGTEEOV
nuge gyrny magefelidpsvor xAavog wousl pdony. maAw
81 76 vmo vav B, I' loov ot ©d amo tijc 4° &loyov -
dga éorl TO amd vig A. &Aopog dea datly § A° xeld
ovdeuid Tov mpdtspov 1) evri) T yag an’ ovdemidg
oV medtsgov mape Gniny magefallopsvov mldrog
mowel Ty I dpoimg 87 vijs Toravryg takewg éx’ dxcigoy
mgofaivovong gavegov, Oti amd wig wéons Emergor
dlopor plvoviae, xel ovdsule ovdeuid tdv m@dregov
% ety Cmep £der Oelbwe].

1. méprope] mg. PV, om. BFb. 4 mep &8s deifou]

~om. BFb. 5. pte’) om. V, g5’ b et corr. ex wd' F, i’ B,

6. ylyvorrat B, y supra add. m. 1 P. 7. obdepla] om.
PFVb. Post modrepov add. dexecgidr dldywy m. ree. F.
9. yiyvovre: PFB.  oddepde] om. PFVh, 10, 1;:;] doriv 7 BF,
11. Ante Bras 11litt. B, B, 4] 4, BF. 12 fsro]l m.2 F.
6] (ptius) vé F.  13. éov/ PB, comp. FVh, 14, dné B.
16. &ioyov — 17, o (prive)] om. FV. 17. ferfv P. 1o — fouév]
on, P. &loyog — 18, wvrh] in ras. m. 1 F. 18, ¢né B.

20X 1?7
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Corollarium.
Et hine quoque nobis adparuit, fierl posse, ut
spatinm rationale rectis irrationalibus comprehen-
datur. — quod erat demonstrandum,

CXV,

A media irrationales infinitae multitudinis oriuntur,
et nulla eadem est atque ulla priorum.

Bit 4 media. dico, ab 4 irrationales infinitae
multitudinis oriri et nullam eandem esse atque ullam
priorum.

ponatur rationalis B, et sit I*=B>< 4. itaque
I' irrationalis est [def 4]; nam spatium recta irratio-

A r—— nali et rationali comprehensum
B\ 1 irrationale est [prop. XX). nec
P eadem est atque ulla priorum;
A neque enim ullins priorum gqua-

dratum rectae rationali adplicatum Iatitudinem efficit
mediam. rursus sit #2 = B><TI. itaque 4 irrationale
est [prop. XX]. quare A irrationalis est [def, 4]). mec
eadem est atque ulla priorum; neque enim ullius priorum
quadratum rectae rationali adplicatum latitudinem ef-
ficit I iam hac ordinatione similiter in infinitum
progrediente adparet, a media irratiopales infinitae
multitudinis oriri, et nullam eandem esse atque ullam
priorum; quod erat demonstrandum.

20. t7jg roseeng] Toif tig adrie .  21. mpofalvovsw: B, corr.
m. 2. 22 ylyvovrer B,  oddeule] om. PFVDL, 28, dxep #5:e
dzifec] om. BFb, comp. P. Seq, additamenta quaedam, n. app.
In fine libri Edudefdov crocyelomy i P, vélog tob v ray Eduleidor
orocyeloy m. 2 B, vélog rod © rdy Evxdellov crogefow tijg
Oémvas udoorwg ¥, Eduleidov ddyog 1 rijs @éwvog duddormg b,

30Xt} 2u*
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1.
Ad libr. X prop. 1.
"dliwg To o« Dsdgqpua.

‘Exxelcdo dvo usyédn tvida o AB, I xal émel
édagooy éone 7o I, moddemdadiafoucvor fovar word vod
AB psyédovg usitov. yeyovérw og o ZM xal dup-
griodw &lg [ta] ioa vg T, xal éotw vo MO, @H, HZ,
xel axo tod AB dppeiode psifov 7 Té fuiov o
BE, xal dno vov EA peifov 7 vo fuov v EA, xal
rovto ael pwéodn, fwg of v vd ZM Suwgéoes low
yévovrar tals év v AB Owgéacoy. pepovirmday
og afl BE, Ed, 44, xal v¢p 44 Exacror vév KA,

AN, NE foro loov, xal totro pwécdo, Eog of St~

pfozig oo K5 lowt pévovrar tals tov ZM.

Kl énel ©6 BE psifov 7 td fjucov éone tob BA,
to BE psifdv dori 100 EA° moddp cpe peifdv fome
tol 44. dide 6 44 loov éorl v EN' ol BE dga
petfoy éore vov NE. mdliw, énel 10 Ed peifov 9 to
fuiet éove tov EA, peifor dor tov A4 edha 1o
44 ot loov v NA' vo Ed &g usliov dote vov

1. Post dopaigovpsve p. 6, 10 habent BFVDE, mg. m. 1
postea add. P,

1. 0 o' Feagnpa] om. V, 76 ovré BFb (mg. « B). 2.
wefodw V., 8, flotwor F. 6. td] {ptius) om, P. I'] corr,
ex 4 B. nal form] om. FVb. HZ] IZF. & §] m
2P. T.BE]inras. V. xaol — Ed]lmg. m 2V. E4]



1.
Ad libr. X prop. L
Aliter primum theorema.
Ponantur duae magnitudines inaequales 4B, I.
et quoniam est I' < 4B, multiplicata aliquando I'

44E B maior erit magnitudine 4 B. fiat

1—— o i ZM et in partes magnitudini I"
M e B 2z aequales dividatur, et sint M@,
R ®H, HZ, et ab 4B auferatur
X4 NE BE maior dimidia et ab E.A

maior dimidia E., et hoc semper deinceps fiat, donec
diuvisiones rectae Z M dinisionibus rectae 4B numero
aequales sint. sint BE, Ed, 44, et sit
KA = AN = NE = A4,

et hoc fiat, donee diuisiones magnitudinis K5 diui-
‘sionibus rectae ZM numerc aequales sint.

et quoniam BE >} BA, erit BE> E 4. itaque
multo magis BE > 44, uerum A4 == EN, itaque
BE> NJ5. rursus quoniam EA>4 E 4, erit EA> A A.
unerum A4 =N itaque ES > NA. itaque tota

AE P. 8 dal) om. BFVb., quyvéefo F. 9. Qimpéoca

BFVb, 10, zé] corr.excim.2V. 1L yiywécbe @. fmg)

fwg &» Vo al] om. g. 12, yévovrar Pop. taiv] &ls

tdg @. 18. BA] corr. ex 4B m. 2 V, 14, zd] 4 &8¢ B,

108 @. éon1] (priue) om. F. 16. ro% — peifor] om, B,
17. 06 JA4 — 18, leov] 6 EA — gpeifov 3¢ dori 10 44 @.
18. leov dsxf{ Vb. EA] in ras. V.
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N4, Giov doo 1o 4B uetfov fote ot KA. icov
8 10 44 vep AK. OBlov Gga 10 BA peifov fou
10U K. alda vov BA peifov fovi 10 MZ® mollg
doa 10 MZ upstfov dove vod EK. xal émel ta EN,
NA, 4K ioo addijiog éotiv, fore 6% xal va M@, @ H,
HZ iga addndoig, =nai éotwy isov ro mifidos Tawv &y
vy MZ v adide vy &v t¢ EK, Eovwv dge @g 1o
KA ngog 16 ZH, otrag 1o K& meos 10 ZM. usifov
0 w0 ZM rov K5 peifov &oe xal 16 HZ vov AK.
xal dove vo pbv ZH loov v I, ©0 02 KA v A4
v0 I dga wsitdv éove voo A4 Smsp éds Osifar.

2.
Ad libr. X prop. 6.
"dAlag td ¢

Vo yag peyidy ve 4, B medg &dinia Adpov éyétm,
ov agdpog o I' mgog aeidudy tov 4 Aiye, bti ovu-
perge fove ta ueyédm.

Voar yap elow £y v I' povddeg, &ls todetra loa
digpriodw ©o A, xal évl avrev isov ot 16 E° Zonw
dou dbg 1 povag mgog tov I' deiBpdy, ©0 E moog o A,
éote 6% nal og 6 I’ mpds zov 4, ©0 A meds e B*
0 lgov dgo fovly d¢ 7) wovag meds tov A, 7o E
meds 0 B. perel 0} xal 7 poveg Tov A ustoel
dge xel 10 E vo B. pevpst 0% xel v6 E v0 A, lnsl
xai ) poveg wov I td E édpe éxdregov tov A, B

2. Post dzifo p. 22, 2 BFVb, mg. m. 1 P.

1. 4B] B4 P. 2. 4] (prius) vg B. td] ot b, 8,

6] corr. ex ro m. 1 F. 4. usifov baes 6 MZDb. 6. AK
KAinraa V. 6 HZ]ZHPF, rav év e MZ]lm. 2 V.
7. 16} (alt) loov =5 PBFb. &K] . in ras. V. 8. zd]
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AB> 54 est autem S A= AK. itaque tota
BA> EK. uerum MZ > BA itaque mulio magis
MZ> XK. et quoniam EN = N4 = 4K, et
M®=@H = HZ, et numerus partium rectae MZ
numero partium rectae EK aequalis est, erit
KA:ZH=KZ:ZM

[V, 15). est autem ZM>KE. itaque etiam HZ> 4K
[V,14]. ot ZH=T, KAd==AAd. ergo I'> 44,
guod erat demonstrandum. .

2.
Ad libr. X prop. 6.
Aliter propositio VL

Duae enim magnitudines 4, B rationem inter se
habeant, quam numerus I' ad numerum 4. dico,
magnitudines commensurabiles esse.

nam quot sunt in I' uni-
tates, in totidem partes ae-
Bt Ei— quales diuidatur 4, et uni
T earum aequalis sit B itaque
1:"'=E: 4 [V, 15]. uerum efiam I': 4 = 4: B.
itague ex aequo est [V, 22] 1: 4 = E: B. unitas
autem o metitar. itaque etiam E magnitudinem B
metitur. uernm etiam magnitudinem A metitur E,
guoniam unitas numernm I metitur. itaque E utramque
A4, B metitur. ergo 4, B commensurabiles sunt, et

F e e e

1 A——

(primum) om F. K,E‘] corr, ex XX m. 2 V. 10, Ad]1 4V

@ corr, V] 6 avrd F. 15 gloe F. 18 1ov 4 PB,
19, wdy] to F ,om. b, 4 ‘80] t6v B. Bl 4 F.
21. to¥ B B.  xe/] om. FV m. 2 F, se & z&péy

corr. ex aqibpds. 22. pergel é‘é ue[] om, P pérgse
0% wel =6 A4, Emel wel 7 poveg 1év Img. m. 2 B
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uetgsl” ve A, B cou ovuuerge doviv, xal doviv avray
xowwov pérgov vo E- Omeg Edsu dstEar.

3.
Ad libr, X prop. 9.
"dilwg To &',

"Emsl pog ovpusteds oty 3 A tfj B, Aoyor Iy,
Ov apuBuds moos doidudy. Zyfrm, ov 0 I' mpog rov
g, el § I favrov plv moldamhaciddag tov E mousivm,
6 0t I’ tov 4 moldamheswddag vov Z mouslrw, 6 02
4 feviov moliemAacidoas rov H moie(tw. 2wel ovw
0 I favrov plv moddemdadidicag tov E memoinxev,
Tov 8t 4 moldamladizdng Tov Z memoinxev, $oriv dpa
wg 6 ' mwgog tov A, tovtéorww ag % A mgog tiv B,
[otrmg} 6 E moog tov Z. adk’ dg % A mgdg v B,
ovtwg 0 &m0 tijg A meog TO tmd twv A, B- Eorw
dpa wg O amd tiig A wpdg 1O Ymd Tov A, B, oDrmg
o E mpog vov Z. medw, émel & 4 éavvov molde-
niaduicag vov H memoimnev, 6 02 I vov 4 molda-
miaguigag tov Z memoinxev, forww &oo wg ¢ I' mpog
oy A, rovrdenwv og 1 A meds v B, olrwg o Z
mwpos tov H. ddd &g % A mgos v B, ovtwg o
vmo twv A4, B maog 0 dnd vig B fovwv &pa g o
vd tov A, B mpog ©o axd thg B, ovrwg ¢ Z modg
tov H. aAd’ &g 16 dnd vijg 4 meds ©o vmd vdv A, B,
ottwg wv 6 E mgog tov Z+ 8¢ ldov dea g To dmd
tfg A mpodg 10 dnd viig B, ovrwg 0 E mpds vov H,
Eore 8t énvvegog tov E, H vevpdywwvog: 0 plv yio E

3. Post doefpcy p. 32, 3 BFVh, mg. m. 1 P.

1. fomv] (prine) doru BY, comp. Fb. 2. Gnse &8st Feifon
comp. F?, om. BVb, 8. 16 #'] om.' B, 5. I' mpds zov o
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communis earum mensura est E; quod erat demon-
strandum,

8.
Ad libr. X prop. 9.
Aliter propositio IX,

Nam quoniam 4, B commensurabiles sunt, rationem
habent, gquam numerus ad numerum [prop. VI]. sit
A:B=TI:4, et I' se ipsum
multiplicans efficiat E, I' autem
numerum 4 multiplicans Z, A

A —
B |l—|———1

I ! autem se ipsum multiplicans H.
4 jam quonism est I'>< I' == E,
L— I's<Ad=2, erit 1 A=E:2
f{:—“‘ [VII, 17], hoc est E:Z — A4: B.

! unerum A: B=A47: 4>< B, itaque
At 4> B=FE:Z. rursus quoniam est o >< 4= H,
I'><de=2, erit I't 4= Z: H [VII, 17], hoc est
A:B=2Z:H uverum 4:B= 4> B: B itaque
A>B:B*=Z:H erat autem A*: 4><B=E:Z,
itaque ex aequo [V, 22] 4*:B* = E:H. uerum uterque

tole mpog wov J tégewoe F, sed corr. m. 1. 7. & & I' zdv]
tov 3¢ BFVb.  newsira) om. BFb. 9. nemoiye b, 10,
©ov] (prius) corr. ex 6 m. 1 V. 12 oume] om. P, om:cag

— ‘n;v B] om. B. 20, Zoruy doa dg o two oy 4, B moos
70 dno z:;cB mg b. 22. awo vijc A mdg ro] m, 2 y (tou pro
e ). B F. Deinde del m. 2 xpog to ane tig B V.

23. Z} mut. m H F.  Post doe add. éordv b, m. 2 F. 23,
foriv B.
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éné tov I dorew, & 02 H amd vov J° ©o and tijg A
dpa mgog TO amo thg B Adyov éys, Ov Terpayevo;
apuduos mpdg rergaymvov doududv. Omeg Eds Setfar,
‘AAda 0% éyfrm tO dmd tiig A medg o axmd Tig B
Abyov, ov Terpdymvog apududs 6 E mpds vevedymvoy
doiduov rov H' Afyw, Sve odppereds éotww vy A =i B.
"Eorw pig tov piv E misvoe 6 I, rob 82 H 6 4,
xel 6 I' zov A moldamieciaang tov Z mowtlire” ol E,
Z, H %pu éthg slow avaioyov Zv 6 vov I' mpdg rdv
A ibyp. xal émel tdv dnd tév 4, B pfoov dvdioydy
éote TO VmO Tdv A, B, wev 6 E, H 6 Z, ot dou
@g 10 and tig A medg 10 Vmd ey A, B, obrmg 6
E mpig tov Z. &g 8% vd Um0 tdv A, B mpds v0 awd
tiig B, oftwg &6 Z mpdg tov H, ¢id’ og t0 dwd tig A
wgdg 10 vwo vov A, B, otvwg % A4 medg v B. ol
A, B dpa ovupergol sleiy” Adyoy pog Epovoww, oOv
doududs 6 E mpog apufpdy tov Z, vovréotw ov 6 I
npds Tov 4 ag yag 0 I mgog vov 4, 6 E mgdg tov 2+
o yop I fnvrdy pdv mollamdasiaoas vov E msmolnxev,
tov 0% A4 moddumiacidoug tov Z memolnxey® oty Eoo
og 6 I' mpog tov 4, 6 E mpog tov Z.

4,
Ad libr. X prop. 10.
T &ga moorsPelay e0dely T onril, 4o’ g Epapcy
ta pérpa AapPdveadur, olov v A, mpodslenrar dv-
vdgue pyv ovppsrgog i A, vovréer gnry dvvdps: udvov

4. Post ) E p. 34, 5 PBFb; mg. m. 1 V, add. xedusvor,

3. npu&pn comp, corr. ex comp. weog m. 1 F. 8, Poat
B add. pyues V, m. 2 B T pEv] om. b, é] (pnus) i
corr. ex 6, supra &cr. ¢ Fy 7 b, 10. zdéw] corr. ex wo B.
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E, H numerus quadratus est; est enim E=TI"? H=4"
ergo A4*: B® rationem habet, quam numerus quadratus
ad numerum gquadratum; quod erat demonstrandum.

Iam uero 4%: B? rationem habeat, quam numerus
quadratus E ad numerum guadratum H. dico, 4 et B
commensurabiles esse.

sit enim I’ latus numeri E, 4 autem numeri H,
et sit I'>< 4 =Z. itaque E, Z, H deinceps pro-
portionales sunt in ratione I': 4 [VIII, 11]. et
quoniam est A2: 4> Be=d><B:B? et E:Z=Z:H,
erit A*: A><B=E:Z estautem 4><B:B*=Z:H
et 4%: 4>< B= A:B. ergo 4, B commensurabiles sunt;
rationem enim habent, quam numerus E ad numerum Z
[prop. VI], hoc est I': 4. nam I': J=E:Z; est
enim I'><I'=E, I's>< 4=2Z [VII, 17]; quare
id=E:2Z" "

4.
Ad libr, X prop. 10.

Ergo ad rectam propositam rationalem, unde diximus
mensuras sumi [efr. p. 2, 10 not. crit.], uelut 4, in-
uenta est .4 potentin commensurabilis, hoc est ra-
tionalis potentia tantum commensurabilis, irrationalis

1) Hae ambages, o 8¢ lin. 18 — H lin, 14 et a5 yoip
lin. 18 — zo» Z lin, 21, a Gregorie in codd. deesse dicuntur;
in meis tamen omnibus leguntur,

11, dovi] eloew P.  16. eloe V, comp. Fb. ypdol m.2F, 17.
6v] om. F. 18 Z] ecorr.m.1b. 19. Post I' ras. 1 litt. F.

memolnwns V. 21, ottwg ¢ E V.  Post Z add. Gmep #de
dgifos FV. 22. mooorefelony PV. én7ii] én- eras., deinde
mg. m. rec. xelpevor. weodevonriar p. 34, 3 — 3 Ep. 34, 6 B
addito Smep £3sc Seifar et deleta reliqua parte propoaitionie.

23. olore/ BV, yo. olov douw 5 4 mg. Fb. ~ mpoanvenret
BFb. 24 pév] povor B, piwr 7 F.
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1. o¥ppergog] om. V, m.rec. P. 34 . L
eras. ovtwg P. 8. elg 10 1y’] om. FVD. el — amaywyis]

mg. F, 1v" in ras. B, me. v &llo 1Hvuc
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autem E; irrationales enim omnino uocat rectas rationali
incommensurabiles et lengitedine et poteatia.

5.
Unlgo X, 13.

Ad prop. XIII lemma ex reductione in absurdum.

Si duae magnitudines sunt, et altera commensura-
bilis, altera incommensurabilis eidem magnitudini est,
magnitudines incommensurabiles erunt.

T sint enim A, B duae magnitudines,
’ J alia antem I', et 4, I’ commensurabiles
I 8 T sint, B, I' autem incommensurabiles. dico,
-4 etiam 4, B incommensurabiles esse,

nam si 4, B commensurabiles sunt, et etiam I, 4
commensurabiles sunt, etiam I', B commensurabiles
sunt [prop. XII]; quod contra hypothesin est,

8.
Ad libr. X. prop. 18.

Rationales enim uocat rectas rationali propositae
commensurabiles aut longitudine et potentia aut po-
tentia tantum. sunt autem aliae!) quoque rectae,
quae rationali propositae longitudine incommensura-
" biles sunt, potentin autem tantum commensurabiles;
quare rursns uocantur rationales et inter se commen-
surabiles, quatenus rationales sunt, commensurabiles
antem inter se aut longitudine et potentia aut po-

1) Hoe quid sibi uelit, non intellego,

B] 4? P, dovupsreoy F, sed corr.  15. xof] (alt) om. b,
16. slotv dovppergor F. tlaw B.
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yroe wixer Onledy xal Svvdus: 7 Svvdper uévov. xal
& uly pixse, Afyovvar xal avval dnral pimst ovp-
peTgor Zmaxovopdvou, ote xal Svvans: & 8t dvvdus
povov mgos aAlijdag slal ovpuszgor, Afpovrar xel
avtal ofrmg dyrel Svvdpse udvov evuperpor. Sre Ok
ol gnral aoppergol elaw, évrevdey dijlov: émel pap
¢nrel slow of ©f bospdvy dyrfj ovppergor, ta 6% 1o
avre abuperoe xel gddrflowg dorl ovpustee, of dpe
gnrel ovppergol elowy.

7.
Ad libr. X prop. 20. -
Afjppe.
‘H dvvepdvy aloyov ywelov aiopds éotuv.
dvviodw yep 1 A &loyov ywelov, Tovréore td
and vijg A terpdyovov ldov Eatm didyw ymelwm. Adym,
ote 7 A &loyds éoriv.
El yap fotor gy § A, ¢nrov Eoror xel to
avris TiTpdymvov' ovrmg pdg [éotw] év Toly dgoig.
ovx ¥ori 8& &loyog dga éotlv v A° Omep E0su dsitou,

8.
Ad libr. X prop. 23 corollarium.

Elol 6% mdAw xal Ao eb@elar, of prixer uly

7. Post fEijg p. 60, 13 PBFVb, 8, Post ovuuerpor
p. 68, 22 PV, mg. m 2 B. :

1. »ef] (alt) om. b. 2. §nral] om. V. 8. &f] om, b,
5. ovtwg] om. BFVD, Post svupergo: del. eloiy m. t P,
8te — 6. eloev] mg. m. 1 P, 6, évreiider] fv- in ras, m,

1P &jlov dvreiber F. frel] 8w b, mg. m. 1 ye. &xmel

yag See 1o B’ vov . 9. elow] eloi b, oy Gmeg £8e

T 11. ‘H] om. V, add. num. §'. for: BY, comp.

Fb. 18. lgov fore] supra ser. m. 2 V; om. BFb.  Zidyw

gwel] corr, ex dloyoy fotw V, &loyor Forw Bb, fota dloyor F,
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tentia tantum. ef si longitudine commensurabiles sunt,
et ipsae rationales longitudine commensurabiles uo-
cantur, sabaudito, eas potentia quoque commensura-
biles esse; sin potentia tantum inter se commensu-
rabiles sunt, et ipsae sic rationales potentia tantum
commensurabiles uocantur. rationales autem commen-
surabiles esse, hinc manifestum est: quoniam enim
rationales sunt, quae rationali propositae commensu-
rabiles sunt, et quae eidem commensurabilia sunt,
etiam inter se commensurabilia sunt [prop. XIIJ,
rectae rationales commensurabiles sunt.

7.
Ad libr. X prop. 20,
Lemma.

Recta spatio irrationali aequalis quadrata irratio-
nalis est.

nam 4* spatio irrationali sit aequale. dico, 4 ir-
rationalem esse.

A— nam si A rationalis est, etiam .4°
B | rationale erit; ita enim in definitio-
r— nibus est [def. 4]. at non est. ergo

A irrationalis est; quod erat demonstrandum.

8.
Ad libr. X prop. 23 coroll.

Sunt autem rursus aliae!) quoque rectae, quae
1) Sec, praeter rationales, de quibus u. app. nr. 6.

15, foran] Zot: V. 16. forv] om, BFVDh, 17, #6miry B.

Goe] m. 2 F. % 4 douy BF VD, Smeg Edee GsEEaL]
om. B, 18. slsfy P.  elol 8¢ — p. 886, 7. Svwdpse (prius)
punctis del, V (efr. p. 69 not. orit).

Euelides, odd, Hoiborg ot Menge. III. 25
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aovpuergol &low v péoy, dvvepse 6% povor ovupeTgol,
xal Adyovrar mahwv picer dia vd Gvppergor slvar du-
vapse T pion xol ovpperpo: mweog addfleg, xedd
péoas, dile evpusToor XPds aAdfdas fivoe pijrse Snldady
nal Svvduer 7 Ovvdper povov. xal &f plv pixec, Aé-
yovrer xal avrar pibar wixse ovppsTooi émopdvor Tov,
ote xal dvvapes & 0 dvvdpse povov slel evuusroos,
AMyovrar xal oftmg péder Svvdper povev GvuMETQOL.

Ore 8t of péoer avppsrgol slaw, ovrwg dsxriov.
énel af pidar péop vl svppevgol elow, Ta OF v
avtg ovpueton xal diddlos forl odupperpn, ol &Zoa
uedar ovuusrgol &lowy,

9.
Ad libr. X prop. 27.
Adijppe.

dio apidudy dodévioy év Adyp dmeiwmody xal
&Adov Tiwdg ddov moujdar og Tov agdudy mwpog TOV
doududy ofrag vobrov medy HAlov Tivd.

*Eovaday of doFdvreg 8bo agifuol of 4B, I'd
Adyov &govres mpodg dlirflovg dmorovody, &ldog 64 Tig
o I'E. det moufjoes v0 mpoxslpsvor.

Aveyeypapio pag vmd vov AI'y I'E mepadinid-
yoapuov dgdoymvior 10 AE, xel v AE ldov maga
10v AB nepafsfiicde mugpaiiydoyeaupuor td0 BZ
xidvog motovv iy AZ. im:sl odw loov dotl 16 AE

9. Post deifar p. 78, 13 V.

1. slow P, 9. 5zt — 12. sley] etiam in mg. sep. m.
ree, B. 10. ela: BV. 13 ijppe] m. 2 V,
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mediae longitudine incommensurabiles sunt, potentia
autem tantum commensurabiles, et rursus mediae uo-
cantur, quia mediae commensurabiles sunt potentia,
et inter se commensurabiles, guatenus mediae sunt,
commensurabiles autem inter se aut longitudine et
potentia aut potentia tantum. et si longitudine com-
mensurabiles sunt, et ipsae mediae longitudine com-
mensiurabiles uocantur, cum per se sequatur, eas
potentia guoque commensurabiles esse; sin potentia
tantum commensurabiles sunt, sic quoque mediae
nocantur potentia tantum commensurabiles.

Medias autem commensurabiles esse, sic demon-
strandum: quoniam mediae alicul mediae commensu-
rabiles sunt, et quae eidem commensurabilia sunt,
inter se quogque commensurabilia sunt [prop. XII],
mediae sunt commensurabiles.

9.
Ad libr. X prop. 27.
Lemma.

Datis duobus numeris in quanis ratione et alio
guodam numero oportet efficere, ut sit, ut numerus
ad numerum, ita hie ad alium guendam.

Sint 4B, I'd numeri dati rationem quamuis inter
se habentes, alins autem aliquis I'E. oportet efficere,
quod propositum est.

z

describatur enim parallelogram-
A——————B mum rectangulum JE=AI'<TE,
T V] et spatio 4 E aequale rectae 4B

adplicetur parallelogrammum BZ

latitudinem efficiens A Z. iam
25*
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nogadinidppepuov i BZ mogalinioygippm, Eorc Ot
avrg xal ldoyowviov, rov OF lowv xel (soyeviey
repaidniopgdupev avaxendvdaciv of nlevpal al mepl
tog loag yavig, dvaloyov dga Zotly @g 6 AB mdg
tov I'4, ovtwg 6 TE mpdg tov AZ" omep &8¢ Osiko.

10.
Ad libr. X prop. 29.
Afjupe glg to xz8'.

Abo agidudy Sodévtov xal eo@elag déov moifjoas
g TOv deiudy mpog Tov deududy, oltwg TO amd Tig
s0Pelng TETQdywYOY MEOs TO ax’ xAAng Tiwdg.

"Eotwoay of Sodévreg dvo dorPuol of 4, B, s0d:ia
0t 9 ', xal déov forl moujdm ©o mooxslpevov. me-
mowjodm pap wg 0 A meog tov B, § I' sudsla mpog
gy wwve iy 4, =l eldqepde wov I, 4 uéey
avdaloyov 1 E. émel odv doviv g 6 A4 meog Tov B,
7 I' evdein mpdg iy 4, dAd’ dg § I mpog T 4,
0 amd tijg I' mwpdg ©d dmd vig E, dg deax 0 A mpdg
tov B, 76 ano i I' mpdg v0 amd s E tevpdywvor.

11.
Ad libr. X prop. 31.
Afjppa slg vo Ae'.

Edv dor Yo ebBeime év Adye v, foven g %
sUdela mpog Ty ebdelay, olrmg o Umd vdv dvo meds
70 end thg fAayleTng.

"Earacay 07 0vo evdelar af 4B, BI' &v Adyo wuvi
Adyw, Ore dotiv og % AB medg v BI, otreg o

10. Post prop. XXIX p. 88, 18 V. 11. Post prop. XXX1
p. 92,24 V.

4. AB] e corr. V.
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quoniam AE == BZ, et eadem aequiangula sunt, et
parallelogrammorum aequalium et aequiangalorum
latera angulos aequales comprehendentia in contraria
proportione sunt {VI, 14], erit 4B:I'd — I'E: AZ;
quod erat demonstrandum.

10.
Ad libr. X prop. 29.
Lemma ad prop. XXIX,

Datis duobus numeris et recta oportet efficere, ut
sit, ut numerus ad numerum, ita quadratum rectae
ad guadratum alins alicuius rectae.

Sint duo numeri dati 4, B, recta

A= autem I'; et oportet efficere, quod
5 ' propositum est. fiat enim £:B—=10":4
r ' [prop. VI coroll], et rectarum I', 4
; :_“""A_I_' media proportionalis sumatur E [V, 13].

jam quoniam est A4 :B=1TI:4,
:d="T?%:E® [V def 9], erit 4: B=1I": E%

11
Ad libr. X prop. 31.
Lemma ad prop. XXXIL

8i duae rectae in ratione aliqua sunt, erit ut recta
ad rectam, ita rectangulum duarum rectarum ad gua-
dratum minimae.

Duae igitur rectae 48, BI" in ratione aliqua sint.
dico, esse AB: BI'= 4B > BI': BI'*. describatur
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vno Tov AB, BI' ngog vd and g BI. avapsyodpda
yag and viig BI' rergdymvov t0 BAEI, xal ouvp-
neninpwodo 16 A4 xepalinioypauuov. Quvspdy O,
ot dotiv wg n AB mpog iy BI', oftwmg 10 A4
negudinioygappov medg 0 BE mageddnidyoaupov.
xal Z6te 10 pdv A4 vo vmd tév 4B, BI™ len ypag
6 BI' vjj BA" ©d 8% BE to axd vijg BI" &g d&pa 7
AB mpdg iy BI, olrwg 0 vmd tév 4B, BI' ngog
70 omd zfg BI™ 8mep e Ocikac.

12,
Ad libr, X prop. 32,
Afjpue £le to6 A8
‘Edv wor toslg svdslm &v Ape wwi, fotar g 7
mpwty meog THY toltny, olrwg To YA Tig meWTRg xal
néong mpog vo vmé vijg péong xal flayiorys.
*Eotwcay toels svbelar év Adpp wvl of AB, BT,
I'4- iéyw, 811 éoviv g 9 AB mpdg v I'd, otreg
70 tnd tdv AB, BT npog vd vmo vov BT, I'A4.
"Hypo yap amd vov A dnuelov vfj AB mpds dpfeg
n AE, xal xelodo ti BI lon § AE, xal Sik vod
E enusiov tf} A4 e0dely mapdilniog fydw 7 EK,
dux 6t tav B, I, of onpeiov tfj AE mapadinlor 1y
Puoav of ZB, I'®, 4K. xal éxsl dovwv og v AB
woog iy BI, obrws vo AZ mupadlnioppappor meog
t0 BO® mapalinioypupuov, og 0t  BI' mgog v I'4d,
ovreg 6 BO mpdg i 'K, 8 ldov &ox cg 7| AB
wgog wqy I'd, obrwg v0 AZ mapadlyidypapuov mwodg
12. Post prop. XXX p. 96, 8 V, mg. m. rec. B.

B.Post Ad ins. "'m. 1 V. 4 Ad)] Aeras. V. 7. zijg]
inras. V. ATl Decorr. V. 12, 76 vmd] in ras. V,
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p emm in BI' quadratum BAET, et
expleatur parallelogrammum A 4.
manifestum igitar est, esse

4 E AB:BI'= A4:BE [V], 1].
et est 44 = AB><BI (nam BI'=BA), BE=BI™
itaque erit 4B: BI'== 4B >< BI': BI"*; quod erat
demonstrandum.

12.
Ad libr. X prop. 32,

Lemma ad prop. XXXIL

Si tres rectae in ratione aliqua sunt, erit ut prima
ad tertiam, ita rectangulum primae ac mediae ad
rectangulum mediae ac minimae.

Tres rectae 4B, BI', I'4 in ratione aliqua sint.
dico, esse

AB:T'd = 4B >< BI': BI' >< I'4.

ducatur enim ab 4 puncto ad 4B perpendicularis
AE, et ponatur 4 E=BTI, et per E punctum rectae
4 - Ad parallela ducatur EK, per
puncta autem B, I', 4 rectae 4 E

l parallelae ducantur ZB, I'®, 4X.
et quoniam est AB:RI'— 4Z:BO
[VI, 1}, et BI"'Td=B®:I'K [V], 1], ex aequo erit

E Z



v

392 APPENDIX,

10 I'K mapediniopgappov. xei fovi w0 piv AZ 1o
vmé tov AB, BI" lan yap  AE »if BI'" v6 62 TK
10 tmwd twv BT, T'a: ion yagp % BI' 1 I'O.

‘Bov dou toeiy dow sidelar év Adpa Twi, fota

5 635 1 WEETY mEdg TV TElTNY, 0UTEE TO VWO THg MEWTYg

10

15

20

xal wéong mog TO Umd Tig péons xal Toltns' Omep
é0ec Oetkae.
13.

Ad libr. X prop. 32 lemma.

'H xal 8tu, édv dveypdypopev vo EI dpdoyovioy
magaiinloyoappov xal ovumingddousy 16 AZ, lsov
dotar ©0 EI' 16 AZ" fxovegov yap adrdv Simddaidy
éat Tob ABI rpuywvov., xal éowe vo udv EI' ©o vmo
vov BI, 4d, ©o 62 AZ %6 Uno vév BA, AT. <o
&g o 1wy BT, AA leov o1l v@ vmd vav BA, AT.

14,
Ad libr, X prop. 33.
Afjpue glg ro Ay’

Eov ebfela yoaupy tundi el fvioe, fotor dg 7
eodela weog Ty ebPsiav, oUtwg T VT vijg OAng xal
tijg pelfovog meds O Umd tijg OAng xel vijg éldrroveg.

Etdein yig g % AB tsruiede ely dwvion xove
0 E° Aéyw, on &g 5y AE mpog tiiy EB, olrwg 7o
vno vov BA, AE mpdg to vmd rdv 4B, BE.

‘Avayeypdgpde yeg and tvig AB terpdyovor To
ATAB, xul it vob E enpelov omorépe vwv AL, BA

13. Inter AT et 6xee p. 98, 16 PBFVh, 14, Post
prop. XXXIIT p. 102, 4 V, mg. m. rec. B.

3. I'd] 4 in ras. V. 5. mgog — 7. delbe] xal £Efg B.
8. f] om. FV.  aef] ned fjwzee b. 9. cvpwinedoouey P,
corr. m. 2. 10, 6] corr. ex, w3 V. 11. EI'] e corr. V.
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AB:TAd=A4Z:T'K [V, 22]. et AZ=AB><BI (nam
AE=BTI), 'K=BI'<Td4 (nam BI'=TI@). ergo
si tres rectae in rationme aliqua suni, erit ut prima
ad tertiam, ita rectangulum primae ac mediae ad
rectangulum mediae ac tertiae; quod erat demon-

strandum.”)
13.

Ad libr. X prop. 32 lemma.

Uel etiam quod, si rectangulum EI" descripserimus,
et 4Z expleuerimus [u. fig. p. 97], erit EI' = 4Z;
nam utrumque =2 4BI" [I,41]. et EM=BI'>< 44,
AZ == BA > AI. ergo est

BI'>< A4 =B A > AT

14.
Ad libr. X prop. 33.
Lemma ad prop. XXXIIIL

Si recta in partes inaequales secatur, erit ut recta
ad rectam, ita rectangulum totius ac maioris ad rect-
apgulum totius ac minoris,

Recta enim 4B in E in partes inaequales secetur.
dico, esse

AE:EB <=BA> AE: AB >< BE,
describatur enim in 4B quadratum AT4B, et
per punctum E alterutri rectarum AI'y BA paral-

1) In B in pag. seq. figura est nostrae eimilis, nisi quod
litterae 4, E omissae sunt, et pro B est @ adduntar numeri
quidam oy oTipe Tod lqyy,atog to¥ mooygagévtos, omnia m. rec.
in textu prop. 82 (ad xel émel p. 94, 11) signo quodam ad
hoc¢ lemma reuccamaur.

ro] =g b, 12, vaw] (prius) om. P. 6] (sec.) =z b. 14,
- &l td 11] mod toé 18 postes add. B. 16, fovee] in ras. V.
1B, rig 1] e corr, V m, 2.
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nepadinlos 10w 7 EZ. gavegov olv, ov og 4 AE
xpog Ty EB, otvwg 70 AZ magadinddpgappor modg
10 ZB zmugalinioypappov.  xal 6t t6 pdv AZ 1o
om0 tov BA, AE' lon yeo § AT i) AB* td 0t ZB
5 T0 =0 téHv AB, BE" lon yip %) Bd vfj AB. ag dpa
1 AE mpbg vy EB, ofrwg 6 ¥md vdv BA, AE
7#0g 70 Vw0 tév AB, BE' Omeg £0s deifou.
15.
Ad libr. X prop. 34
Ajupe.
‘Eev doy 800 sfelar &wdoi, tundyj 8t % dlayiory
10 evrdv elg loa, 10 1md tdv dvo svdady Simldeiov
Eovar Tov Tijg uslfovog xal tig nuicelng vig SAwyiorng.
*Eerwoey dvo sidstos &vicor of AB, BT, av peifoy
fotw % AB, xal rerunode 9 BIT diye xeve vo A
Ayw, Ore 10 vmd tdv AB, BI' dumidaidy ot Tov
16 Um0 v AB, B4,
"HyBo yip ant vo0 B onueiov vff BI' mpds dpdas
% BE, xal xelodo tvfj BA lony 5 BE, xal xete-
yeypu@dn T oyfuc. Emel odv oty dg §) 4B meog
v AT, otrtwg 16 BZ mgdg ©0 AH, svvdévn &pu
20 ¢ % BI" mpis vy AT, otrems ©6 BH mpog ©6 4 H:
dimiaciov O6f dotwv # BI vijg AI™ dumiddiov dgo
foti xel vo BH vob 4H. nol éovi vd piv BH 1o
om0 vav AB, BI" lon yep % AB t5j BE' 10 0}
A4 H ©d nd tév AB, B4" [oy yag f) pdv B4 5 AT,
26 77} 08 AB 3§ AZ' Smep E0s Osibou. '
15. Post prop. XXXIV p. 104, 9 V, mg. m. rec. B (uix
legi potest).

4, ZB] BZ B. 6. vd@v] om. V. ARB) (prius) e corr. V.
8. 1fjppa wooyougdpevor B, ~ 19. mjs]om. V. 21, 4| I'a B.
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lela ducatur EZ. manifestum igitur est,
esse AE:EB=A4Z:ZB [VI, 1]. et
AZ = BA4d>x AE (nam AI' = 4B),
, ZB=_A4B><BE (nam 4B==A4RB). itaque

| | erit AE:EB —BA>< 4E: 4B < BE;
r Z 4 guod erat demonstrandum.

4 E B
I

15.
Ad libr. X prop. 34.

Lemma,

Si sunt duae rectae inaequales, et minor in partes
aequales secatur, rectangulum duarum rectarum duplo
maius erit rectangulo maioris et dimidiae minoris.

Sint duae rectae inaequales 4B,

4 Ba I BI', quarum maior sit 4B, et BI'
in duas partes aequales secetur in 4,
dico,esse AB>< BI'=2 AB><B 4.
ducatur enim a puncto B ad
EZ H

BI" perpendicularis BE, et ponatur
BE = BA, et describatur figura. iam quoniam est
AdB: A= BZ;: 4H [VI, 1], componendo [V, 18]
erit BI': AI'=BH:4H. uerum BI'=24TI. itaque
etiam BH — 24H, et BH = AB> BI' (nam
AB=BE), 4H= AB>< B4 (nam Bd= 4T,
AB = A4Z); quod erat demonstrandum.
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16.
Ad libr. X prop. 36.
‘Exdless 0} avryy éx 8vo dvopdrov Sk to éx
Mo ¢nrdy adryy cupxeloBar xdgiov Gvopa xeddv
td ¢yrov, xad O gyrov.

"1,
Ad libr. X prop. 37.
"Exdicoe 0% aidtyy éx Ovo pidov mpoTny dié zo
6 OnTov wmegLéysy xal mpovegelv To (nuiv.

18.
Ad libr. X prop. 38.

‘Exaitoe 0% avryy éx dvo pfomv devrépav did zo
uéooy meguiyey 0 O avzav xal pn dnvdv, dev-
repevely 0% o uédov vob fnrod. Ove 6} vo Ume gnrajs
xel aAdyov mepieybpevoy &dopoy oy, dfjdov. &l pag

10 Zotar $nTdv xel mepaféfimrar meoa ¢nvijy, ey dv xal
7 érépn avrov mAsvga Gy clde xal Xiopog' Omsg
dromov. tod dpa VmO ¢yric xal dAdpouv &loydv éoviv.

19,
Ad libr. X prop. 39.
‘Exddegs 0% ateiy geifova dia vo ta dnd vév AB,
BI' ¢nva peffove diver vov dlg vmd tdv 4B, BI"
15 péoov, xal ddov elver amd tijg tdv §nrdv olxedryrog
16. Inter dvopdrwy et dmeg p. 108, 16 PBFb,  17. Inter
mpcstny et e p, 110, 8 PBFb. 18. Inter devrrpe et Gmep

p- 114, 2 PBFbh, pro scholio V m. 1. 19. Inter peifeov et
oneg p. 114, 22 PBFb, mg. V.

1. énaleser PBE. 2. gnrdv] dvopdroy F.  ovyneiofen]
nelefofer F (sed corr. mg). 4. Iudiegey PBF. 5. mpm-
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16.
Ad libr. X prop. 36.

Uocauit autem eam ex duobus nominibus, quia ex
duabus rationalibus composita est, proprie rationale,
quatenus rationale est, nomen uocans.

17,
Ad libr. X prop. 37.

Uocanit antemn eam ex duabus mediis primam,
quia spatium rationale comprehendunt, et rationale
principatum habet.

18.
Ad libr. X prop. 38.

Uocaunit autem eam ex duabus mediis secundam,
quia medium comprehendunt rectangulum, et medium
rationali postponitur. _

Spatium autem reectis rationali et irrationali com-
prehensum irrationale esse, adparet. mam si rationale
est et rectae rationali adplieatum est, etiam alterum
eius latus rationale est [prop. XX]. at idem irratio-
nale est; quod absurdum est. ergo spatium rectis
rationali et irrationali comprehensum irrationale est.

19.
Ad libr. X prop. 39.

Uoccauit autem eam maiorem, quia rationalia
AB? 4 BI® maiora sunt medio 2 4B >< BI', et

tepevery F. 6. fxdlesey PBF. 6] 76 6 FV. 8. 8¢]
(prius) om. V. 9. foue BV, comp. Fb.  11. wleved avrod F.
18. ixdizcer PBF. 15, péowr PBFD.
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v Svopaciay tdarre6dar. Ori 8 pslfovd dovi Ta amo
vov AB, BI tov dig Oxd vaiv A B, BT, obtms Seixréov.

Davepdy udv odv, 6w &wmool elowv af AB, BI.
&l yap noav Loas, l6a &v v xal te and vév AB, BT
73 Olg Omd tév AB, BT, xal fw dv xal 76 omd vov
AB, BT ¢yrév' omep ovy Omdxaiven’ &vidor &oe sloly
af AB, BI. vmoxeioBo pelfov % AB, xal xslofw
vjj BI' lon #§ B4 va doa and vov 4B, BA loa éorl
w6 75 8lg tnd vdv AB, B xel v amd tijg dA.
fon 6t § 4B tfj BI" v& fge and vév AB, BI iox
dorl 76 1z Olg imd vdv AB, BI xol tg dmwo g
A4 dete ta dno vov AB, BI' peilfova slver Tov
dlg vmo zdv AB, BI' ©G and A4,

20.
Ad hbr. X prop. 40,

‘Pyrov Ok xal pésov Svvauévrn xelstrar atry S
1o Svvacdar dvo ymgla, t6 piv gyrov, 10 6% péoov:
xal S Ty ol fyrol mpovmapbw medrTov ndledecy.

2,
Ad libr, X prop. 4L,

Keadet 8} avvgy dvo pdow Svvepévqy dia vo Ov-
vasdar avtiy 6vo ufow yweln Té te oupxelusvor dx
vov ano tov AB, BI xal 1o dlg Oxd vov 4B, BI.

20. Inter dvwapéwn et omse p. 116, 18 PBFb, mg. V.
21. Inter dvwvapévy et Gmep p. 118, 17 PBF VD,

1. 8] 8t yal P, uzo% corr. ex vxd m. 2 F. 2. offvw
BVb. 3, ooy] oty dorty 8. dxd] vaé V. BdJ] corr.
ex RI'V. 9. dno) 9md F.  1jg] zév ¥, om. Bb. =~ 4]
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oportet nomen & proprietate rationalium dari. esse
autem 4B® - BI'*>2 AB>< BT, sic demonstrandum est.

—t—y ,  iam manifestum est, 4B, BI
44 R T inpequales esse. nam si aequales
essent, esset etiam 4B+ BI? =2 4B >< BT, et
AB >< BI et ipsum rationale esset; quod contra hypo-
thesin est. sapponatur 4B >> BI, ot ponatar B4 =BT,
itaque 4B*++ BA*=2A4AB>< Bd 4+ 44 [1I, 7).
nernm 4 B = BI. itaque

AB® 4 BI?=2A4B><BI' 4 44

ergo AB® 4+ BI™® excedit 2 4B >< BI" quadrato 4 .4%

20.
Ad libr. X prop. 40,

Spatio autem rationali ac medio aequalis quadrata
unocatur haee, quia quadrata duobus spatiis aequalis
est, alteri rationali, alteri medio, et propter princi-
patum raticnalis primum hoc nominauit.

21.
Ad libr. X prop. 41.
Uocat autem eam duobus spatiis mediis aequalem
guadratam, quia duobus spatiis mediis quadrata est
aequalis, 4B* 4 BI" et 2 AB>< BI [u. fig. p. 119].

A4 P.  10. dno] omé F.  fox — 12, A4] m. 2 V. 1L
dwd] corr, ex omé m.2F. 12, v¢] vé F.  eivar] fom: BFVh.

18. dxd] corr. ex oxo m, 2 F, Ad4] tig JA4 b et corn
ex vy 44 P, 14. $nrdv — abry] neleiree 8t aven? V.

Svrapévnyy BFD, et P, corr. m. 2. nadsizoe atry aén‘;v
xaief BFDb. 16. Tijv] wé» V. Post moarey add. vo Jnrov
BFb, m. ree. P. fudileos V. 17. nadsi — duvvapévny]
om. V. 19. dmé rdiv] om. V.  zd] tod P
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22,
Ad libr. X deff, alt.

“Et odv ov6dv tav otrwg xeradepfavopsvev eo-
Pady tavie mpuveg v vdbs tesls, &’ av 14 usifov
Tijs fAdocovog usltor dvvarar o and ovpudrgov éavri,
devvépag O0F i} take vog Aoumag voels, p’ By TH amd

5 aovupdreov, dix TO XYOTEQELY TO OUREETEOY TOU doUM-
uiroov xal Iru mpwryy pév, i@’ g 10 peifov Grvoue
ovppsrpoy fov i énxeaudvy Omrii, Ssvrépav 84, fp’
75 vo fAadcow, Ot TO mdAw mgovegelv 7O peifov Tod
dhdaoovog tp Eumepiéyswy to Edadoov, Toltny 8¢, g’

10 v undévegov tEY SvopdTwy CUUuETEOV foTi Ty fx-
necpévy fnrf.  wal dnl vhv EEfg teudv duolws T
mowtyy tig stonuévyg dsvrdpag raksmg Terdgrny xaday
xel iy Oevrdpay xwépmeny xol Thy rolfmy Exrne.

23.
Ad libr. X prop. 90.

"Eote 8% xai ovvrouwrsoov dsifu Ty ebgeciy tdv

16 elgnuévov B dworopdv. xel O fotw slgslv Ty
mowrny, xxeledo 7 éx dvo Svopdvwv modty 7 AT,
%g upeitov dvoue 9 AB, xal vff BT loy xelabo # B 4.
of AB, BI" dpa, tovidery ol AB, Bd, $yral clo:
dvvdper povov evpperoor, xal 1 4B rig BT, tove-
20 €ovi tijs B, petfov dvvarar v drod ovpuirgov favry,

22. Post Exzy p, 186, 19 PBFb; mg. V, sed add. xsfusvor.
28. Post delfoc p. 274, 16 PBF VD,

1L ovy] m. 2 F.  ovtw BFb. 3. Ante ovppérgor ras.

1 litt. B. 4. ¢@] mut. in ©6 m. rec. P, corr. ex 76 F, ©6 b.
5 auv,upé‘:gou] d’c-upp.stoov favig V. udup.ps:pov] duy._uétoov V.

6. mowen B, sed corr. m. 1. 7, dedregov P, corr.m.rec. 8.
Blareoy Bb, comp. F. 9. fldrrovog Bb, comp. F. ] e corr. V.
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22,
Ad libr. X deff. ait.

Cum igitur rectae ita inuentae sex sini, ordine
primas tres ponit, in quibus maior guadrata minorem
excedit quadrato rectae sibi commensurabilis, secundas
autem ordine tres reliquas, in quibus quadrato rectae
sibi incommensurabilis excedit, quia commensurabile
antecedit incommensurabile; et praeterea primam, in
- qua maius nomen rationali propositae commensu-
rabile est, secundam autem, in qua minus, quia rursus
maius antecedit minus, quia minus comprehendit;
tertiam autem, in qua.neutrum nomen rationali pro-
positae commensurabile est. et in sequentibus tribus
similiter, primam secundae classis, quam nominauimus,
quartam uocans, secundsm quintam, tertiam sextam.

23.
Ad libr. X prop. 90.

Licet autem breuius quogue inuentionem sex apo-
tomarum, quas diximus, demonstrare. sit enim pro-
— positum primam inuenire. ponatur AT
4 4 B I rocta ex duobus nominibus prima, cuins
maius nomen sit 4B, et ponatur B4 =BI. ifaque
AB, BI', hoc est 4B, B4, rationales sunt potentia
tantum commensurabiles [prop. XXXVI], et «4B?®
excedit BI'®, hoc est B4%, quadrato rectae sibi com-
mensurahilis, et 4B rationali propositae commensu-

10. dere ovpuergor BFb. 11, éal] comr. ex dmel V. 14,
ga' BVh. fory B, ebgnoy FV? 156. 8£] om. b,
16. 7] (prins) om. PV. 17, éuneloba V. 18. elawv B.

FEuclides, edd. Heiberg et Monge. ITI. 9%
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ual § AB ovppsrpds fote Tif éxxapdvy fnTi pajnec
dmotouy bea mpwty fotiv § Ad. dpoiwg On xel Tag
lowrag amoropsg svprcousy Endépevor tig [owpLBpovg
é 8vo dvoudrav' omep i0e dsibas.

24,
Ad libr. X prop. 115.
5 "diiag.
"Eorw péony n A Aéyw, Ove dxo thg A &mergos
dhoyor ylpvovrer, xal ovdeuln obdeuid Tov modregov
% adry).
"Hydw i} AT mpdg dpPag  AB, xal iote Jnry
10 4 AB, nel cvumendnpwodw o BI™ &loyov &pa fatl
to BI, xel 7 Svvepévy adrd dloyds éerw. Svvdeda
wtvd § T4 dhopog dpa éorly § ['A. xal oddeued
Ty medregov 3 alry* To pap ax’ ovlepids TwY mpo-
Tegov mupa ¢y mapeferidpsvor midrog wousk péany.
15 mady ovpmemdnpwedo td Ed dloyov dga orl o
EAd, xal § Svvapéyy adré &loyds deviv. OSvvdedw
attd  AZ" dhoyog dge oty ) AZ. xal oVemd rHV
mpoTEQoV- 7wl TO pop an’ oDdsmids TOV WEOTEQOV
xege $nrqy mapafulldpsvoy mlarog mwowsl iy A,
20  Amd péong cpo dmeigor dloyor plvovter, xel ov-
deuie 0vdeue TGy mootegoy 1 evry forey’ Gmep E0e
deiac.

24. Post deifew p. 370, 23 PBFVD,

3, infépevor] » e corr. P.  tdg] om. V.  slsagiituods B,
1, 3meg é’t’;;:. deiker] om. BF Vb, comp. P, T, ylroveac V.
oddzpia] om. PRV, 8. 5] dem» % B. 10 &'loyov% in

ra8, ¢.  &hoyov — 11. Bl mg. m. 1 P, 11, Zar: PBYV,
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rabilis est [deff. alt. 1]. ergo A4 apotome est prima.
similiter igitur reliquas quoque apotomas inueniemus
expositis rectis ex duobus nominibus eiusdem numeri;
quod erat demonstrandum.

24,
Ad libr. X prop. 115.
Aliter.

Bit 4" media, dico, ab AI irrationales infinitas
numero oriri, et nullam ulli priorum similem esse.

Ducatur 4B ad AI" perpendicularis, et rationalis
sit 4B, et expleatur BI. itaque BI" irrationale est
[prop. XX], et recta ei aequalis guadrata irrationalis
4 T 4 z est. sit I'A#* = BI. itaque I'd

' irrationalis est. nec ulli priorum si-

. milis est. neque eriim ullius priornm
B E quadratum rectae rationali ad-
plicatum latitudinem efficit mediam. rursus expleatur
Ed4. itaque EA irrationale est {prop. XX], et recta
ei mequalis gquadrata irrationalis est. sit 4Z*=E4.
itaque 4 Z irrationalis est. nec ulli priorum similis est.
neque enim ullius priorum gquadratum rationali ad-
plicatum latitudinem efficit I'4.

Ergo a media irrationales numero infinitae orfuntur,
et nulla ulli priorum similis est; quod erat demon-
strandum.

comp. Fb. 16. Zozww] comp. Fb, dors PBV, 20, dno tijs
Bb, zijg add. m. 2 F. ~ yhwovrer B.  oddepie] om. PFVD,
21. obdsplay ¢. oty Omeg #8e:r Seifa] om. BFD,

i
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25,

‘H 1] {idcoove ovppergog éAacdwv é6Tiv.

"Eare fdeooy § A, el ©fj A evupergos [foTa)
#n B Adyw, Ot 1 B édeoov fetiv.

KsioBw fnry § I'd xel 1 ano tig 4 leov mage
iy I'd magefefiiode tvo TE midvog mowoty oy
I'Z" émorouy dpe éovl rerdgrny o I'Z. 1 % dmo vijg
B loov moga vy ZE mupafefiiodeo vo ZH midrog
zowoty miv Z@. imel obv ovppsredg oty 7 A T B,
evpuergov dpa fovl nal vo dmd tig A @ amd g B.
didie t@ plv amd vig A loov éorl v0 I'E, 6 Ok
and g B ioov ferl t6 ZH  ovuustgov dga éotl
o T'E v ZH. og 0 10 I'E mpdg o ZH, obrag
éovlv § I'Z mpog wypv 2O avpperpog dpe datly
% PZ ©f; Z©® pnue. dmovous; 0F éory vevdgry o I'Z:
dmorouy dge fbtl xai % ZO zeveprny v0 HZ dpo
megidgsTar Vo Onrijs tijs ZE xal amovopds Térapryg
tiis Z®. éav 8t ymplov mepiéynrer vmd gy med
OmOTORTiS TETRPTRS, T TO ywelov Svvepdvy fAuccwv
dotiv. Ovvarow 0% t5 ZH 7 B {Adoowy dpa Zotly
7 B. Onep &0t dsikas.

25. Alia demonstr. prop. 106, post nr. 24 PFV, mg, m.
1b m 2B inV etiam ad prop. 106 mg. m, 1 (V,)

1. &llmg 10 g5’ V,, pef' b, e’ B; e’ F, uﬂ m, 2.
fdrroy F. 2, £J.aumw F. fotw] om. PV. . éowl P,
comp. V, et postea ins. . 4 ém:eta&m BbV,. 7T q
rd] yep 9 I'd énoj BV, 7 I'd gqtn b, 7 T4 F Ai] g q.
6. v¢] v¢ PB. 7. Post ZE add. I'4 P et V, sed de 8

zj B) corr. ex BHB m. 1 V. 9. ev/] om. BFDY, ]
corr, ex t0 B, mut, in w6 V,. 10, doriy P, om. V: zo}
©§ V, et B, sed corr. 11, Zev(] om. BFhV 7d] corr.
ex g V,. ZH] in ras, m. 1 13, £dﬂ’v] om. FV,.

rz) in ras. m. 1 P. doriv) om. V,. 14 4 I'Z] postea.
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25.

Recta minori commensurabilis minor est.
Sit minor 4, et rectae 4 commensurabilis B. dico,
B minorem esse.
ponatur I'4 rationalis, et quadrato 4% aequale
rectae I'd adplicetur I'E latitudinem efficiens I'Z.
r z o itagne I'Z apotome est quarta
T Bl [prop. C]. et quadrato B? aequale

4 rectae ZE adplicetur Z H latitudinem
efficiens Z®. iam quoniam 4, B

4 EH commensurabiles sunt, etiam 4%, B?
commensurabilia sunt. est autem 'E= 42, ZH = B>
itaque I'E, ZH commensurabilia sunt. est auntem
TE:ZH=TZ:Z6. itaque I'Z, Z® longitudine com-
mensurabiles sunt [prop.. XI]. I'Z autem apotome
est quarta. itaque etiam Z® apotome est quarta
[prop. CII]. itaque HZ rationali ZE et apotome
quarta Z® comprebenditur. sin spatium recta rationali
et apotome quarta comprehenditur, recta spatio ae-
qualis quadrata minor est [prop. XCIV]. et BE=ZH.
ergo B minor est; quod eral demonstrandum.

add. V,. 16. dot/] boviy P. 28] @Z P. 76 HZ — 18.
ZE]l mg. m. 2 B, §yr5y 8k ) ZE Bb, $nrey émyy 0t 5 ZE T

18. éldrror B. 19. docf PVV,, comp. BFb.  éidoaay
— 20. dziéet] om. F. 19, deo) om. P. 20. omsg 3 deiken]
comp. P, om. BbV In b add. fateov, e 7 rovtov tov few-
gfparos medraoes 7 nwm fore o 7o os', G8ev wed &y oy
éom napalslﬂmm, 3 mrmyguqm nel 70 o m:.a oy Ta avrd
elowy- yéyoumror O ?v &llo xel @uf’, dtd nol Neeis Todro meen-
seftelnapey.
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26.

‘H ti pete fnrod ufdov rd Olov moiovey
6vupstoog wETe gnrov pidov to GAov morovod
dotey.

"Eote usreé yrod péoov vo OGlov mowoviow A,
ovuusrgos Ot avri 7 B' Adyw, Ou § B psta fyrov
pécov To Olov motovod fativ.

‘Exxelodao $nry 1 I'd, el 16 piv dnd vijg 4 ioov
noga v I'd megafsfijedn 70 I'E midrog mowotv
vqv I'Z: émorops &pe éotl mépmeny 9 I'Z. v Ok amd
tiig B idov nage vy Z E negefsfijote o ZH nidrog
wowovy v ZO. dmel ovv evpperods domv f A i B,
ovpucteoy fore xel ©O dnd vijs A v émo vijg B. ddde
t3 udv ano wig A leov 6 I'E, tp 0% dmd viigc B
foov 10 ZH ovppergov lga éoti vo I'E <G ZH-
ovuucroos doa xel § I'Z vff ZO prxer, dmoropsy ot
néumry 1 I'Z: dmovous) dpo Zovl méumrn xel 4 Z@,
gty O 5 ZE ddv 8t ywplov mepiéyyror Omd guriig
xol dmotoudis méumrng, 7 ©O ywelov dvvaudvny peta
$nrov péoov wo Olov mowved feviv. Ovwaree 3% o
ZH % B' 4 B &pa % peta $nrod péoov vo Slov mor-
ovoe foriv Omeg £0s detbou.

26. Alia demonstr. prop. 106,-post or, 26 PFV, mg m,
1b,m 2B in V etiam ad prop. 106 mg, m. 1 (V,)

1. ailag zo ¢f" V,, e’ Fb, b’ B. 7 — 8. fomuy
om. V,. 2. Ante perx add. nel ovw] m. 2 F, zal adey; 57 b,
# F, 4 fore §) BFbV,. b5 xal of 4 edppereog ) B V,.

Adyw — 6. foriv] mg. V,. 6. 7 B] supra scr. m. 1 )
9. foviv P. =méumzn dovisv F. 12. B] B4 ¢. 18. T'E]
corr. ex ZE V, ZE b, 15. xal] docl nal V,. Z@E COTT. X
re v, re P. 16, mépmey] (privs) om. b. 4] dotly 4 bYV,.
17. §quov P. fqeq 8 4 ZE] om. V,. 19, dom VbV,

e

 m— e s ——————— =
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26.

Recta rectae cum rationali totum medium efficienti
commensurabilis cum rationali totum wmedium effi-
ciens est.

Sit A recta cum rationali totum medium efficiens,
el autem commensurabilis B. dico, B rectam esse cum
rationali totum medium efficientem.

ponatur rationalis I'4, et quadrato A% aequale
rectae I'd adplicetur CE latitudinem efficiens I'Z.
itaque I'Z apotome est quinta

- r z
- [prop. CI]. quadrato autem B?
aequale rectae ZE adplicetur ZH
1 latitudinem efficiens Z ®. iam
A B 4 E

quoniam A, B commensurabiles
sunt, etiam 4% B® commensurabilia sunt, est autem
FTE= A4, ZH = B. itaque I'E, ZH commensura-
bilia sunt. quare etiam I'Z, Z® longitudine commen-
gurabiles sunt [VI, 1; prop. XI]. I'Z autem apotome
est quinta. itaque etiam Z@ apotome est quinta
[prop. CIII]; ZE autem rationalis est. sin spatium
recta rationali et apotome quinta comprehenditur, recta
spatio aequalis quadrata recta est cum rationali totum
medium efficiens [prop. XCV]. est autem B = ZH,
ergo B recta est cum rationali totum medium efficiens;
quod erat demonstrandum.

comp. BF. d¢] om. V. 20. 7] (tert.) PVV,, om. BFb.

21. dotey] suprs ecr. V,. omq da1 d‘wTEau] gomp. P, om,
BFbV In b a.dd m. 1: waawmg xal wmou 00 Gswpmmzuc
7 meotass 7 abey] feri th tob of , of pnv 7 wavayoupy nal

to opfipa fxelve te adre eloww. fove OF v §rég|p ual gun’, Sid
xorl épw waouyéyqamm elree 70 Evdov qef’ by buetve doxt i’
xul Effig Ta lowmdt,
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27.

HooxeloBo nulv deitar, Gve éxl tav Tevpa-
yOVOV CLRUETOY coVpuETeds éotiv 1 Oidus-
Toog tij mAEVQE prxee.

"Eotw tevpdymvoy to ABI'd, dudpsrgog 0% evrov
n A" Aéyw, 6w 3 I'A dovuuergdg éote v AB unpe.

El yog dvvardy, éotm evupucrgog’ Afyw, ott ovp-
PrigeTen 1OV avTdv agidpoy &griov slver xal meQuodov.
povegdv uly ovw, 8t 1o dwod g A dinddeiov Tov
amo tiig AB. xel Zmel evppereds dovey ) I'A vij AB,
5 I'd don mpdg iy AB Adpov Ege, Ov &iudg meog
dpdudv. éétm, ov 6 EZ wpds H, xal fovwoav of
EZ, H é\dyi6roc tov t1ov advrov Adyov éydvrar avroig
ovx doa povag fotlv 6 EZ. & yap fotou govag 6
EZ, ¥ee 0k Aoyov moog rov H, Ov ¥y 5 AT mpdg
oy AB, xal peitov 3 AL tiig AB, pslfov dgu xal
% EZ vov H doifuov Omeg &tomov. ovx dga povdg
doriv 0 EZ" apidpog dpe. xel émel éorwv ag § I'd
wedg tiv AB, oltag &6 EZ medg tov H, xal og &ga
0 amd thg I'A mpdg 10 dmd tijs AB, obrwg 6 amod
tov EZ mpdg tov ano rov H. dumddeioy 0% 70 dxd
tiig I'4 700 énd tijs AB* dimdediny dox xal 6 amod
rod EZ tov amé vov H' dgriog cpa dotly & dmod rod
EZ' dors xal advdg 6 EZ dgridg dorw. & yip nv
WEQLOOOS, xol O AN QUTOV TETQEY@VOG MEQICGOS NV,

Post. nr. 26 PBF VD,

etf’ by ex’ B; s corr. in g’ m. 2 F. 1, 6n] m. 2 B.

2. ovppergag F, corr, m. 2. 5. 4] AT FV.  cdppsroog
F, corr. m. 2. 7. meptrzoy V. 8. #an: zov Bb, o add.
m. 2 F. 9. tig] corr. ex. zov . 1 b. T4} AT F. 10,
Ir'4] in ras. V, AT F. dpe] om. V. 11."8»] in ras. B.
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imnedymep, 2iv negiadol aguPpol dxosolovy cuvtedday,
o 0} wAijBog avTdy wepiadoV 7], O Olog meQiaodg deTiv
6 EZ #ga dpuiog dony. terpiode Ofye xerd vo 6,
xol émel of EZ, H éidyiorol eloe 1év tov adrdv Aoyor
éxdvtaov [avrolg), mpdror wmeos dAdlovs eloly. xal
0 EZ #priog: meguocog dgo ferly 0 H. & pap v
&griog, tovg EZ, H dvag Judrge mig yog doriog
£xee udpog Tfpigy” mparovs Ovrag medg eddjlovg: Omeg
dorly advvarov. odn &g Fpridg domw b H' mepioodg
dpa. xel émsi dimddoiog 6 EZ tot E®, revpumidoiog
tpa 6 axd EZ tov dnd EO. dimiaciog 8 6 dmd vou
EZ tov dnd vov H' Oimddoiog Goe 0 ano vov H vov
and E@‘ &griog dpe Zorlv & émod to H. dgriog &pe
dix e slpnuéva 0 H* dide xal wegioeds: Omep éotivy
advvarov. ovx dpa ovupsteds fotiv ) I'd ©jj AB
pnxee omep E0er Seifou.

AAlmg.

{denzéov xal fvipwg, Ove aovuperoos oty 7 Tov
rerpayavor Judisrpog T wALvd].

*Eare dvtl pdv tiig Swepdrgov 7 A, dvel 8 ehg
zdsvgis 1 B Adyw, Ori dovppeteds dotw § A off B
prxse. &l pag Svvardy, fotw [evuusrgog xal pryoviTw]
nidiv Bg n A4 mpds Ty B, obreg 0 EZ doiduds modg
rov H, xal lorweay élapioror tdv tov atrov Adpov
éydvrav avtolg of EZ, H' of EZ, H &ga mpivor mpog

1. guwreBwoe PRV, 2. 4] om. B, el 6 FV. 3. dous]
comp, Fb, danu PBY. O] e corr. B, 4. H e¢qpirpol BFb.
8. wdroig] om. P. els/ PVb, comp. F. nal] xal foTiy

BFb. 7. peteei F, corr. m. 2; &v Zpérpes bene edd. 10.

dimldaiog) denlaaise domy F, Sixlecloy detiy Bb. 11, and]
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quoniam, si numeri impares componuntur, et multitudo
eorum impar est, totus impar est [IX, 23]. ergo EZ
par est. in @ in duas partes aequales secetur. et
quoniam EZ, H minimi sunt eoram, qui eandem ra-
tionem habent, inter se primi sunt [VIL, 21]. et EZ
par est. itaque H impar est. *nam si par esset, binas
numeros EZ, H metiretur (omnis enim numerus par
partem dimidiam habet [VII def. 6]), qui inter se
primi sunt; quod fieri non potest. ergo H par non
est. impar igitur est. et quoniam EZ = 2 E@, erit
[VIII, 11] EZ%? =4 E@% st autem EZ% = 2 H%
itaque H® =2 E®*%. quare H?® par est. itagque propter
ea, quae diximus [p. 408, 23 sq.], H par est. at idem
impar est; quod fieri non potest. ergo I'4, 4B lon-
gitudine commensurabiles non sunt; quod erat demon-
strandum.

Aliter.

Sit pro diametro 4, pro latere autem B. dico,
A et B longitudine incommensurabiles esse. nam si
fierl potest, sit rursus ut 4:B, ita numerus EZ ad H
[efr. prop. V1], et EZ, H minimi sint eorum, qui
eandem rationem habent [cfr. VIL, 33]. itaque EZ, H
primi sunt inter se [VII, 21]. primum dico, H unitatem

m 2P EZ) ot EZ Bb, m. 2 F. E@] ros E6 Bbg.

12. H] (prins) H % b. 1s. E®) @E in ras. V, ot EH
BFb. 14, éoviv] om. V. 15, I'4] in ras. V, supra ser.
4b. 16, Post pyxe: add. uavypnooc deu (dgae m. 2 F) BFb.

dnee Eda Juémﬁ comp. P, om. b, a7 :~ B. 17. &lag]
om. BFVb, aif’ mg F. 18 Gsm‘uav — 19. mlewgét] om. P,
mg. V. 20. form yep BFb.  22. cdppevpog: ual 'ysytws"rm
om. PV, m. 2 Fr+ 25 adroig] om. Fb, m. 2 B. of] (prius

e corr. Y. medros] supra scr, m, 1 F
‘
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dAdjdovg elolv. Adyw modTov, 6ti & H ovx ot yovds.
& yag Ovvardv, f6to povdag. xal émel lorwv @g 7 A
mpog tiv B, olrwg 6 EZ meds tov H, xal og dga
76 dmo i A mdg o dxd THg B, otrwg 6 amd Tov
EZ mgos tov amd tov H. dumdddiov 0% 7d anxod zrg
A4 vov dxd g B dimd¥erog doo xal & dmo rov EZ
tov amd vob H. =l éote poveg 6 H' dvag dga &
and EZ tsrpdymvog' Omeg doriv advvarov. ovx &pe
poveg foTiv 6 H' apgududs dga. xal éwel doviv og
To amod g A Weog o and tig B, obrws 6 amd EZ
mpog TOV amo tov H, xwl ovdmeliv og 10 &m0 T
B mpdg 10 amd g A, oVrwg & and rov H mpdg tov
and vov EZ, perpst 0F 1o amd g B vo émwo wis A,
petoel dga el O dmé tov H vevgdymvog tov 4md Tod
EZ- dore nal § mievga avwy 0 H tov EZ psrgel.
pergel 0k xel fwveov 0 H 0 H épa tovg EZ, H
uerpsi mpwrovg Ovrag mpdg addjdovs Gmep dorly
advvatov. otx dpa ovpperpds éotiv 3 A tf B pyxe
aevppergog ko foviy: Gmeg Ede dstbor.

28,
Zyoktow.

Evonuévey 0% tov mixs dcvpudrgoy edadv,
wg tav A, B, svglonerar xal ZAda mAsleta peyédny x
8vo dixoracemy, Asyw 0% ninede, acvuperon dAdfiocg.
dov yap vov A, B e0dadv péony dvdioyor Adfousy
iy T, Zover ag 7 A mpdg v B, olrog 10 émod Tijg

28. Post. nr, 27 PBFVbL.

1. slo{ PVhb, comp. F. ar’ moaroy b. 3.0] 7 P,
ro¥] iy Fb. 4. 13) 6 P, 6] tév P.  1o#] ofig PV,
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H]- unitas, et quoniam est 4:B = E£EZ:H,
erit etiam 4%:B® = EZ%*: H? [VI, 20
coroll;; VIII, 11]. uerum 4% =2B%
[I, 47]. itaque etiam EZ®=2 H? et
H unitas est. itaque numerus gqua-

dratus £Z% binas est; quod fieri non potest. quare

H unitas non est; ergo nnmerus est. et quoniam est
:B*= EZ?; Hﬁ et e contrario {V, 7 coroll]

32 : A2 =H*: E7} et B? metitur 4%, etiam H?® metitur

EZ% quare etiam latus ipsum H numerum EZ me-

titur. uwerum H etiam se ipsum metitur, itaque H

numeros EZ, H metitur inter se primos; quod fieri

non potest. quare 4, B longitudine commensurabiles
non sunt. ergo incommensurabiles sunt; quod erat
demonstrandum.

S non esse. nam si fleri potest, sit
B

A Z~

28.
Scholium.

Inuentis igitur rectis longitudine incommensura-
bilibus, uelut 4, B, etiam plurimae aline magnitudines
duarum dimensionum, scilicet planae, inter se incom-
mensurabiles inueniuntur. nam si inter rectas 4, B
mediam proportionalem sumpserimus I', erit ut 4: B,
ita figura plana in 4 descripta ad figuram in I' si-

6. Gmluowv P. 7. 6 awo] douw o Fb, Zovy 6 dxd o9 B.

10. o (pnua) supra m. 1 amd] (tert) om. BFb. 11
amo zov . BFb. 13 6] (alt) corr. ex r@t m. 1 F. 14,
6} w0 F. 15 avthg B. 18. % 4] e corr. V. 19. foxiy
om. BFb. o=ep é'Ju deigme] comp. P, om, BFb. 20. aydlios
om, FVh (in fig. pm F), pm B. 22, wotuuowm B (corr.
m. 2) Fb. 28, &) & 6ne F.  im/medov F.  abppeven B,
sed corr. 24, w&emv] om, BF.
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A énlnedov mpog v amd vy I 1o Smorov xal opolmg
dvayeapiusvoy, &re terpayove & Te dveygepipsva
&lte Frege s0DVypmppa Gpoie sive xvxdor mepl dic-
pérpovg rag A, I, meinsp ol xtvmdor medg ddddlovg
sloly g T émd tov diepdromy TeTpdymva. EUERYTAL
dpa xal émimede yopln dovpuctge ailijloig” Omep
&der delbac. _

Aedeyudvoy 0 xel vév éx 0vo Siaordocoy Oua-
popwy dovupirpov yeplov dsifousy toly dxd tis Tdy
orspsdy Dropleg, g fore xul orepsd avuuerod Te xel
dotupstoe dAdjlowg. éav yag énmi rov dmd tdv A, B
reTpeydvoy 7 téHv oy avtoly sbdvpedupny avacri-
copey (Govyy orrees mogadinlenimede 7 mvgauldeug
7 mpidpare, é0ter T6 dvadrebivie mels dAinie og of
Padeis. xal &l plv oVppsvgol siew of Pdesg, ovy-
uetpe Eorar xel te oveped, &f O0F dovppsrgor, @cvu-
perpe. Omep Eder Osifou.

AAde uny xel dvo xvxdov Svieov tov A, B fav
an’ avrdy loovpels xavovs 1 xvAlvdgovs avayedpopsy,
foovior meog dAiydovg og of Pdeeg, TovréeTiy dg of
A, B xvxdot. xel & ulv evppsrgol &lew of xxdo,
ovupetgoi Foovrar xal of Te xdvor mpdg diijlovs el

1. #nimedov] sidog BFb,  zig] om. P.  nwl] 1e xed V.

2, dvoyeyeappivoy BF, mg. b,  avayeypeppdve BFb,  8.¢lrs]
(prins) eize nel P. &, fmel yatp, supra ser. meq m. 1 F. Mg, padijoy
zovro {v 1@ P’ tov if” #» toly orepsois m. rec, B. 8. 51:59
#6850 dsi&mj :~ BFb, et P, sed supra scr. m. 1 comp, 8.
exf’ B. 9. ymplwv dovppérewy B.  roig] év zoig Vb, 11,
ono tdv] om, F. 12. dvaeriiow V, deinde supra scr. atirods
m. 1. 13. {govyij] {- in ras. m. 1 B,  loovyd] oreped waperi-
inlemimeda] mg. V, in textn del. lmovwi] yeuppés % mwooAdzd-
smineda. mupallnlosmimeda F, mupdiinle émineda b, 7] e
corr. F; ofow, supra scr. 7 m. 1 b. 14, &¢] postes ins. m.
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milem et similiter descriptam [VI, 19 coroll], siue
quadrata sunt figurae descriptae siue aliae rectilineae
4 r p odimiles gine circuli circum diametros A, I
quoniam cireuli eam inter se rationem habent,
[ quam quadrata diasmetrorum [XII, 2]. ergo
etiam plana spatia inter se incommensu-
rabilia inuenta sunt; quod erat demon-
strandum,

Inuentis iam - spatiis quoque diuersis duarum
dimensionum incommensurabilibus per ea, quae ad
theoriam solidorum pertinent, demonstrabimus, solida
quoque esse inter se commensurabilia et incommen-
gurabilia. &l enim in quadratis rectarum 4, B uel
figuris rectilineis iis aequalibus solida construzerimus
eingdem alitudinis uel parallelepipeda uel pyramidas
uel prismata, solida constructa eam inter se rationem
habebunt, quam bases [XI, 32, XII, b; 6]. et si bases
commensurabiles sunt, etiam solida commensurabilia
erunt, sin incommensurabiles, incommensurabilia. (prop.
XI]; quod erat demonstrandum.

praeterea si 4, B duo cireuli sunt, si in iis conos
uvel cylindros eiusdem altitudinis construxerimus, eam
inter se rationem habebunt, quam bases, hoc¢ est quam
circuli 4, B [XII, 11]. et si circuli commensurabiles
sunt, etiam coni cylindrique inter se commensurabiles

1V, 186 aavnuewol eloww ol feoerg V. 17. Smeg £35 Seifon]
om. BFbh. 18. oxy’ B. xvnlmv] in ras. V, 20. g
om. P, m, 2V, Post, alt. dg ras. 3 litt. V. 21. elmy
elev V. 22. #ef] om, B. te] om. b, woog dilflovs
c¢dingiog BFb.
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of xvAwdgor, &l 08 qovuusrool slow of xvxdol, aovu-

pergor Bgovrar xal of wmdvor xel of uvdwwdpor. xal

pavepdy fuiv yeyovev, ori ov udvov éml youuudv

xel Imipavsidy fovi ovppergle Ts wal dovuusrgie,
5 dlle xal érl TV Grepimy oymusTov.

1. 8] 8 F.  sloww]slsw b, 3, yépowe V.  on] 8 8

PV. éni) énl vz P. 4. xal] § P. forv avppeton P,

dovpperge P. Mg yo. ovpueron nal dodpurroge m. 1 b, 5.
oTEQEwY] ETéQav

20T 17
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erunt, sin incommensurabiles sunt circuli, etiam coni
cylindrique incommensurabiles erunt [prop. XI]. et
nobis adparuit, commensurabilitatem incommensura-
bilitatemque non solum in lineis planisque esse, sed
etiam in corporibus solidis.

Euolides, edd. Hejberg ot Menge. IIL. o



